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AmpIifsimo^6c Integerrimo 7iro 

D. FERDINANDO RIARIO. 
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Marchioni Caftilionis Orcix , Pacritio Veneto, 
Senatori Bononienfi, Antiquiori, &c Bcncmcrito 
PatriPacria:: PETRVS MENGOLVS F^Iicitatan. 

Eque Speciofle Geonietrie 
pulchritudini, neque tui 
Nominis claritatij quid- 
I quam appofitum exifbimo, Vir Am- 
^pIifsnTie; quodiftud Jnillius fronto 
! prccfulgeat . Ipfx fatisamabiles litte- 
rarum cultoribus vifx funt, vtraquej 
Geometria^ Archimedis antiqua , & 
Indiuifibilium noua BonauenturiE 
Cauallerij Prxceptorismei ^ necnon 
& ViettiB Algebra: quarum, nonex 
confufione,aut mixtione^fed con- 




iun(5lis perfe<flionibus, noua quje- 
dam;& propria laboris noftri fpecies, 
neminipotcritdifplicere . Tux vcro 
fplcdor gloriaj^ Mathematicas quan- 
tafcunque longe pr^etergreditur lu- 
cubrationes : & quacunque versum 
prudentia regitfortunamj prxclarif- 
fimos diffundit radiosj tuaque dome- 
llica fincera: infmuat virtutis cxem- 
pla. Inter quae,fmguIareiIludjadbo- 
nas artcs promouendas ^ tux ofHcium 
efb prouidcnticX; fua cuiquc ftudia,. 
confilio partiri,munificentia inftrue- 
re^augere fauoribus, & au<5loritate 
ad Magifterij dccus, &c perfedlio- 
nempcrduccre. Idquod ego exper- 
tus hucufque fum abadoIefcetia,tuiE 

alutnnus 



alumnus proteiflionis. Nam te fua- 
fore primum^deinde (poft Cauaile- 
rium defundlum) etiamprxceptore, 
fcholaflicus Mathcmaticus} te Ve- 
xillifero.profelTorpublicus Arithme- 
ticesj ante iauream ; 6c poft lauream^ 
te noftri Archigjmnafij niodera- 
tore^ad nouam vique cathedraMe- 
chanicarum euc(Slus : littcrariamdi- 
gnitatem, &: fortunas omnes^ tuis de- 
beobeneficijs. Hanc itaquemeam 
Geometriam^ grati erga te animi 
perpctuum ftatuo monimentunL: 
tuorumque in me munerum aliqua- 
lem cenfum^ in illius oblatione re. 
p^do. Fqliciori longe fucceflu.quam 
cum alijs pleriaque fcriptoribus con- 



ringit:, furdis vota numinibusnuncu- 
pareirabellarqueappendcrejquarum 
dij fui ne quidem titulos intelligant. 
Tjbi vni, me ipfum totum , volunta- 
te pariter^, 6: ioteIle(5lu deditum^cre- 
ditumque deuincio: quififorte flu- 
dijs Geometriae quidquam adiece- 
ro-, propofito conueniens titulo , no- 
;.uum videlicet^ atque fpeciofurtuj 
tuam pon;uIo,& exp^^lojnoftrprura 
elementorum,benigna in fufceptio- 
nc, fententiam. Vale. Bononiat 
IX. Kal. Januarias MDCLX. 




Ledtori Elementario. 




Ibi hunc libruai lcripfi , Lcclor , S: Scho- 
laris beneuolc : ideoquc nihil . alicnuaij 
^fumpfijprsetcrquam cx prioribus nOucm 
ElcmentisEuclidis. Vthuiuslibri bcncfi- 
.cio vraris, tMdaiti'brcuirer , fexfaciliora-» 
qua:dam mathcmata,fingula pro fingulisclcmcncis ^pcr 
qua: polTis^lccios quofquc titulos propofitiGnum,numcro- 
fiscxcmplisconfirmare, noftrafquc demonftrationcs ,ari- 
thmctica: artis ccrtitudinc, prieucnirc . 
! Caput Primum, ' 

Primum cft, pro pflmo clemento: conftrudtio potefta- 
tum cuiuslibet numcri binomij, vcl refidui . Eft autem cu- 
iufque numeri prima poteftas,ipfc numcrus:(ecunda ver6> 
cftciufdemnumeri per fe ipfum mult plicationis produ- 
dus , qua: dicitur, quadratus : tertia , eft produclus primre 
potertatisin fecundam,quaedicirur,cubus: quarta,eftpro- 
dudusprimxpoteftatis in tertiam , quce dicitur ,quadro- 
quadratus: quinta,eft produvSus primse poteftatis m quar- 
tamr&ficdeincepsin infinitum . 

Pote(htcsnumcrorum,vfqucad decimam^S^ vfquc ad 
potellatcs dcnarij, fcquens exhibet tabeila . 
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Decima 
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3485784401 I 
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PorrocumFrancirco Viccto!, alijTque placuerit Ana- 
Jyftisjindeterminatum quemque dcterminabilem nifmc- 
rum,ciufquepriorempotcftjtem, cuiulpiam fimplicis lic- 
terxchiractere fignihcare: placuic conicqucntcr,inJeter- 
mmatas dctcrminaWes eiuldem numeri poteftaces alias, 
eiufdcm littera? chara(3ere fignificare, numeris dcxtror- 
fum adfcriptis, indicantibus,quoca qUctque fit potcftas. vc 
excmpligratia,cu ivindecerminati numeri decerminabilis 
primapotertas fucritnotatacharaLlere littcre fecunda 
poteftas^charav^erefignificabitur ti^ tcrtia potcftas,cha- 
raiScre ^3; quarta, f^; quinta, r^: & fic dcinceps . currL» 
verodeterminatusfueritlittcr^ f, valorternarius, 3:tunc 
determinatusericcharacleris r2, valor 95 charaderis ts, 
valor 27J chara(3:eris /4, valor 815 charac^cris fj, valor 
243:<S^ficdeinceps. b 2 Pla- 
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Placuitetiam duorum inJerenninatorurn determinabi- 
lium numcrorum potcftatibus inuicem multiplicatis, pra- 
duftos,pariter indcJcrminatos 8c determinabilcs pume- 
roSjijfdcm charadcribusproduccntiu fignificaredefnccps 
confcriptiSjVt cxmukiplicacionc a pcr r, proJuctuiU ar; 
&cx multiplicatione ai per r, produdum air, &CQ)ifnul- 
tiplfcatione a per n, produdum ari. ' ' 

QuibuscharaAeribusi V^ictta, Hcrigonio, Beugrand 
pcncs Cauallerium yvfitatis, conucnicntia nos adinueni- 
mus r.omina . Nam produ^flum ar^ cx multiplicationc^ 
primarum poteftatum & r, vocamus, Vniprimam : & 
produc>um 42r, cxmultiplicationefccunda? potcftatis dy 
pcrprimam r, vocamus, Biprimamrprodudum vcr6 ^rz, 
ex mulriplicatione primje a^ ycr iccundam r, vocamus, 
Vnifecundam:82 a^r^ produ;5^um tcrtia? ^,pcrprimamr, 
vocamus, Tripnmam:. & air^y fccunda? pcr fccun- 
dam r, Bifccundam :& m j, prim;E<r, pcr tcrtiamr,Vni- 
icrtiam: item 44r, Quadriprimam: ^^n, Trifecimdam: 
azr^^ Biicrtiam: ar^y Vniquartam. 6cUc rcLquas 
^5r,Quiniiprimam. ^3^4, Triqu;irtam. 

aj^riy Quadrifccundam . Jir^ , Biquintam. ' 
a:r$y Tnrcrtiam . ar6y Vnifextam. 

uir^, Biquartam • tf-r, Septimiprimam. 

4r5 , Vniqumtam. a6rij Scxtifecundam. 

^5r,Sextipnmam. 45r3,Qumtitertiam. 
45r2,Quintifccundam. /i^r^^Quadriquartam . 
d^rj^Quadritcrtiam. <i3r 5, Tiiquintam. 
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Digitized by Goo 



• 

^r^, Bifcxtim. 4pr, Noniprirnam. •* 

arjyVmkptimam. 48r?,0^1auirccundarn, 
/i8r,Oviaujprimam* ^yrjjSeptimitertiam.^ 
/lyrijSeptimifecunJam. 45^4, Scxtiquartam. 
a6rs ,Scxtit"ertiam. ^ 5 ''5 > Quintiquintam . 

45r4,Qdintiquaftam. 44^5, Quadrifcxtaai. 

44r5,Quadriqa'ntam. 43r7,Triseptimam. '1 

43r(5, Tr^fqxtam» 42r8, BioLiauam . 

^^ry^Bif^^ptimdm. ;| ^ 4rp, Vninonam. 
4r8, Vnioaiauam. - - , «--^, 

Quarc li littcr^e 4, raxatus fuerit valor 5, &Iitterf r, 
valor 25 crit chara^ieris 4r vniprima?, valof prb(lu3:us 
nniltiplicatipnis .5 pcr ^rcritdeihdc charad:eris42.,valor 
^5 &charaderis 42r biprimie,valor 1 8:item chara<ilcris 
ri, valurerit 43 &characleris arz \rni(ccUnd.e,vaIor 1 2: 
& fic dcjnceps . 

Itaquc ficut Euclidcs iti 8. numerofam triangula- 
rcmrabulaminftituit proportionalium ab vnitatc, datif- 
qucminimis dnumeris, datam intcrfe rationcm liaben- 
iibusritacadem methodo,placuitlittcratam triangularem 
labulam dffponcre proportionaIiumcharaclv.Tum,d data 
vnitatc , propofuiiqucduobus indcterminatis detcrmina- 
b libus numcris,indererminatam inter le rationcm habcii- 
ribas . Pi o characlerc aurcm vnitatis, littcram « colloca- 
uimus, in vcrtice ti iangularis tabulse, & pro indetcrmina- 
tisdctcrminabihbusnumcris, duaslittcras 4, & r. 

• ■ ' - - 



Placuicdcixiurn ijfdein Analyftis,cx numeroindctermi- 
naro, & deierminabili (fiue potellace , fiueex poteftatibus 
produdo).!<^ex dccerminato numero, per mulciplicatio- 
nem faLlimi produclum indcterminarum pariter atgue dc- 
tciminabrlcm,eodem produccntis characlere fignificari, 
prxfciipto numero multiplicacionis. vt j^2r,triplum pro- 
dudum filbfecunda poceftate numeri a, & fubprima nu- 
mcri r; vcl triplam biprimam : & i ojirj , dccuplum pro- 
ductum fubicciinda potcftace numcri & fub certia nu- 
meri r; vel dccuplam biccrciam. &ficdcrcliquis . 

Prieccrcabulam proportioiialium pra^dici:am,oporcct 
aliam tabulam triangularem haberc inpromptu,quam-» 
Analyfta? vocant, multipiicium tabulam: in qua vnicaces in 
vercice ordmancur, &in laccribus; in arca Yerofiumeri, 
quorum vnifquifque infcrioiris baRs numcrus ,'du()ru, fibi, 
quaficornuafronci,adiaccntium fuperioris bofisnumcro- 
rumeft aggrcgacum: vtexipfius tabula: paccbic ledurai 
quamexponimusexceQfam,avercicc vfque ad dccimam^ 
bafan . 
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; )fcirti ;quadruplo produAo fub 
iui > idcd quadrupla criprimaj 
lacibus abfciffi , Sc refidui , ideft 
iplofubprimipoteftate abfcif- 
jquadrupla vnicerda;& ex quar* 
ue deinccps, quoruni pr^tftat 
:re, quam voces legcre , quibus 
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Quarta potcftas i j: 525 

Refiduus dicitur numcrtiS;, qui duorum inarqualium nu« 
mcrorum, relinquitur, a maiore, minorc fubtracio 3 a qui- 
bus denominatur. vt numerus binarius, tunc refiduus dice« 

d tur 



2 2 

tur, cum a quinario, ternario dempto, rclivflus fuerit ; & a 
quinario arquetcrnario dcnominatus . '"Charadereni au- 
tcm rcfidui numcrijplacuitjCx characleribus totius & ab- 
fciffi dcnotari)» quibus denominatur, lineola , interuenien- 
te, qure fignumeft fubrraiiionis pofterioris charai^crisa 
priore. vt5 — 3, valct perindcarquc 2. Similitcr fi duo 
numcri,a quibusrcfiduus dcnominatur, fuerint indeter- 
minati, t maior, a minorjrcfiduus chara6i:cre fignificabitur 
exvtrifqucr — a, 

Itaqueficutf — ^,primafuijpfiusporefl:as, fit exnomi- 
nibus inprimabafi tabulx nominum iacentibusj ita 
fccunda potcftas eiufdcm refidui t — fit ex nominibus in 
fccunda bafi, alternarim additis, & fubtradis, tz — itA 
-^ai^ tcrria,ex nominibus, in rcrria bafi^s — itza-¥ itai 
— ay^ quart3,ex nominibus,in quarta bafi — ^t 3 a-^Cti^ 
ai — 4^413 -+a^: & rcliqua?deinccps potcftates, fiuntfi- 
militcr cx nominibus, 111 rcliquisdcinccps balibus iaccn- 
tibos. 

Huc parlrcr innumerabilia pertincnt huiufinodi theorc- 
mara . Si a roro quodam maiorc numero , quifque minor 
numcrus abfcifius fucrir ; rcfidui fecunda poteftas rclin- 
qiiiiur, cx fccunda porcftatc totius 5 dempro duploprodu- 
fto fub toto & abfciHo, idcH, dempca dupla vniprima j ad- 
dira fccunda poteftatc abfcifTi : tertia porcftas rcfidui , rc- 
linquirur, cx rertia poteltare rorius, dcmpro triplo produ- 
do fub fccunda poteftate totius & fubprima abfci(ri,ide(l 
'dcmptatriplabiprima^additotriplo produfto fubprima 

totius 



totius&fubfccundaabrcifri, idcftadJita iripla vniiccua' 
da, dempta tertia poteftate abfciflri : quarta relidui , relin- 
quirur, cx quarra totius; dempto quadruplo produclo fub 
tertia totius, & fub prima abfciffijidelt^dempta quadrupla 
triprima; addito fcxcuplo produv^o fub fecundis potclh- 
tibustotiusSi abfcifrijidcft, addita lcxcupla bifccundiu; 
dcmpto quadruplo produsilo fub priraa tocius , & fub tcr- 
tia ablcirtijideftdemptaquadmplavnitertia; addita quarta 
abfcilTi . aliaque fimilia , quorum prxftat charaLlercs oca* 
lis intueri, quam voces legere . 

Totejiates rejidul t — a. 

Prima t — a. 

Sectinda ti — ita-^ai. ^ 
Tertia ti'"itia-^itaz---ai. 
^arta t^ — ^^tja-h^tiai — ^taj-^-a^. 
^utnta f5 — '^t^a-i-iotsai — iotza}-¥^ta^ — a^. 
Sexta t6 — 6t$a-i- ip^ai zotjai -+15^2^4 — 6ta<y 
-+a6. 

Septima tj — jt6a -+ iitjai — 3 5^4^3 3 5^3^4 

— 2if2^5-t yta6 — 47. 
Otlaua f8 -Stja-i-iSt6ai — 5 (Jfj 43 -4-70^4^4—5 ^rrj 45 

-i-iStia^ — 8W7-+48. 
9Iona fp — 9tSa^^6tyai'-"8^t6a^-^ii6t^a^ —126'- 

f445-i-84r345 — j6tiai -^^taS — a^. 
Dectma tio — i of 94 45(842 — 120/743*-*- ilot6a^ 

— i^it^a^-^iiot^a6 — X 20f347-H-4} f 248— 10/49 

"+4A0. 
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Quae fimilitcr demonftrabuntur facile per iaau<^io« 
nem, determinato cuiufque litter« valore . 

Efto littcr» f, valor j. 
litterae a valor 3» 
ideoque characleris valor a. 



ai: 9 1 


2m: 


30 








Sccunda poteflas a 2: 4 






'3- 1*5 


ay. 


225 
*7 


250 

252 




252 


Tertia poceftas a 2: 8 






f4: 525 
(^^2^2:1350 
44: 81 


4^3- 


I JOO 

540 



aojtf" 
2040 



Quartapotcftosa 2: i(J 



2040 



Si- 



25 

Sifnilibusexcmplispotcftconfirraan^tota conftruvaio- 
nis poteftatum ars, a binomijs, &rcriduis: quimpro 
quantitatibusomiiifariam,inprimo noftro elcmcnto pie- 
nius cftcndimus . 

Caput 2. 

Secundum, pro fecundo cft elcmcntormultifariam pro- 
grcftiuorum rcgulares collc^ftiones j in quibus prcTcipua^ 
noftriinuentiparscft. Accipiaturquilibet numcrus,cu- 
ius abfcindaniurordinatimvnitas,binarius, ternarius,8c 
dcinccps quicunquc numcri poflunt abfcindi,vt vel nume- 
rus,velfaltem vnitasrelinquatur: &reiidui vfque advni- 
tatem,totidcm faluentur, quot abfcilfi, finguli rcfidui e re- 
gionc fuorum abfciflbrum . 

Placuit autcm acccptum nnmcrum vocare quantita- 
tcmtotam,&fignificare littcra t: eiufque poteftatcs vo- 
caretotas^ ti^ totam fccundam; f^, totamtertiamj 
totam quartam^ & fic dcinccps. placuit etiam acccptos ab- 
fciffos vocareqiinntitatesabfciflas, & fignificarelittera a: 
itemabfciflbrumpotcftatcs, vocare abfcifllis^ azy abfcif 
fam fecundam; aSy abfciflam tcrtiamj^i^, abfciflamquar- 
tam; & deinceps; rcfiduos quoque placuit vocare,quanti- 
tatesrefiduas,&fignificarclittera r: irem rcfiduorumpo- 
teftates , vocare refiduas; rz, refiduam fecundamj r3,rc- 
fiduam tcrtiam, r4,refiduam quarrnm ^&deinceps. de- 
niquefubpoteftatibus cuiufque abfciflx, £k fux rcfidux, 
placuit produdos dcnominarc vt fupra, ar vniprimas, 
^ir biprimas, <tr2 vnifecundas, air triprimas, airi bi- 

fccui:- 



^6 

fecunclas , ari vnitertias , & fic deinceps . 

Sed ccce tabula, in qua cuiufque numeri ab vnJrarc/ 
vfqueprimLim ad y.deindevfquead lo. pro vnaquaJiba 
abfcifla,fcripta eft c regionc refidua, &e abfcilfa fccun' 
da, &vniprima, &rcfidua fccunda, & abfcifla tcrria ,& 
biprima , & vnifecunda , & refidua tertia , & fic dejnceps 
vfquc ad proportionalcs in dccimabafi tabulx propor- 
tionalium iacenics. 



17 



f 


4 


r 


^2 


4r 


r2 




air 




I 


I 


I 


I 


I 


I 


I 




I 


2 


I 


2 


A 
T 


I 


2 


V 


2 


I 


4 


2 


I 


8 


4 


nr 


X 


3 

3 


f 


} 
3 


o 


T 
A 


1 

3 




2 


2 




T 




Q 
0 


0 




3 


I 


o 


3 


T 
X 


/ 


0 


5 


I 


4 


I 


4 


16 


I 


4 




2 


3 


A 


O 


9 • 


0 


I -9 




3 
J 


2 


9 








1 0 




A 
T 


I 


1 6 




T 
X 




I /T 




I 


5 


^ 1 


5 




1 0 


1 

5 ) 




2 


4 


4 


8 


15 


8 


15 1 




3 


3 
3 


O 


y 










4 

T 


2 






4 


04 


3 2- 






I 


1 < 




1 


I 2 fT 


2 C 


7 


I 




I 






I 






2 


5 




,o ! 


25 


8 

1 






s 


\ i 


9 1 


12 1 




27 1 










16 1 j 


1 


54 


48 1 




II 


2 




[O 1 




12J 








I 


3^ 1 


<^ 1 




216 ( 


3^ 1 



r 






1 




^2r3 


1 


— 


I 


I 


I 


I 


I 


I 


3 


l5 


I 


2 


4 


8 










1 0 




4 


2 


4 


8i 




3 


$> 


^7 








32 


31 


3» 


32 


3* 




1 




8i 


»7 




3 


5 




1 


4 


15 




255 




81 


3^ 


48 


7» 


108 






16 


^43 




108 


72 


48 




I 


1024 


256 


54 


16 


4 






I 


5 


^5 


125 










^4 










81 


243 


^43 




243 


243 








512 


2 5(5 


128 


54 




I 


31*5 


(^2 J 


125 


25 


5 


7 




I 




3^ 


210 


I 2 5;0 






3 * 






s 0 


Y ^ C 
125^ 






243 


3^4 


4S<2 




70 0 




81 




7.6 H 




43 i 


324 










500 


2 00 


80 




I 

1 


777d 


1196 


2I5 




5 



e rj 



»•5 



a6 



afr 



2 i 



5 



I 


I 


I 


I 


I 




I 


2 


4 


8 


I 


<f4 




15 


8 




i 


5 


9 


27 






04 


04 




I 


729 


243 


81 


2-7 


X O 2 4 


W 
I 


4 


T /C 


/C /1 






90 


^ A A 
144 




3 * 




400 


J24 


4 T /C 


I 




1024 




04 


3IZ5 


I 


5 


»5 


125 


1 0 * *f 


04 


T -> 




y 12 




y z y 


729 


729 


729 


J* 






T <^ > /• 
1 V^Zr4 


512 






5125 




- T 1 ^ 
125 


777<^ 


I 


6 




2I5 






160 


400 


looo 


10 24 


729 


97^ 


1295 


1728 


»43 


4095 


3072 


2304 


1728 




1562J 


6250 


2500 


1000 


I 


46555 




1295 


2I5 



31- 



1 


41 r 4 




r6 


^7 


tf5r 


2 


L_l 




I 


I 


I 


3 


16 
4 


3» 


(^4 
1 


I 

128 

r- 


54 


4 


8i 

9 


443 

3 


729 
I 


I 

128 
2187 


3 

128 
729 


5 


324 
144 


1024 

485 

4 


4095 
729 
54 
I 


I 

128 
2187 
I6384 


4 
191 

14J8 

4095 


6 


61'} 
1024 
72P 

2j6^ 

^5 


5125 
2048 
729 
128 
5 


15(^25 
4095" 
729 

^4 
I 


I 

128 
2187 

78125 


J 

255 
2187 
8 192 
1552J 


t 


1296 

2304 

1295 


6250 

3072 
972 
I6O 

6 


46(^55 
15625 

4095 
729 

(74 

I 


I 

128 
2187 
15384 
78125 
279935 


5 
^ 20 
2915 
12288 
51250 
45555 








e 


2 


4jr 



t 


45rz 

^ - 


a4r^ 


a\Y± 

J 1 






2 
— 




I 


I 


I 


I 


i 


4 


8 


— 

16 




<^4 




^ 2 


16 


fi 


4 




4 


9 




61 


243 


729 






128 


128 


128 


128 




243 


81 


^7 


9 


3 


5 


16 


54 


256^ 


1024 


4096 




288 


432 




972 


1458 




972 


648 


432. 


288 


' 1 9X 




1024 


255 


d4 


16 


4 


tf 




125 


w 




I 5525 




512 


1024 


2048 


4095 


8 1 92 




2107 


2 I 87 


2167 


21 »7 


2187 




4096" 


2048 


1024^ 


512 


2 J5 




3125 


525 


125 


25 




7 






I 2 90 


0mm mmm 






000 


2000 


5000 


125 00 


31250 




3888 


5184 


6912 


921^ 


12288 




9216 


()9l2 


5184 


3888 


291 6 




I 2500 


5000 


2000 


800 


320 




1 777^ 


1 295 ' 


2 




5 



»■7 

Diciitizcd b\- 



t 


'•7 


-a8 




<<5ri 




2 


) 


' -^- 




I 










1 


! 4 


g 




I 


255 


128 


54 


3^ 


4 


2187 


I ' 




6 


27 




128 


255 


255 


525 


255 




I 


5561 






24? 


5 




. -N . 

... JV 


4 


I5 


54 




2187 


255' 


""381 


575 


1 864 


. 


128 


5j5l 


4374- 


2916 


• T T 




I 


r r j 


• 15384 


4005 


.1 02-1. 
\ T 


6 


78125 


I 










1 0 304 


2r5 5 


512 


1024 


2048 




2187 






^551 


6^61 




128 


55 535 


3-758 


163 8j. 


8X92 


— 


I 


«390625 


781 25 


15625 
* / / 


? I 2 ^ 
.1 * ** / 


7. 




r 


5 




2r(^ 


'■ 


78ii5 


256 


540 


I5oo 


4000 


t 


K5384 


6561 


8748 


1 16(54^ 


1555^ 




2187 


65536 


49152« 


36854 


27548 




128 


19061^ ' 


156250 


52500 


2 5 000 


• 


I 




279936 


46656 


777^ 



H 



t 


^4^4 






arj 


y8 


2 


I 


I 


^ ; 


I 


1 


Z 


l6 


32 


■ 


128 






16 


8 


4 


2 


I 


4 


8l 




# ^ 


2187 


6551 






256" 


256" 


255 


2K6 


■ — 


81 


27 


9 


3 


I 


5 


2 J5 


1024 


^ ^ ^ ^ 
4095 


153 84 


^ ^ ^ ^ 1 

^553<^ / 




1295 


1944 


2915 


43 74 


5551 




1296 






384 


255 

/ 




2$6 


1 


— 


4 

■ 


I 


*— 

6 




3125 


l^6is 


7812J 


3 90^25 




4095 


0 192 


163 04 


3 2760 


55535 




6^61 


5551 


5551 


5551 


5551 






2048 


1024 

1 


512 


255 


i — 




125 




5 


I 


7 


1295 


7775 


^66^6 1 


179916 


I6795I5 




I 0000 


25 000 


525G.0 


155250 


3 90525 




10755 


27^48 


35854 


4PIJ2 


5553^ 




loy^er 


1 5 5 5 ^ 


1 1554 


8748 


5551 




loooo 1 


4000 


l5oo 


640 


255 




I 295 ' 


2 I5 1 


35! 




I 



/19 



35 



t 










1 


1 I 


1 I 


I 


I 


r 




2 


4 


8 






2 J5 


128 


54 


4 


Z 


3 


S» 


*7 








)I2 








5551 


1187 


729 


5 




4 


16 


64 






758 




1728 






13 122 


8748 


J8j2 




2(2 144 


65535 


15384 


4096 




I 


5 




f <9 C 






1024 


2048 


4095 






19685 


19683 


I9<^83 




25x144 


131072 1 


^5 5 3^ 


32758 




1953125 


390625 

1 


78125 


15525 


^ 1 

7 


I 


6 


1 


• — 

2l5 




512 


1280 


3 ^oo 


8000 






26244 




466j5 




362144 


196608 


147455 


1 103 9i 




1953 125 


781250 


3 i 2500 


125000 




10077595 


16796 16 


279936 


466)6 





3« 



t 




a^rS 


/«3r6 


42r7 


iirS 




i 1 


1 


I 


1 


I 










l»8| 


256 




3* 




8 


4; 




4 


8i 


243 


729 


21:87 


6561 




512 




S 12 


5:12 


512 






Si 


^7 


1 


3 


— 
5 


250 


1024 


y4 ^ 

40 5>6 


T ? 8 a' 
10504 


0 5 ) 3 y 


2592 


3888 


5832 


8741» 

/ 1 


13 I 22 




3888 




17^8 




768 




1024 

T 


j. 


54 


l6 


4 


6 


625 




1562J 


78125 


39062 5 




2f 15)2 


I 0 3 04 


3 2 70 0 


65 5 3i&j 






1^683 


1^682 


19683 


19683I 


19683 




16^84 

A vr J \/ 


8 1 02 


4,006 


2048 


1024 




^125 


625 


• ^ 




J 


7 


1 


7776 




27P936 


1 

1679616 




2COCO 


5 OOOO: 


I 2 5:000 


3 1 2500 


781250 




62208 


1 f > 

'82944 


I I 0592 


147456 


I pooOe 




825)44 


52208 


46656 


34^?^ 


26244 




59000 


2 OCCO 


8000 


j zoo 


- 1280 




. 777^ 




216 


36 


6 



»'5' 



i 



5 



r9 



512 



19583 
512 

X 



2(5^2 144 
19683 
512 



'5>55ii5 

252 {44 
19683 

5^2 
J 

10077596 

I 95 3 12) 
262 144 
196^^^ 

5i-i 
I 



aio 



I 

I024 

I 

1024 
59049 



I 

1024 
59049 



I 

1024 
59049 
1048575 
97^5525 



1024 

5P^49 
1048576 

97^5625 

604661 76 



37 

48r2 



■1 ■ ■ 


5i2'^ 255 

^^^^^^^^ 


1 > 

1024 

19683 


1 ' 

, 1024 

: 6^51 


4 

I53<^ 

39366 

252 144 


1 0 

1304 
25244 
65535 


5 

2048^ 
59049 
524188 

IP53'25 


25 

4095 

59049 

252 144 
39061^ 


6 35 

2560] 5400 
78732! 104976 
786432! 589824 
3906 25 0 1 562500 
10075696 1679516 



a-jri 





airz 


^6r4 


45^5 


a^6r 


2 


I. 


I 




- I 


— 

3 


8 


16 




64 




I 2o 


64 






. — 
4 




81 


1 

243 


729 




1024 


1024 


1024 


1024 




2187 


729 


H3 


81 


T! 




256 


1C24 


4096 




345^ 


5184 


777« 


I 1664 




17496 


11664 




5184 




16384 


4096 


1024 


256 


6 


iiy 


625 


3125 


15265 




8192 


16384 


32768 


65536 




59049 


59049 


59049 


59049 


• 


131072 


6553^ 


32768 


16384 




78125 


15625 


3 125 


625 


7 


216 


I 296 


i^B^a^B w ^■■^■iw* ^^^^^^ 

^ ^ ^ 


^1^6 ^ 6 




I 6000 


40000 


I 00000 


2^0000 




139968 


186624 


248832 


33^77^ 




442368 


33^77^ 


24883^' 


186624 




625000 


25 0000 


I ooooc 


40000 




279936 


46656 




1296 



39 



t 




4ar8 


4r9 


rro 




I 




I 


I 

1 






2^5! 


^12 


1024. 




: 8 


4 


2 


I 


4 


1 1 o 7 


6561 


1 9^ 0 3 


55049 




I o 


1024 


1024 


1024 






P 


3 


I 


5 


15384 




2521 44 


1048575 




17495 


20244 


19166 


59049 




•% A r < 


2304 


1530 


1024 




54 


15, 




I 




7812,5 


390525 


1953125 


9755525 




15 1071 


252 I 44 


524288 


1048575 




5 5^04^ 


59049 




5 9049 




0 1 5^2 


4095 


204^ 


1024 








5 


• 

I 


/ 


270 0 J 5 


" 16706 1 5 


1 00775 q5 


6q±66 I 75 




62^000 


I K 52 < 00 

A ■ V/ «w j V^ V^ 


z wo52 ^ 0 


07 ''1 K61K 




442^58 


5898^4 


-^^6^1^ 


IO48575 




139958 


104975 


78732 


59049 




I5000 


5400 ' 


2550 


1024 




215 


3^1 


5 


1 



( » Scquiiur Ta- 



4^ Sequitur Tabula pro numeris 8, p, & i 



t 


a 


r 


42 


ar 








8 1 


r 


7 


I 


1 


49 


I 


7 
















j 

• 


X 


0 


4. 


I 2 




Q 
0 


24 




3 


5 


9 


I J 




*7 


45 




4 


4 
i 


15 


15 


16 


54 
1 


54 




5 


3 


2$ 


15 


9 


125 


75 




6 


2 




12 


4 


2 15 


71 




7 


I 


49 


7 


I 


343 


49 


P 


I 


Q 
O 


I 


Q 
0 


64 


I 


Q 
0 




2 


7 


4 


'4 


49 


0 

0 


28 




3 


6 


9 


■r Q 
I 0 


3^ 


^7 


54 




4 


5 


lo 


20 


^5 


54 


0 ^ 
00 




< 


4. 


2 ^ 


20 


16 


1 2 s 


I QO 




5 


3 


36 


18 


P 


2l5 


108 




7 


2 


49 


14 


4 


343 


98 




8 




64 


8 


I 


512 


54 


1 o 


I 


9 


I 


9 


Q r 
0 I 


1 


9 




2 


Q 
O 


4 


I 0 


54 


Q 
0 


3^ 




3 


7 


P 


2 i 


49 


^7 


^3 




4 


6 




24 




54 


p5 


i 


5 


5 


! ^5 






125 


V M ^ 




o 


4 


S 0 




1 0 




T >4 >t 

144 




7 


3 


49 




9 


343 


147 




8 


2 


64 




4 


512 


128 




9 


I 


81 


1 9 


I 


729 


81 



% 



V 



41 



t 


ari 




T 


43 r 






Q 
O 




343 


T 

1 




/ 










2 1 O 


I 0 




48 












0 1 




I 5 < 


«1 <t £ 

225 


375 








250 




256 


25<S 


^ 256 




45 


^7 


(^25 




375 


225 


J35 




i4 


8 


I 2^(? 




^3^ 




48 




7 


I 


2401 




3 4 3 


49' <*7 
















9 


^4 


5 


I 




Q 
0 


64 








343 


16 








686 




I co 


2 I O 


0 _ 




16-2 


324 


6^8 




1 0 O 


I - J 






320 




500 




8o 


■ 






5 c 0 




320 




54 






648 


324 


162 






8 


24CI 






56' 




/ % I 

8 


I 


4C5?<J 


5 12I 


«4 


8 


I o 


1 

1 


j^9 


I 




8i| 


729 




J 2 0 




16 


«4 


256 


IC24 




M7 


343 


81 






IC29 




*44 


1Z I 0 


255 






57^ 


{^64 




1 z 5 


J 25 


(525 1 

^ 1 




f : J 


625 


625 






64 


12 5?5 ; 




57<^ 


384 




6S 


27 


24C I ' 


IC2p' 




i8p 




3* 


8 1 


4C5(J 


IC24I 


256 


64 




5? 


j ! 


6561 J 


725» ' 


81 


9 



r4 



t 










a»"3 




o 

0 


240 1 


I 

• 


7 


43? 


1 343 


2401 




1290 






ao8 


S54 


2591 






»43 


40} 


575 


I 125 


I87J 




2 S 5 


1024 


I 0 2 J. 


I 0 1± 




X 024 




81 




1875 


I 125 


<^75 


405 


• 


16 


777^ 


25p2 


. 854 


i88 




'■ ' '■ 


I 


15807 


2401 


343 


49 


7 


9 


40^5 


I 


8 




511 


4095 




2401 




XI 2 


JP2 


1371 


480 2 




I2p5 


243 


485 


P73 


iP+4 


3888 


'i 


^25 


1024 


1280 


I(5oo 


2000 


2500 




j 




2 ^ 00 


2000 


T 

A ^ «i' 


1 z 0 9 






777^ 


3888 


iP44 




485 


• 




15807 


4802 


1372 


392' 






I 


32758 


4095 


512 


5 , 

1 


8 


1 o 


6)01 




P 


81 


729 


5551 




4090 




128 


512 


2048. 


8192 




2401 


243 




1323 


3087, 


7203 




I 


1024 


1535 


2304 


345^ 


5184 




625 


3 125 


3125 


3125 


3125 


3125 




255 


777*^ 


5184 


345<f 


2304 


1535 






16807 


7203 


5087 


1323 


5<?7 




IC> 


32768 


8xp2 


1048 


1 5»i 


128 




I 


55)049 


6^61 


729 


1 81' 


9 



^5 









- 




43 


t 




45 








s 


:I5807 


I 


7 


49 


343 




777^ 


54 


192 


57^ 


172S 




5125 


7*9 


1215 


2025 


3375 




1024 


4005 


4095 


4095 


4095 1 






15525 


9375 


5525 


3375 




3» 


45556 


15552 


J084 


1728 




I 




I I 5X07 




?4? 


9 


S176S 


I 


~8 


54 


512 




16H0J 


54 


214 


784 


*7 H 






729 


1458 


a9i6 


5832 




5125 


4op5 


5 1 10 


5400 


8000 




1024. 

1 


15525 


12500 


1 0000 


8000 






45555 


»33 8 


1166^ 


5832 




32 


I 17549 






2744 




I 


^ ^ 1 t d,± 


? 2758 


4 


< I 2 


I 0 


'59049 


I 


9 


81 


7^9- 




32758 


54 


255 


lc 24 


4095 




i<58o7 


# ^ 


1701 


3959 


926r 

1 




777<^ 


4095 


5144 


9215 


13824 




J125 


M<^25 




15525 


15525 




1024 


45555 


31104 


20755 


13824 




3143 


I 17549 


50421 


21609 


925 ^ 


1 


32 


252 144 


55535 


15384 


4^9^ 


1 




5924P 


5551 


729 





I 



4$ 



a^n a^rj ajr^ 

49 543) 140 1| 
1 15Z 3455 roi58 

do75 10125 16875] 
16384 1638415384 
28125 16875101 25 
JI10410168! 3456 
16807 2401I 543 



64 
1568 



5 I2| 4096 
5488 19208 

874^7496*34992 
25600'^ 2000 40000 
' ~ 3032000 

17-96 
J488 

j6 512 
-^^61 



atr^ 


«6 


n 


16807 


I I 7549 


813543 


31104 




27993(J 


28125 


4(5875 


78125 


103 04 


105 54 


103 


5075 




1187 


1152 


384 


128 


49 


7 


I 



32768 2621 4420971 ^2 

67228 235298j 823543 

69984 13996^ 

625 00 

20180 

4374 

448 

8 



5 0000 
25600 
8748 
1568 
64 



-^19916 
78125 

16384 

2187 

128 



59049 531 441 4782969 
68*13 1072 52 .288 2097152 

7 ' 5 1263 3)iv47 8235 43 



\ 1 24416 18^624 




7M25 

36864 
1 1907 

2048 
81 



78125 

i-157^ 
5 IC3 

J12 

9. 



C7 



27995^ 
78125 

I6384 

2187 

128 

I 



44 



t 

S 



0 



2^01 

5084 
5(^25 
4095 
2025 

49 



4095 
9504 

I I(T54 
loooo 
54CO 
2915 

784 

(^4 



^5^ 

1^807 

15551 

9i75 
4095 

I2iy 
192 

7 

32758 

J3^i4 
23328 

1 2500 

5 I 20 

1458 
224 

8 



55511 5904P 
15384155535 

2 l5o9 5 C42 [ 
20735 3 £ I 04 
15525 15525 
92l5j 5144 



3 9^9 



1024 
81I 



I 



1701 
255 

9 



r5__ 

11754^ 
45555 
15525 
4095 
729 
54 
I 

252 1 44 

II7549 
45555 

15525 

4095 

729 

^4 
I I 

53^Hi I 
262144 
II 7649 
45555 
15525 
4095 j 
729 

^4 
I 



I 

128 
2187 
15384 
78125 



a6r 

7 

384 

3^ J 
15384 

4^^875 



a79P3<^| P33I* 
823543 117^^9 



I 

128 

2187 
15384 
78125 

27993^^ 

823543 
20971 52 



1 

128 
2187 
15384 
78125 
279935 
823543 
20971 5 2 
4782959 



8 

448 

4374 

20-1-80 

52 500 
1399^8 
235^98 

2511 44 

9 

»4576 

78125 

5J4288 
45r» 



t 

8 



10 



_^5ri 44^3 ajr^ 

iryz 345(Jroi<J8 
^'oyy 10125I16875 
15384 1538415384 
28125 1587510125 



i58o7[i 1754P 



3 1 104 10158 



15807 



2401 



345^1 



54 512' 4095 
1^558 5488'i9io8 

874^(^749^^34992 
2 5 500' j 200040000 



5 0000 



40000 ^2000 



^998434992 17.95 



57228 
32758 



2048 



19208 
4095 



548!^ 



31 104! 
28125 
15384 
5075 
1152 

49 



933ii 

4^875 
15384 

3^ 
7 



45 



823543, 
279935 

7812J 

15384 
2187 
128 



32758 
57228 
599S4 
5 0000 
25500 
8748 
1558 
54 



2521 4420971 ^2 
235298! 823543 



r 3996H 
525 00 

20i8o 

43 74 
448 



^79936 
7812J 

15384 

2187 

128 



729 5551] 59^49 5 3 I 441 
8192 3276 813 107 2 52. 288 

51253 352^47 
24416 186624 
y^i 25! 78125 
35854 24575 
11907 51C3 
2048 J12 
81I 9 



119072778354^27^ 

3585455295182944 1 
78125 78125' 
r2 441582914 
1 5 1 2^3 54827 



7«i25 
55295 

^77^3 



i3ro72j32768| 8192 



59049' 5551' 729 



<7 



4782959 
20971 5 2 

823543 

27993<^ 
7812J 

15384 

2187 

128 

I 




9 409^327^* i^irfl, 

loooj ti^oo ' l]6i^ 

64 S 



/0/ 6^61 59049 
l6iS^6j}}6 267 

21609^0411 II 

20736 } 1104 

9:16 6!44l 4- 
3^9 1701 



J 



•r • - ^ 



I 



V.S 




a^r2 a^ri ay^ tfjrj 

1152 3455,10158 jii 
5075 10125:16875) ^Six^ 

15384 15384 15384' 15} 
18115 15875 10125^ 6mnf\ 
31IC410158 345^1 
l58o7j 2401; 54j( 4^ 



*558| 54881920! 

874<*,i749 
2 55oo'j2c 

00 





3^ 



46 



8 



lo 



aS 

I 

6S5$6 

16J9616 
5754801 

1 

155 
5551 
55535 

3Po5i5 
1579515 
575480 I 



ayr 

7 

758 
ioc?35 

5553^ 

559871 
813543 



8 

8p5 

13 112 
8 1 920 
3 12500 
839808 
1547085 
10971 51 



I 

255 

5551 

55535 

390515 

I5795I5 



9 

1024 
15309 
98304 
390525 

I I I 9744 



5754801 2470529 



a6ri 

49 
2304 

18115 

^5 5 3<^, 
140515 

185524 
117549 



^5^3 
" 343 



2401 

1993^ 
J0515 



5911 

30375 
55535; <^5 5 3 <^ 

84375 5o^^5 



51008 
15807 



1993^ 
1^01 



4095 
38-ii5 
10497^^ 



54 511 
3135 10975 
251441 51488 
102400 128000 160000 
2500C0200000 160000 
419904109952 10497^ 
470595 

l52 144 



8i 



I3445<^l 38 + 1^^ 
31758 4095 



729 6$6i 
4095' 15384 <55 5 3<^ 

357^' 83349»944^I 
I4745^iiii84!33i775 

3905251390515 13 90615 



745496497664,33177^ 
1058841 45 ^-789 194481 

157772 1 5 41 943 041 048 5 75 2621 4 4 65535 
4io^67zi[^ji2969\ 53x441! 59049 ^5^1} 



47 







arj 


r8 


15807 


I 17549 


823543 


5754801 


5ioo8 


185524 


5 59872 


16IQ616 


• # ^ 


140525 


^34375 


390525 


«5J3<5 


55536 




5553^ 


30375 


18225 


IOP35 


5551 




2304 


y 0 0 


^ C /T 




4P 


7 


T 
1 

< 


?2758 


252 144 


20971 5 2 


l6iliz\6 

i 1 1 


134456 


4705 o5 


1547085 


5754801 


209952 


41 QpOJT 


839808 


1579515 


loocoo 


2 5 0000 


312500 


390525 


128000 


IO24CO 


81920 




52488 


25244 


13 122 


6551 




3130 


0 i/0 




1 9 
1 * 


54 


Q 

0 


* 
I 


59049 


5 3 ' 441 




4304572 I 


252 144 


IC48575 


4194304 


i6yiizi6 


45 3789 


105 8841 


2470529 
/ ^ 


5 754801 


' ^ / 1 


745495 


I I 19744 


1579515 


390525 


390525 


390525 


390525 


22 I I 84 


I47d.^ 5 


08 ^ 04 


5^ ^ 2 5 


85349 


3 57^» 


15309 


6^61 


15384 


4096 


1 Q24 




729 


81 


9 


1 



4» . 








t 








<i5r3 


8 


I 


7 




543 




511 


1535 


5408 


13 824 






32805 


J4<^75 


91 I2< 




.252144 


152 144 

T 1 


252144 


252144 






1I7I875 


703115 


4*1877 




T r\ "7 *^ /T 

1 0 0 y y 0 90 


5349151 


11 19744 


355048 




40353507 


5 7 


0*3 545 


i I 70^9 


Q 


I 


8 


54 

T 






< I 2 


1791 


5272 


21952 




19583 




787? 2 

/ / j 


I 57454 

' / • T 




26114.4. 

T T 


3 27580 


4.09500 
T 


5 I ?ooo 




195^12.5 


1552500 


I a\ 0000 


lOOOOOO 




10077595 


5038848 


25194^4 


1259712 




40353507 


115 29601 


3294172 


9HI92 






157772 l5 


2097 152 


2 6 2 1 44 


lo 


1 




81 


729 






2048 
■ 


8 [ 92 


lil6^ 




19583 


4^ 927 

T > *• / 


10715? 


» joo 47 




261144 

• TT 


2 9 ? 2 I 5 


5898*4 


884735 








195^ 1^5 


19551^5 

^ / J ^ 




IOQ77696 


611 S464, 

/ T T 


4478975 

TT / ^ ' 


2985 98^ 




40353^^07 


17294.403 


74I 1887 


3^7^ 5 3 
j 1 / 




I342I7728 


1 JJ5544?* 


8388508 


20971 5 1 




387420489 


' 43045721 


4782959 


53 »+41 





8 



lo 



dKr± 






^I2r7 


1 1 f 

2 4^ ^ 




I * * / f-9 


Jl *> 5 C 4^ » 
0-3543 




I 24416 

■ 1 


' 566048 


III y /44 






42I87S 




261 1 


262 144 


a62i|4 


262144 




151875 


91125 


54^75 


I 24415 


3987» 


^3824 


4608 


16807 


2401 




49 



4096 

76832 

314928 

640000 
800000 

629856 

26891 2 
^2768 

6s6i 
131072 

58S443 
1527104 

I95?i»5 

199 -656 

136 1367 
5^4288 



327^8 
268912 
629856 
800000 
640000 
314928 

76832 
4096 

59049 
5*428^ 

1990656 

1327104 

583443 
131^^72 

6561 



262 144 

94*Ji92 
1259712 

1 000000 
5 I 2000 

'574<^4 
21952 

5i2 

53 H4' 
2097« 52 

^3176525 

2985984 
I95?i25 

I 8847^6 

250047 
32768 
729 



2097152 

3294172 

25^9424 
I 250000 

409600 

78732 
6272 

8^886o3 
741 1887 

447897^^ 
i953»2j 

589824 
107163 

8192 
81 



49 

arS 

5764861 
3349232 
117*875 
262 144 
32805 
1536 

7 

167772 16 
I 1529602 
5038848 
I 562500 
327680 

393^^ 
1792 

8. 

43046721 

335544.32 
17294403 

671 8464 

I95?»25 
3932'<5 

4^927 

3048 

9 



< 
J 


o 








t 








tmUt ' 


8 ) 


A02 K 2607 


I - 


wm 

7 


4y 
















^ n r\ M ^ 
59049 


9*4*5 


I 2 5 




4 I A.A. 


io4#57o 


I oa8 K 76 






1068? 


0 "7 c iC ^ r 

y/o) 02 j 




35 » 5"'* 5 




JI2 


^0466175 


20155392 


6698464 




I 

« 


282475249 


40553607 


5764861 


9 


I 342 1 77*0 1 


• 

I 


fi 
0 


64 






I 0 24 


9 C Q /1 

5 5 o4 


1 2544 




1 007760^ 


^ ^ M ^ 

59049 


I I finn8 


*t ^ /i t 0 A 
«5 ^ f * y 0 




t n r 9 1 2 < 


* 04*» 570 


1 5 1 07 z^o 


103 0400 




^ 0 X t 44- 


0 r A <t e 

y /05 0 2 ^ 


R 1 9 c n n 


0*5 oouo 




1068 ? 




2 0 2?** oR 8 








282475249 


807072 14 


23059^04 




I 


XO7374I824 


134217728 


167772 16 


I o 


5 7A2 Oa8o 


* 1 


9 


0 i 










J0364 




40353607 


>9"4y 


1 Z"/ /01 


3 2 1459 




« ffv flv y% ^ 

1 0077^9^ 


1 oaR s 76 


1 CT 2 fi 

* 5 / ^ 0 ^T 


2359290 




* 9 5 3 * ^ 5 






9705 025 




3 02 144 


60A.66 i 76 


4U 3 ' 0 y 04 


5 *^ 




TO6S 3 


^ " *T / J *T3f 


121 A a 2 t 


« I 88 2 2C0 






IO73741824 


26843 545^ 


1 67108864 


1 


5486784401 


38742048^ 


1 43046721 





<J(?r4 


45r5 


d\r6 




2401 


15807 


117649 


a7<^48 


, 79744 


248832 


745495 


»73375 


1 45 5<Si5 


759375 


1255525 


I Ol^O J/O 


io4«575 


I 0405 70 


< 1 040 5 J6 


2IOP375 


^ 11 55525 


759375 


455525 


2195288 


74^49<^ 


248832 


79744 


8^3543 


II7549 


15807 


240lj 




4095 


32758 


j 

252144 


43904 


153554 


537824 


1882384' 


471392 


944784 


l8895<55 


3779135 


2048000 


2 5 50600 


3200000 


4000000 


5 000000 


4000000 


3 200000 


2 5 50000 


7558272 


377913^ 


1889555 


944784 


^588344 


188238^ 


537824 


I5355.J. 


20971 52' 


252144 


32758 


4095 




MW^MP» MMHIM* Va^^MM 

5551 


59049 


53'44i 




2 52 Il\q^ 


1048575 


41 943 04 


750141 


1750329 


4084101 


9529559 


5538944 


5308415 


7952524 


II94393<5 


P7<^5525 


9755525 


9755525 


9755525 


17915904 


1194^93^ 


7952524 


5308415 


2223 5 ^(>i 


9S^9^^9 


4084101 


1750329 




4194304 


1048575 


252144 


4782959 


531441 


50049 


5551 



43;- 7 



2109375 
1048575 
i(>4025 

p2l6 

49 

20971 5 2 

5588344 
7558272 
5000000 
204800C 

472-39^ 
43904 

51 



J754851 
6698464 

3515^*5 
10485 76 

^64025 

9216 

49 



ar9 



rlo 



40353607 282475249 



20155392 

585.9375 
1048576 

98415 

3072 

7 



60466176" 
97656^5 
lo^Sj^^ 

59045^ 
1024 

I 



1 67772 16 
2^05 9204 
15116544 
625 0000 
1638400 
236 I 96 

1^541- 
64 



I 34217728 1073741824 
80707214' 282475249 



4782969 
167772) 
22235661 
17915904 

9765625 

3 53^94^ 
750141 

65 5 3' 
7iv 



3023 30 ^8 
78 1 25 00 
I 3 10720 
118098 

3584 
8 



4.3046721 
667108864 
5 1 883 209 
6873856 
9765625 
2359296 
321489 

81 



604561 76 
9765625 
1048576 

590+9 
1024 

1 



38742048^ 
268435456 
I 2 106082 I 
403 10784I 
9765625 
1572864 

137781 
4096 

9 



3486784401 
107374^824 

282475249 
60466 1 76 
9765625 
1048576 

59049 
1024 

nr 



In ^raf ccdcnti rabula 'progreflluas quantitates expan- 
dimus: in fequenri coIIigimuS) cuiufque nutneri maHas 
cx*omnibu$eiufdemappelIationis proportionalibus , pro 
vnaquaque numcri abfciffione fupra fingillatiin acccptis: 
videlicec maflam ex omnibus abfciffis , quam (ignificamus 
charadere O.a^ & maflam cxomnibusrefiduis> O.r; 84 
maflamcxomnibus abfciffis/ecundis &manam ex 
omnibusvniprimis 0.ar\ & maflam ex omnibus refiduis 
fccundis, 0.rjj & reliquas dcinceps, quatenus pracce- 
dens ubula expanditur • ' i ^ 
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His paratis,cxperirc,fivera Tunt, qux proponioius 
thcoremata , fub 5 . 2. cxempli gratia, tertium . 

0.6a2: 2f3 — ^fi-ff. 

idelt, maira ex omnibus fcxcuplis abfciflis fecun Jis cuiufqj 
torse, cl\ arqualis duplar totae tcrtisc , dcmpta tripla tota fc- 
cunda , addita ipfa tota • 

Nota, quod inte^pundio coloD (:) nobis vfuuenit ad (h 
gnificandam «qaaluaccoi • 
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Itcm quartum 0.6 ar: — t: . 
ideft,mafl'aex omnibus fcxcuplis vnfpnmiscuiufquctotar, 
eft xqualis tota^ tcrcia:> dcmpta ipfa cota« 
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SimiliRr alfaTub eadem j. i; atquc fub aiijs c^ufcfem-» 
clementipropofirionjbus thcorernata facile poreris pro- 
barc, ope^tabuIiTrum prafcedcntium • 

Sednequidquam tibidefit,accipe, pro huius capitis 
coronide^rabcHam fpccrofam, expcnlam, vfque ad dcci- 
mam baQm* Vocaigijs^autem fpeciem vnamquamlibet 
manam,inqua'c6!1igunturcuiufquetota!,omncs,eiufdem 
appellattoms proportionnlcs, pro fingulis aWciffionibus 
acccptsjg fpccicbus ordinatam tabulam triangularem 
fim.lcm ltabular proportionalium , fpeciofam nuncupa- 
mus. 
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Cap. j. 

Tcriium pro tcrtio elemento , eft qu aedam animaJucr- 
fioindeterminatarum determinabilium rationamrquarum 
tciamhaberc conceptum,faciledemonftro; yi interim^ 
animaducrtas. 

Cum fcripfero O.^, ftatim ex prxcedcnti capite habes 
fnafTam ex omnibus abfciflis: fed quota fit hsecinafTa^non- 
dumhabes, nififcripfero,cuius numeri fit mafla. Quod 
fi alTignauero 0.^, numcri t maframefle;ncquefichabcs, 
quota fit, nifi fimul offignauero, quotus eft numerus , valor 
litteroj f. Ncque fi a(lignauero 0,ay eius numeri maffanu 
cflc , cuius ti eft fecunda potcftas: nequcfi O.Hy maflani 
eiusnumcri dixcro,cuius rj cft tertia poteftas; nifiaut 
littcrap iy aut charavSieris fi, vcl rs, quotus valorfit,ccr- 
to ccrtiLis affignaucro. Similiter cum fcripfcro O.Vy ha- 
bcsmafljm cx omnibus refiduis: fed quantitatcm cius non 
habes. Cum vero Iiccntiam dedero , vt quotum quemque 
Iittcra? t valorcm taxes ; tuquchuiufmodi vfusliccntiadi- 
xeris, f valcrequinario. ttatimprofe^o afTignabis ^0,a^ 
valcre loj & rz, valeic 25; & rj, valcrc 125; & 0.r, 
valcre i oj & detcrminat^ iittera.* r, dctcrminatas cflci 
quantitares O.a^ O.r, fi, /3, Quarc data Iiccntia ante- 
quam vfus fucris, habcbas profccl6 (9.^,0.r,f2, f^, quan- 
titarc s indctcr minatas dctcrminabilcs. 

Rurfjm cum lcnplcro duis ciufdem numcri Maflas 
O.a^ & O.r, cflc a-qualcs; autmaflam O.a^ adrz — t dimi- 
diaclTc; ncquctamcnaflignaucro,quotuslitccrx t fic va- 

i lur; 
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lon dederimque affignandi licentiam : anrequam vtarls li- 
ccntia,profed6 habes determinatam efle rationem dimi- 
diam,indetcrminata? quantitatis (9.<i, ad mdeternfiinatam 
quantitatcm ti — t. Qua? quidcm theoremata intcriiTL^ 
mihi crcdis ante dcmonftrationcm , exinduiftione cxcm- 
plorum ; atquc iraexdcrcrminatione : fcd cum in fecundo 
clcmcnto dem6ftraucro;tunc citra omnem indudioncm, 
& ante detcrminationem valoris littcr^e f, indubitanter 
vtraquc alTcuerabis. Habes ergo intcr indctcrminatas 
quantitatcs , dctcrminatas rationcs . 

Scd fi quapfiero,quajnam fit ratio Maflfe 0.4, cuiufpiam 
numcri f, ad ri, aut Mafl^ ad ti; SiUtMaWxO.ay 
ad f; aut mafli 0.ay ad ty. ad has profedo intcrroga- 
tioncs, data licentia vfus, cum taxaucris littcrar t valorcm, 
tuncdetcrminaram aflfignabis rationcm ; fcd non camJcm 
femper, adcamdcm qu^eftioncm. Siquidem littcram f^ 
taxaucris valere 3; proratione O.a^ ad f2, rcfpondcbis> 
3 ad 9: qui fi taxaueris littcram f valere 4; ad camdcni 
qu^cftioncm rcfpondcbis 5 ad 16: qax non eft cadcnu 
ratio 3 ad 9. itcm pro A\js valoribus, aliam rcfpoudcbis 
rationcm. Itaqucdara liccntia taxandi Iittcram f, antc- 
quam raxaucns , hobcs rationem O.a ad ti indctcrmina- 
ram detcrmmabilcra. 

Intcrim nor^^nJum cft , pofTibilcs rcfponfiones ad qu2C- 
Ajonempropofiram,pio vanjs litterar f vaIoribus,ordi- 
nann fcmper maionbus; variaS, Sc femper ordinatim ma- 
iorcs cflc. diinidia quidem rationc fcmpcr minorcs;ad 

ipfam 



ipfam ver6 diinidiam femper propius acccdcntcs. 

Pro littera: c valorc | O.a ad ti 
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lionipotucrit, pro quod 
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aliaquxlibct; diccturipfaindcterminataratio 0,a ad a, 
qualidimidia. 

Similirer O.ia ad ra, ratio cft indctcrminata dctcr- 
miiuUiis, naiti 

Prolitlcra? t valorc ^ O.ia ad f2 



2 


1 


4 


3 


6 


9 


4 


11 




5 


20 




(f 






7 


4» 


49 



Pro litterat t valore O.ta ad f a 



8 
9 



1 



5^ 

90 



54 
81 
100 



atquc ita fempcr minoris inxqualitaris eft ratio : fed c6 
iemper maior, quo pro maiore litterie t vaIorc,a(rignatur. 
Qua^ratioindeterminatadetcrminabilisj fifuerit afligna- 
bilis propiora?quaIitati,quam data qua^Iibet inarqualitasj 
dicetur ratio O.ia ad ti^ quafi ^qualitas. 
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cftratioindeterminata dctcrminabilis, pro maiorelittc- 
Tx f yaIore,fctTiper (naior^qUc-e fi fuerit aflignabilis maior, 
qu^m dataquvclibcti dicetur racio 0.a ad r> quali infinita. 
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Dcniquepro litterz t valore 

2 

3 
4 

> 

1 
8 

lo 

eft indcterminatadeterminabilis, promaiorelittcrae t va- 
^ore, femper minor ; qua? fi fuerit affignabilrs minor,quam 
.dataqu^Iibcrjdjceturratio O.a ad rj, quafinulla. 

Quartum, proquartoelcmento,e(} animaJuerfio (^(?/^ 
10. Itb. 5. £/fw. (§7* ^/«/^5. //i. 5. inquibus modus 
quantitatis rationum aflumitur; illi quidem fuperindudus, 
fecundum quarm maiorcs, vel mmorcs rationcs dicuntur, 
def, 8. lib.$, fed ab illo longealius; & fecundum quciru 
propiorcs ^quahtati, aut remotiores ab arqualitate ra- 
tioncs dicimus. 

Modum aurcm quantitaris, in vnoquoque gencre,con- 
ciplmus ex duobus. vno: fecundum quod res eiufdem ge- 
IJCris inuiccm lunc componibjlcs, vtfaciant ciufdcmge- 

nens 
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reris aliam rcm, in clufdcm modi comparattene grandio^ 
rcm . altcroj {ecundum quod res eadcm, fecum ipla akeraj 
compofiraaliquoties,facit rem eiufdcm generis, in ciu- 
fdemmodicomparatione, xquetoties grandiorem . Sic 
cnlor calori adpofitus , facit calidum calidius : & calor fi- 
mulaliquotiesircratuSjfacit sequemultoties calidius cali- 
dium. item lumen lumini adpofitum, facit luminofius 
luminofum : idcmque lumen fimul aliquotics iteratum , fa« 
citarquemultoties luminofiusluminofum . 

Similiter ratio in^qualitatis maioris, alij maioris inar- 
qualitatis rationi adpofita , componit rationem maioris 
in^qualitatis,&magismaioris ingqualitatis, ideft magis 
ab aequalitatc remota:, exdcf.^ .6. Et ratio maioris incequa- 
litatis, fccum ipfa altcra , al quories compofita, facit ra- 
tioncm mulro maioris ma^qualiraris ^equcmulriplicaram, 
idcft ajqucmukorcmotiorcm ab xc^uahute y ex^ic/A o^i. 
Quaremaiorisina:qualica[is rationibus, conucnit niodus 
quantitatisfecundumquemmagisvel minLis maiorislunt 
inxqualitatis, idcft, niagis, vel minus ab «equalitatc dh 
ftantes, 

Eodemque modo, ratio minoris incTqualitatis , alij mi- 
norisincequaliratis rationi adpofita facit rationcm mmo- 
i]sira?qualitatis,&: magis minorisinaqualitatis, ideftre- 
irotionsab a^qualitatc ex Et ratio minoris in«- 
qiialitatis, fccum ipfa akcra, aliquotics compofita, facic 
raticncm muko minoris ina quabtatis jqucn.LkipIicatam, 
idtft aqi cmukorcmctioris ab aqualitatc, tx def lo. 5. 

Quarc 

Dii ^ 



... ^7 

€Juarcminorisina*qualitatis rarionibus, conuenic modus 

qaantitatis, fecuncluni quemmagis^ vel minus minoris 
funt inicqualitatis, ideft fccun Jum quem magis , vel minus 
ab^qualitatediftant. 

Porr6 quantum ad hunc modum attinet quantitatis, 
notandum eft^rationumquafi triagcncra cffe. Primunu 
^equalitati^, cui talis modus non conuenit, neque feorfim 
ipfi, nequc fibi & alijs, tamquam vnius gcneris rarionrbus: 
nam xqualitas arqualitati adpofita eamdcm componic 
xqualitatcmj &maioris in^equalitatis, vel minoris inae^ 
quaIitatisrationiadpolita,eamdem in^qualitatis facitra^* 
tionem.Sccundum,maiorisinfquaIitatis.Terrium,minoris 
insqualitatis j quibus tales modos conucnire fingulisde- 
monftrauimus: fed non vtrifquc,vt vni generi. namma- 
ioris inacqualititis, &minori$ inarqualitatis rationes aJ- 
pofit*e, nec magis maioris, nec magis minoris inxqualita- 
lis componunt rationes . 

Cap. 5. 

Quintum proquintoelcmcnco eft inquifitio quantita- 
tis qux cuiufque raiionis non cx hypotlicli cft propria,fe J 
naturalitei, & citra omncm hypothcfim lalrioris rationis, 
maion deprclfioris, minor; arqucalta:, cadem ; mult iplica- 
taf, a:qucmulciplcxj Ss fubmultiplicata^, xqucfubinulciplcx; 
quam logarithmnm vocamus;6c nosin quinco elemcnto, 
cJ'ligcntcr;quanriim potuimus,perfccuti ,non hucufque 
quiJcm attigimus,tamcn vjaminucnicndi aperuimus. IJ 
quod primiiiD in rationc dupla,ita conaborcxplicarc. 

Accipe 
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Accipe fei iem infinitam oninium fraaionum,in quibixs 
vnitas,&omnes numeri denominant vnicatemrquarum ia 
characteribus,cum confueucric numerator,fcnbi fupra de- 
nominaiorem interueniente lineola,fic 

i l ] l i i { } l- A tV iV iV A sV 

noj aliter. fcripfimus enim primum numeracorcmj| 

deindeftatim adfcripfimus denominatorcm inter paren- 
thefesclaufum:quod compofitioni typographycse lon- 
ge commodiuscum fitjedioni ctiam tum in latinofermo- 
nc, tum in noliro Icalico idiomate, magis conuenit . 

1 (0, r (2), I (3 ), I (4), I (5 ), I (tf), I (7), I (8), I (9), I C 1 o), 

I(II),I(I2),1(I3),I(I4),I(I5),.I(I6), &c. 

Et in acccpta fcrie fumc terminos^djphm hahenccs ra- 
tionem, fimplos, dimidios, fubtriplos, fubquadruplos, 
aliofquefubmultiplosdcinceps, Et inter exircmos,ac- 
cipe in eadcm ferie mcdios quofquc, quorum^ maioris 
extrcmi fumma dicetur hypcrloganthmus, eo quod fu- 
perctlogarithmum^ corumdem vero mediorum, &mi- 
noris exrrcmi fumma, dicetur hypologarithmus^ co quod 
fuperctur a logarithmo . 

Itaque dupU rationis hypciloganthmi funt, qui fe- 
quuntur: piimus inter fin^plos & maximosi & leliqui 
deinceps ordinatim inter mmorcs, & riibmultiplos. 

i(0. ' 



1(0. 

1(1) 1(3). 

lii) »(4) 1(5). 

«(4) 1(5) i(<J) 1(7). 

• 1(5) 1(0 1(7) i'(8) »(P)- ' 
8trcljquiininfinitum: quorum inter fimplohypcrlognri- 

thmus eft makimus, & reliqui deinceps ordin^cim mi- 

nores. 

Itcmduplazrationishypologarithmirunc qui /cquun- 
tur primus inter fimplos , & maximos> 5t deinccps reliqui 

1(2). 

1(3) 1(4)'. 'r^. 
1(4) 1(5) !(«)• 

1(5) 1(6) 1(7) 1(8). I 

1(6) 1(7) 1(8) 1(9) 1(10). 
& in infinirumrquorum inter fimplos hypolognrithmus eft 

minimus, &rcIiquidcmccpsordmatimfuntmaiores. i 

Eft autem affignatorum quotcunque minimus hypcr- 

logarithmorum,maior quam maximushypologarithmo- 

rum : & djflerentia «cqualis minimo ailumptorum cxrrc- 

morum rationis dupla^.cum autcmpoffit alfijmi minorex- 

iremus,quam data quaflibci: quantitas^polfunt conlequcn- 

tcir aiiumi termini duplam mter fc rationcm habcntcs,quo- 

rum hypcrlogarithm],& hypblogarithmi difterentia mi - 

nor,qu;:m data qusel.bet quanritas. vnde hypciloguri- 

thmus , & hypologarithmus, quafi lunt arquales . 

Porrologarithmusilla eftquantitus , ad^quam ten Junc 

k hypcr- 
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hypcrlogarithmi, cutn fempcr deinceps minuuntur , 82 ad 
quam tendunt hypologarithmi , cum femper dc^nccpsau- 
gentur ; omni minor hyperlogarithmo , & omni maior 
hypologarithmo . ^ 

Similiter, fefquialter^ rationis hyperloganthmi &hy- 
pologarithmi funr,quifequuntar: &vtrorumque primus 
cll inter fimplos, & maximos i reliqui vcro dcinceps ordi- 
natim intcr minores, & fubmulriplos. 

Hypcrlogaritlimi. 

1(2). 

1(5) 1(7) 1(8). 
1(8) 1(9) i(io) 1(1 1). , i 
l(io) i(ii) i(i2) 1(13) l(i4). 
& dcinceps alij in infinituni . 

Hypologarichmi. 

1(3). 

1(5) 1(5). 

1(7) x(8) 1(9). 

1(9) 1(10) i(n) 1(12). 

i(ii) 1(12) 1(15) 1(14) 1(15). 
& rcliquideinceps in infinitum. 

Similiter alrus cuiu(quc rationis hyperfogarlthmi, & 
hy pologarithmi funt dfllgnabilcs , quoium omnium quan* 
Titasintcrmcdiaeiufdcm rjtioniscrtloganthmus . Ethaec 
cfr liix cuiufque rationis quantitas n;uuralis,&carumdem, 
vcl a:qucalcarum rauonum eadcm quantitas , fecundunu 

altitu- 



altitudinis &deprc(rionis modum in pr^ccdenti capite fii- 
fiiis declaratum . 

Deindc altioruni rationum funt maiores logarithmi , & 
depreffiorum minores, quod ideo patet , quia altioris hy- 
peilogarirhmirationis,hyperloganihmos contincntde- 
preffiorisi&bypoiogariihmi continent hypologariihmos. 

Nam exempli gratia hypcrlogarithmi funt rationum 
triplx &fefquiakcr.'E 

1(0 '1(0- • 1(2). 

1(2) 1(5) 1(4) 1(5). i(^) 1(5). 

1(5) 1(4) KJ) 1(0 1(7) '(8)- 1(0 1(7) 1(8). 

quorum tripte altiorishyperlogarithmi contincnt fcfqui- 
altercE depreffions hyperiogarichmos. 

Itcm hypologarirhmi funt carumdem raiionum-» 
tripla? & fefquialcer^E 

1(2) 1(5). 1(5). 

1(3) 1(4) 1(5) 1(0. 1(5) 1(0- 

1(4; 1(5) UO 1(7) 1^8) 1(9)- 1(7) i(«) iCp). 

quorum hypologarithmi tripte concinent hypolo^ari- 
thmos feiquialtcw-c. 

Vnde patet eiiam , quod compofirar rationis logari- 
thmus jcit aggrcgatus componentium k garithmorum^: 
nam & [ ypcflogaiichmi dupte, &le(quialtera?, hyper- 
logarithnu s triplx componuut3& hypologarithmi, hy- 
pologanthmos. 

k X Hyper- 
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Hyperlogarithnn". 

Dupk Sefquialtera: . 

1(1). 

i(z) 1(3). 1(4) 1(5). 

1(3) 1(4) i(y). 1(0 1(7) 1(8)- 

1(4) ^Cj) i(<J) 1(7)- ^(8) 1(9) i(io) 1(1 1). 

Hypologarithmu 
Diiplat • SefquialtcrjE. 

i(a> 1(3). 

1(3) 1(4)- 1(5) i(<f). 

1(4) '(5) 1(6). 1(7) 1(8) 1(9). 

1(5) 1(0 1(7) 1(8). 1(9) 1(10) 1(1 1) 1(1»). 

Scd & duplicatae rationisduplus eft iogarithmus: narrL. 
duplicataeduplieratiomsj nempe quadruplar hyperloga- 
richmi exbinis duplae rationis hypcrlogarithmis aggre- 
gatis fiunt. 

Hypcrlogarithmi quadruplic 
exdoplar, &dupKc hypcrlogarithmis. 

1(1). 1(2) i(j). 

i(i) 1(3). 1(4) 1(5) i(0 1(7). 
1(3) 1(4) 1(5). 1(0 1(7) i(«) 1(9) 1(10)1(11). 

Hypologarithmi quadrup!<e 
cx dupla:, &dupla: hypologarithmis. 

i(i). 1(3) 1(4). 
1(3) 1(4). i(j)i(0i(7) 1(8). 
»(4) 1(5) 1(0- 1(7) 1(8; 1(9)1(10) 1(1 1)1(1 i). 

Si- 



Siriiiijcer multiplicatie.cuiufquc racionis a^qucmuICipIex 
dcprehendirurlogarithmusjquiaquafi ^qucmultipli iunc 
hypeilogarichmi, Sf quafi fqucmulcipli funt hypologiri- 
thmi. EteconucrfofubmulcipIicaCc^ dcprehenJ:cur fub- 
mukiplcx Jogarichmus . 

P P £ N V I X. 

CVm h^c fcribcrcm , mihi concigit re^lum tramitem 
jiiucnire , ad pcrfcquendos omnium numcrofarum 
raiionumlogarithmos. Oportct autcm ciufdcm abini- 
tio propodcse fcriei fracliunum tcrminos affumcre, ali- 
quotcnosa primo, fingulos, binos,ternos, quaccrnos,qui- 
no^j&dcinccps. Porro ex totenis coIIe.aus quanticaccs 
voco prologariihmos, & tocenorum fcricm , voco fcricm 
prologarithmorqni . 

Ei\o aurcm fcriei (tngulorum fciicsprologarichmo- 
rum cx bm s !B: fcrics prologanthmorum cx tcrnis C: 
itemcxquatcrnis D: itcmcx qumts £: ^ dcmceps alix, 
Deindc fcrics ordinccur cxcefluum,primi prologarithmi 
fcriei 35, fupra primum Icriei ^fccundi,fuprafecun- 
dum;6ctcrc*ij, fupra terciumj&lic dcinccps in infinitum; 
omnium huiufmodi cxcelfuum fumma , ci\ loganchmus 
rationisduplar . Nam primus excciFus , d\ hypologari- 
ihmus intcr maximos rcrminosratioms duplx : fu nmacx 
pnmo& fccundo,cfthypoK>garithmus,incer fubduplos 
maximorum^fuDQmacx priijio lecundo &teitio,cll hy- 
^ i ^ k 5 pi^ 
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ffarithmuftprimi vero & feoindi exccfluum fumma,eft hy- 
pologarirhrausinterfubduplosmaximorum: primirccun- 
di&tertij fumma excclTuum , cft hypologarithmus intcr 
fubtriplos 5 & fic dcinccps . 

Cap, 6. 

Sextum & vltimum, pro fcxto eft clcmento : numerofa 
duarum propofiticnum quintieIcmentircdu(5lio,quarum 
cft vius infignis in fcxto . 

Prm a,c[u*e f/?P9. 5. 

Quatuor fcomr.crice difp ofitarum qrahtiraium , fi pri- 
ina maxima t(l omnium,lcgarithmus,rationis prima^ ad 
fecundam,2d logarithn.um rationis tertif ad quartam,mi- 
nor cft , quam vt priroa ad ter tiamj maior , quam vt fccun- 
da ad quartam • 

Sint quantiratcs numerofas inuicem rationes habcntes, 
harmonicediipofit£ 1(4) 1(5; 1(8) quarum raa- 
xima I 4). 

Dico logarithmum raticnis 1(4) ad 1(5) ad logari- 
ihmum rationis 1(8) ad 1(9), minoremcffc, quam vc 
i(4^ad if8 ;maiorcm vcr6,quam vt ir5)ad i p;. idcft 

Dico loganthmum rationis j ad 4 ad logarirhmurrLi^ 
rationis 9 ad 8, minorcmciTe^quam vt^ad^^maiorcni 
vcr6,quamvt 9 ad 5. idcft 

Dico rationcm 5 ad 4, adrationcm|9 ad 8, logari- 
thmic^ minoicm cfle, quam vt 8 ad 4; maiorcm vero 
logariThmiie,quam vt 9 ad ideft 

Dko rationcm j ad ^quadruplicacam^dcprcfriorem 

cffc 
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cffc rationc p ad 8 oduplicata : & 5 ad 4 quintuplici- 
tam altiorem eflTe rationc 9 ad 8 nonuplicata. 

Et quia ambar rationes 5 ad 4, & 9 ad 8, funt maioris 
insequalitatis: inter quas depreffiores altioribus funt mi- 
nores . Dico 5 ad 4 quadruplicatam minorem e(le ra- 
ticnep ad 8 OLlupIicata;& 5 ad^ quintuplicatam>ma- 
iorem efle ratione 9 ad S nonupiicara . iddt 

Dicopoteftatcsquartam 5 ad quartam 4, minorcitL. 
cflequamvtoctaua^adociauam 8: quintam vero 5 ad 
quintam4,maiofemquam vrnona^ adnoham 8. idefl: 

Dico produAos fub potcftatibus> fub quarta 5, & 
odaua 8, minorem,quam fubquarta 4, & odaua 9: fed 
fubquinta 5}&nona8^ maiorcm; quaai fub quinta 
nona 9. 1 

Potejlaus. 

Quarta 5 6*25 
OiJaua 8 15777215 



83886080 

3355443^ 
100562295 



10485559900 



Quar- 



i Quarta 



Quinta 
Nona 



4 



5 
8 



Quinta 4 
Nona 9 



43045711 



15828032^ 

»15133^0$ 

8dop344x 



I34217728 



671088540 
258435455 
134217728 
40255 3184 

419430400009 

1024 
387420489 



15495S1955 
774840978 
.J87420489 



395718580735 
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Sccmda > (ju^ ejl loo. 5. ' 
Quatuor arithmetice di/poUrorum numcrorum , ratio 
primi ad fccundum totuplicaia , quotus eft primus, maior 
eft rationc tcrtij ad quartum totuplicata, quotus eft quar- 
tus : ratio vero primi ad fecundum totuplicata , quotus eft 
fecundus,minoreft,quamtertij adquartum totuplicata, 

quotus eft tcrtius . 

Sintquatuorarithmeticedifpofiti numeri 8,5,7, 4* 

Dico rationcm 8 ad 5 oauplicatam,maioremeirera- 
tione 7 ad 4 quadruplicata ; & rationem 8 ad 5 quin- 
tuplicatam, minorcm feptuplicata 7 ad 4. ideft 

Dico potcftatcs Octauam 8 ad octauam 5, maiorcm 
effcjquam quarta^ ad quartam 4: quintam 8 ad quin- 
tam 5, minorem^quamfepciraa 7 ad feptimam 4. ideft 

Dico produtftosfub poteftatibus/ub odaua 8,8^ quar- 
la 4, maiorem clle,quara fub oiaaua j, & quarta^: & 
fubquinta 8,&feptima 4, minorem, quamlub quinta 5, 
&feptima7. 

Poteftatcs. 
Oclaua 8 16J77116 
Quarta 4 ^ 5 <^ 



10066^2^6 
83886080 
5 



42P4pd729(^ 



4 

j by Cjc 



Quarca 


7 


2401 


- \ 


1 

c ^ 


1552500 \ 
781250 






P37890525 


Quinta 
Sepcima 


8 
4 


32758 
15384. 






131072 ' 

252144 

P8304 
ip56o8 
32758 






535870912 


Quinta 
Scptima 


5 

7 


Poteftates. 

8*354J 


• 




4>i77»5 

1547085 

82354J 

2470529 






a57357»87J-, 
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quotics 
quotics 
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bafibus, qudibct quan- 
titas fucrit fummaj 
duarum^ quo: 

quotus 

quotus 
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Pctrus Mengolus , Lucx Tcfino, adolcrccmi 

optimo S. D. 

/r^j tahtuas trsarjgulares ttbt traataiy 
'frntiltlflicMm, proportionalitimy^ 
nomtnum minctipatas : earumqu^^^ 

. i^fir^/' ^4 CQ^P^^^^^ 9 ^ relin^ 
quendas potejlates binormortim ^ p^cr rnodHm ar^ 
tss , explscaui . Eius demonjirationem, prjtfenti tra^ 
do Isbello \ cjuam ex me audtjit: vt legendo recolas\^ 
adpotiora mathemata ftifctptenda , te prApares. Ns^ 
hsl alsenum fumo \ prAter cjUAdam , ex Euclsde ^ 
incjuinto ,(^fcxto: qtu fuss locss allego , in margi* 
m. VaU. 




CEO- 






GEOMETRliE SPECIOSiE 

V E F It lO^ t 



j. 




I tabulatriangularisjcxvcrticc, &baribus, 
&lateribusj ita concipiatur ordinata; vtin 
vertice fit qusedam quantitas ; & in prinna 
bafi, HatirT> fub Vcrticc, (Int du^ qu!antita- 
tes 5 & in fccunda bafi, trcs , & in tertia, quatuori & fic dc- 
inccps: in fingulis bafibu;, dicentur, quantitates cxtrcma!, 
Prima, & V^ltima; &his proxim^, Sccunda, & Pcnulrima; 
item Tertia, &Tritultim3 5 Quarta , & Quarculcima$& 
deinceps. 

2. Vndclatus primarumomniumquantitatum, dicc- 
tur, Primum } & lccundarum, Sccundum ; & deinccps: vl- 
timarum qnoquedicctur, Vltimumj &penulcimarum,Pc- . 
Duliimum ; & fii* dcinceps. 

' 3. Inlirgulisqtioquelateribus,quantitas,qua?invcr- 
ticc, aut qi^T vcrtici cft pioxima,dicctur Prima} & rcliquxi 
^ . A » dcin- 

DigitiZL le 



4 ELEMENTVM 

dcinccps, Sccunda, Tcrtia, Quaria , & fic in infinitum. 

4. Quantitas , vndc progrcffio continu^ proportiona- 
lium, ordinatur in infinitum, dicctur , Rationalis , &c figni- 
ficabitur , charavaere m. 

5» Etprima confcqucns a rationalijdicctur, Radix,vel 
Poteftasprima.Sifignificabitur,characlcrc cuiufqi litic* 
rx alphabeti. 

6. Et reliqure confcqucntes, diccntur Poteftatcs radi- 
ciSjSecunda, Tertia, & dcinceps,iuxta fuum cuiufqueor- 
dincm. Et fignificabitur vnaquxqiic,eadcm littcr.l fux 
radicis, adfcriptoque ordinis numcro. vt radicis 4, fccun- 
dapoteftas 42,tertia 4j,&ficdcinccps. 

7. Rationalis, licet nomcn ordinis non habcat inter 
potcftates; tamen habcbitur pro ordinata:&dicctur,vni- 
tatcminusordinata, quam fit primapotcftas. 

8 . Si tabul^ triangularis in verticc, fuerit rationalfs ^ & 
in prima bafi, dux fucrint radiccs , prior , in primo larcre, 
& poftcrior, in vltimo ; & dcinccps in primo latcrc,fucrinc 
ordinataepoteftatesprioris radicis,&in vltimo, potefta- 
tcspofteriorii:fuerintautcm, & in reliquis latcribus fe- 
cundo, tertio , & dcinceps in fingulis , ordinata: cpntinuc 
proportionalcs , in cademratione primi lateris; itcmin 
penultimo, tritultimo, &c rcliquis dcinccps latcribus,in fin- 
gulis, ordinatx fuerint continue proportionaIes,in cadem 
ratione vltimi lateris : &infingulisbafibus , fucrint ordi- 
nat^ continui proportionalcs,in cadem rarionc radicuoi; 
in fecunda bafi; trcs^quarum cxtrcmx func fccun potc- 

ftates 

Digitized by Gooql 



P R I M V M. 5 
ftatcs radicum ; in tertia ,quatuor,quarum cxtremxfunc 
poteftatestertijc, &fic dcincepsidicetur Tabula Propor- 
tionalium. Huiufhiodp t(Jptfla?n ordinat Euclidcs in 2. 8. 
Elementorum, 

5>. In rabulaproportionaliunvntercxtremaSjVnaqiig- 
libet mcdu , ad quam rationalis habueric rationcm com- 
pofitam cx duabus rationibus , ad quafda poteftatcs vtra- 
rumqucradicumj dcnominabitur ab vtnfque ordinibus 
poteitatum,aprioreprimmp,deinde a poltenorc. 6i fi- 
gnificabitur,ex vtrifq^charadenbus, charaderecompo- 
lito; cx priore pi imiiin, deinde ex poftcriore . Vt li prior 
eftradix tf,poflcrior r^mcdia,adquam rationcm habec 
compofif am, cx rarionibus, « ad /i, & « ad r, dicetur , Vni 
prima,&fignificabitur,charasflcrc ^rradquam vero «,ra- 
tionem habet compofiram cx rationibus, h ad aiy & u ad 
r3, dicerurjBitcrtia^&fignificabiturcharasaere ^zr^ : & 
Cc dcjnccps. 

I o. Si tabula? tnangularis in verticc , fuerit vnitas; & 
in prima bafi, &in latcribiis primo, oc vlcimo, fucrint vni- 
tates ; deinccps vcro in bafibus , qua^ vcrfus vercicem fibi 
infiftiit,quafi fronti cornua,dicetur, Tabula mulriplicium. 

1 1. Si duae tabul^, multiplicium, &proportionaIium, 
ita coaptentur, vertcx, vertici, & latera, lateribus,& bafcs, 
bafibus, vtcongruant^ ideft, vt quifquc numerus multi- 
plcx , congruentem multiplicet proportionalcm : produ- 
^a , dicetur , Tabula Nominum . Significabitur autenu 
vnumquodq; nomen; codemfu» proportionalis chara- 
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dlcrc, poft fuum immcdiate numcrum confcripto. 

12. Inquibufqucproporcionalitacibuscarumdem^vcl 
non earumdem rationum; homologaj funt primiim, antc- 
ccdentcs, anteccdentibus , & confequentes, confcqucnti- 
busideindepcrmurando, antecedcntes fuis confequcnti- 
busfunthomologse: hdmologarum quoque a:quemulci- 
plices, & eccdcm partes,& fummse, & d.ffercntix,funt ho- 
nriologx . 

1 3 . Homologia, cft fumptio homologarum , vt & ia 
aliaquadam proportionalitatc, fiant homologa?. 

1 4. Ratio cx xquab', dicctur, quxlibet ratio, cx ratio - 
nibus compofita. 




\ 
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.xf : TiJ^l^ Proportionalium . 

u 

a r 
AX ar . ri 
4j air arz rj 
44 ajr airi arj r^ 
4fJ a^r airi air^ ar^ rj 
d6 a$r aj\ri a^r} azr^ arf rS 

Tahula Multipliciktm . 
I 

I I 
III 

I 3 3 I 
I 4 4 I 

I 5 10 10 5 I 
I 5 I) 20 15 <^ I 

Talmla J^ominum . 



ai 2ar ri 
a} lair lari r3 
bc a^ ^a^r 6airi ^ar^ r^ 
4$ J44r io4jr2 I042r3 54^4 rj 
^ ^4jr Ij44r2 2043^3 l^air^ Car^ r6 
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Expltcadoncs quarumdam notarum. 

Additiofignificabitur^charaaerecrudsrvtcx 4,Si 

collefta fumma, r. 

Subtraaio , chara^erc lincob : vt cx f, dcmpta 4, rc- 

linquit diffcrcntiam, f— 4. 

.€qualitas,caintcrpun(aionc fignificabitur, qua partcs 
priocipcs pcriodi folcnt diftingui.vt quod 4-+r,cft a?qua- 
lis ipfi ty 

Ratio fignificabitur intcrpunif^ionc , qua maximx par- 
tcs periodi fubdiftinguuntur; fcilicct punclo, & commatc. 
vt ratio a ad r, fcribcndo » 

1 4 ; r. 

Itaquc proportio 4ad r,ficut4iad 4r,fignificabitur^ 

fcribendo , < ^ 

/f ; r : rfi ; 4r. ! 

Et compofita ratio cx ratiombus. vclut cx $$ ad 42, &i# 
adrj,compofitawad air^y fcnbcndo, 

Wy 42, -I- w; »3 : «; J- 
vbi comma > inrcr 42 , & crucem , vtilitcr diftinguit , ad fi- 
gnificandum, nonquanticatum4 2,& fummam42-f», 

fcd rationum. 

Multiplicataquoqucratiojfignificabitur. vclut 43 ad 

r3,triplicatarationiS4 adr,fcr»bendo> 7^ 

43 5 r3 : triplicata 4; r», , 

Theo* 
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Thecremd primum , Prcpcfitio prima» 

EX ijTdcm racionibus, ex srquali ^ iunc cxdcm rationcs. 
fiyfothejis. 

a'y [?: Cy d. 

Dico cx ajquali 4j -^-e^ fi c ; h. 

Pr>€paratio, 

ey f: b\ i. 

£yh:dyl. 

Demonfiratto. 

/*: d;l 
ti.5. 4 5 / : f 3 / 

a*y e^ f: ayt, 

def.^ (5. ci dy -¥ g\h: c:,L 

11.5. ^> ^> ^j/- -^i ? QMod crat dc- 

nionftrandiim . 
Q^are ex ijfJem racionibus, cx arquali, func cardciTu 
rationcs. 



Theor. i.Trop. 2. 

QVantitares proporrionales, per homologiam fiint 
proportionalcs. 

Demonftr» 

^'^J- I ^"^^^ conucrtcndo, quaniitates fiuntpr^- 
j portionalcs: item homologas homologis ad- 
»^•5 i dendo : itcra a^que nnuIr!pIicando,& arqucpar- 
isij I ticndo:&pcrmutando:6^diuidendo:&com- 

B po- 



lO 
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poncndo : &homologas ab homologis aufe- 
rcndo; & pcr conucrdonc racionis: & cx a^qua- 
li inproporcioncordinata: coniun^q; omni- 
fariam huiufmodi argumentis,qubcunqueor- 
dinc y pcr homologiam , proportionalcs tiunt. 
Qubd&c. ' 
Quarc&c,^ 



Thcor. 3. Prop, 3. 

POtcflatcs ;xqueordinat« totuplicatam habent raclo. 
nem radicum, quotus cft ordo. 

Hypoth. 

Sint radiccs, 4, r : quarum potcftatcs arqucordinacar, 

numerusordinis, 3. 
Dico 43 5 rj : triplicatam a^r. 

DemonJlrM^ 
^^/' j 43 3' « : triplicata 4 j 
r3 : triplicata w, r . 
1 43 3 r3 : triplicata 4^ r. Quod Scc. 
Quarc &c. 



■rr 



Thcor. 4. Tro/>. 

SI tabuI^E triangularis in vcriicc fucrit rationalis 3 & in 
primabafi, fucrint duxradiccs j & in primo , & vlti- 
ino lacerc, fucrint continuc proportionalcs 5 &in fingulis 
bafibus, ordinatat fucrint continuc proportionalc$:crit 
proportionalium tabula. 
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Dcmonjlr. 

Cum cnim in prima bafi fint radices : crunt ia 
def. 6. fccunda bafi cxtrcmar, fccunda? poceftates; dupli- 
■J- catam habenccs racioncm radicum : qug & dupli- 
f* caram habcnt racionem dcinceps : crgo racio ra- 
»»• 5/ dicumeadcmcft,quxdcinceps. Eodcmqucmo- 
do, in fingulis bafibus, oftcndccur, quod racio ra- 
j dicum eadcm eft, qu« dcinccps. Quarcvcinpri-^ 
ma bafi, ica in fccunda , & rcliquis, cadem fcmpef^ 
eft racio primf quantitatis ad fecundam, & fecun- 
dac ad cerria,& fic dcinccps^icem penulcim;^ ad vl- 
cimam,& criculcim» ad pcnulcima,& fic dcinccps. 
Icaquc in binis deinceps Iareribus,&in binisdcin- 
ccpsbafibus,qnaricirarescamdcm habenc rarione 
radicum, 3nceccdcnrcs,in vno,& con/cquenres,in 
* ' aIrcroIarcrc:ergopermurando , eamdem habent 
racione,ancecedences, invna,&confequenrcs,in 
, alccra bafi:& vc in primo laccrc func coticinue pro- 
portlonales, vc rationalfs ad priorcm radicem^ ica 
in fecundo, & in certio, & in rcliquis ilcinccps , in 

cridcm fimr rationc contiiiui proportionales:84 
vt in vIrimo,funt conrinuc proportionales,vt ra- 
i tionalisadpofteriorem radiccm;itain penultimo, 
def t. I ^ crirulrimo, & in rcIiquisdcinceps.Quarc tabula 
1 triangularis, cft cabula proportionalm.Quod &c« 
I QuarcSic — 

B ^ Theth 
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Thfor, J.Prop. 5. 

SI tabula: trrangularis in vcrticc , fucric rarionalis ; & in 
priraa bafi, fucrint dux radiccs 3 & in primo,& vltiino 
laterc, fuerint continue proportionalesj & in fingulis late- 
ribus iprimo,fuerintordinata?continue proportionales, 
in cadcm ratione , quse dein^eps , in primo : crit propor- 
tionalium cabula . Item fi in fingulis lateribus ab vltimo, 
fuei int ordinatx continue proportionales , in cadcm ra- 
cionc, guac dcinccps , in vlcimo : crk proportionalium ta« 
bula^. 

Demoriflr. 

Cum k\ binis dcinceps bafibus , & in binis dc- 
inccpslatcribusaprimo, quantitateseandem ha- 
beanc rationcrp,qu« dcinceps, in primo, antecc- 
i^. 5» dentcs, in vna, & confequences, in altera bafi: ha- 
bebunt,pcrmutando,eamJcm rationem etiam, 
antcccdentcs j in vno , & confequcntcs , in altcro 
latcrc : critque in bafibus, ratio deinceps, cadcm, 
quacinprima bafi : eruntque in fingulis bafibus, 
I concinucproportionalcs ineadcm ratione radi« 
h, cum : quarc tabula triangularis,critproportiona- 

j lium tabula. Quod &c. 
Simili prorfus demondratione , oftcndeturalccrapars 
Thcorcmacis . Quam &c. 
Quarc &c. 



Thc9r* 
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Theor, 6, Prop. 6. 

IN tabula proportionalium, rationalis ad vnamquamq; 
mcdiam, habct rationem copoficam ex rationibus/ad 
poceftatcm,inpiimolatcrc, vnitate minils ordinatanu, 
quam fit ipfa media,in bafi,ab vltimii Sc ad potcflateiiij ia 
vlcimo latere, vnitate miniis ordinatam, quam fic ip/a mc- 
dia, in bafb a prima. 

hypoth, Demonjl, ^ 
Sit in tabuia proportionalium, qulnta bafis \ in 
qua, fex proportionales: & fit vna ex medijs, non 
prima, quic cfl: fcxtultima, nec fcxta , quar cft vlti- 
ma, (ed quarta, qua? cft tritultima. Et fint, in pri- 
mo latcrc, radix 4 ; & in vltimo , radix r : & ab 
fit fecunda potcftas ai , vnitatc minijs ordinata, 
def, 8. j quam tritultima; qua? profedo in primo Iaterc,eft 
^^/' h j tertia ;&intrituItimo, cftprima: fit^tiam abr, 
I tertia poteftas rj , vnitate minus ordinata, quatw 
8 • ^^^^^ 5 profc^lo , in vltimo latcre, eft <^uai^ 
i€f. 5! I ta & in quarto , prima : crit quantitas diri , 
^ff* 9* I bitertia, ad quam,rationaIis habet rationem com^ 
I pofitamcx rationibus, adpotcftares ^12 ,& rj. 
Dico mediam ,in quintabafi, quartam tritulcimam^cf- 
febitertiam airi. j 

Demonjlr, 

^ff' 2» I Nam quarta, & tritultima , in quarto eft , & m 
.1 tritultimo latcrc: in quarto quidcm, eft ccrtia 

1 qu^ncicas ; £{ in cxuulciaioi qft quorca • Habec cr- 

.... 



dff. 



9. J 
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I go rationalis ad ceitiam quarci Iaceris>rationem4 
^ compoficam cx rationibus , ad rj primam quar- 
ti lateris ,& primar quarci latcris ad certiam : fcd 
primaquarci lacerisad fecundum^&fecundaad 
tertiam, funt continue proport ionales , vt prima 
primi lateris ad fecundam, & fecunda ad tertiam: 
idcoqucprima ad tcrtiam quarti latcris,cft vr pri- 
ma M » ad tertiam primi 42: ergo rationalis ad ter- 
tiam quarti lateris,ideft , ad quartam tritultimanij 
in quinta bafi, rationem habct compofitam cx 
rationibus,w adr3,& w ad ^2 j eamdemjquam 
habct ad air} bitcrtiam. Ergo in quintabafi, 
quartatritultima,cftbitertia airj. Quod&c. 



Quare &c. 



Q 



Theor.j. Prop.j. 
Vantitas , ad quam rationalis habet rationcm com- 
pofitam , cx rationibus ad potcftates , in primo, Sl 
vlcimolaterc tabulae proportionalium ; cft mcdia:' 
& cft in bafi acqucordinata , atque fumma cft ordinum po- 
ftacum : & eft vnitate plus ordinata , in bafi , ab vltima^ 
quam fit ordo poteftaciSj in primo btcre : item cft vnitatc 
plus ordinata, in bafi, a prima, qudm fit ordo potcftatis^in 



vltimolatere. 



ffypotk ! 
Sit qu^antitas air^ ,ad (Juam rationcm habct com- 
pofitam , ex ratignibus, u ^dai , in primo latcrc^ &ch 

ad 
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ad rj y in vltimo , tabulx proportionalium : quarumpo- 
tclhtum fummaordinum, fit ordo quintx bafis:& qua- 
rum potcftatum,vnitatemaioresordines,ciusqiiidcm ai, 
qux inprimoeftlatcre/it ordorrituItim^,&eius rj^qu.-e 
in vlcimo eft latere, fit ordo quartar, in bafi» 

Dico airi , eflc quartam tritultimam , in quinta bafi. 



'Dcmonjhr, 

Eftenim 42 , tertia in primo latcre^ & yt tt 
ad 4 2 ,itaeft,inquartolatcre,primaadtcrtiam: 
fcdcrt ri ,primainquartoIaterc:crgo u adter- 
tiaminquartolatcre, rationem habet cooipofi- 
1 tam, cxrationibus,ad 42, & ad rj ; eamdcin^, 
quam ad airi , Ergo air^ , eft tertia in quar- 
tolatcre-.ergoeftquartjin tritulrimo: ergo iru 
fuabafi,eft quarta tritulrima : fed quarta tritulti- 
manoneft, nifiinterfcx proportionales^quarum 
&fcxtacft vltima, & quuuacftpcnultima,&fic 
deinceps : & fcx proportionalcs, non nifi in quin- 
ta funt bafi. Ergo 42^3 bitertia , eft & quarta 
tritultima, inquintabafi . Quod&c. 
Quare &c. 



ief, 8. 
h. 

dff. 8. 

9. 5. 

def. 9. 
def %. 
dcf, p. 



S 



Thew. 8, f ro/?. 8. 
Vmma cuiufquc bafis nominum in tabula, eft potcftas 
arqueordinatafumma: radicum. 



tiy. 
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fjypoth. 

Sit in tabula nominambafis tercia,cuiu$rumma no 
minum 43 ^ $air ^ larz rj : fit quoquefumma ra- 
dicum 4-H.r. 

Dico 4j saxr^ $ar2 ^r^ , cffe tertiam potefta- 
tcm 4-fr. 

Oportet autem priusdcnionftrarc, de fumma nominu, 
pi a:ccdentium bafium , vidclicet, fecundje bafis. 

Dico icaque primo az lar ^ri , fccundam cflTc^ 
potcftatem a^r. 

Demonjlr. 

def.S. u i a: ai ai: rj ar: d -+ry az ar, 
&%,b. Wyr: ay arir^ ri : a -hr-y ar -^ri. 
2, h. Uy a ~¥r: a ^r y az ^ lar ri. 

42 -^. 24r -+ ri , eft fecunda poteftas 4 -+ r, 
Quod &c. 

icf. 8. u'y a: ai ^ aj : ar*y air : ri j 4r2 : 42 24r 
^ ^-^- ^ ri ^ 43 -^. 242r -+ 4r2. 

uir: ax 5 air : ar ; 4r2 : r2 3 rj : 42 24r 
r2 5 42r -+ 24r2 -^rj. 
1. fc. Uy a-+r : 42 -+ 24r -4- r2 j 43-4- 342^ -+ 34^1 
-f r3 . 

def.6. I 43 -f 34ir 34r2 -+ r3 , eft tcrtia pcteftas 
j a ^r. Quod &c. 
I Quarc&c. 
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SI trium quantftatum, prima maior fuerit, quam fccun- 
da ; tertia aucem maior fueric cxccffu ipfarum : exccf- 
fus tcrtiar, fupra cxcclTum prim^,& fecunda? , erit cxcefTus 
fummar ex fecunda; & certia, fupra primam. 

Hypoth. 

E A C B D 

1—1 1 1 

Sit prima quancitas AB,maior, quim fecunda BC,qua^ 
rum cxceffus C A : ficq; tcrtia D, maior, quam C A. 

Dico exccffum D , fupra CA , cfle exccflum fumm^, 
cxD,&BC,fupraBA. 

Prcepar. 

Adponarur pcnes CB>& ipfi CA fupcrponatur quaath 
tas Cfc, a?qualis ipfi D. 

7?crron/!r^ 

Quoninm F A, cft cxccfius EC fupra C A ; idcfl, exccf- 
fus I), fupra CA: nec^on cft cxccflus EB^fupra BA^idcfl-, 
fumfnrr ex D, & BC, fupra B Arpcr fe patet, id quod pro- 
policu«nefl. 

Quarc&c. 



Theor, I o. Prop, i o. 

INarqualium radicum, poteftas maioris, vna cum alter- 
nis ncmin.buseiufdem balis,dcmptis rcljquis,itqueor- 
dinatarclinquicurpotcftas dificrcnti». 

C Hj. 
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Sint radiccs inarquales , t maior y a minor: quarum ia 
tabula nominum > in bafi tertia , poteftas tcrtia maioris ra- 
dicis /5 , vna cum alternononainc 3^2 ,dcmptis reliquis 
nominibus itiay & 45 , rellnquitur qiianritasfj — ^tia 
^ltaz — ai j fit autem diffcrenria radicum r— 4, 

Dicorj — 3^24-4-3^42 — 45 , porcftatem tcrtianu 
eflc t — 4» 

Oportetautcm priiis demonftrare, in bafibus prgecc- 
dentibus , videlicet in fecundo. 

Dico itaque primo fx— 2^4 42 , cflfc fecundanu 
potcftatem f— 4. 

Demonjk, 
Wy t: ty ti : ai ta : t—a-j tx^^ta. 
Uy a: ti ta: a j ai: t — 4j f4— 42. 
j ti a: ti', ta: ta; 42: f2 — r^, 42. 
/4 7 cft maior > quam 42. 
/2— r4, eftmaior,quam r4^42. 
r2— /4, dcmpta f4— 42 , relinquitur /x — 2m 

42 . 



def. 8. 

«ri4.5 
h. 



\ 

2. h. 
def. 6. 



U 



42. 



5 f — a: t^ai ti — ita 
^ti^zta-^az fccundaeft potcftas r — 4.^ 
j Quod &c. 

dcf, 8. j 5 f : f2 5 fj : t4i fl4: 42 ; tai : ti — ita ^ 42; 
^x.hA tz — itia ^ tai. 




Uy a: t2'y tia: ta^ tai:aziaj : tz^zta • 

f24-^2f42 -^4j , 

ti a: 



42i 
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^J — 2f24 W2 , na^itai ^aj. 
ti ^ itia -4- tai , maior eft j quam ri^ ^ zr^z 

(2^ -4- ai y maior,quam 2M2. 
ti—itia tai , dempta rx/i ^ 2M2 4j'^ 
relinquitur — it^a^ ^taz^^as. 

— 43 . 

i/f^d. jf3 — 3f24-f 3f42i-43 , tcrtiaeftpoteftas-^ — 
1 4. Quod&c. 
j Quarc&c 



14.5 
25. 5« 

%» h. 
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Pctrus Mcngolus, Adm. R. D.Iacobo Venrurolo, 
Scholarum Piarum Primario Arithmcticcs 

Pra^ceptori S. D. 




Fos tih primlim ojlendi cbaracicreSy ^ 
numeros Jihenter ^idije te /igmjicafli^ 
^ cum tUA SchoU profcciii multtplici- 
kis exemplts confirmAflidm mortales ti^ 
hi ante omnta ^atias debeo , tjuod mea 
qtialiacunqHe inuenta refpexeris,(^ in ti^x S choUfru^ 
£)um conuerteris . Ita^ue pro reddttione gratiaru rruy 
eam iem rem tibi altcjuandogratam^iterum ^ plentiif 
iommuntco. ITu ergo Itbellum hunc in tuos vfus ita 
conuertes. Prim^m per numerofam tnduBtonerru 
' txcmplortm , duo theoremata confrmabis prAcedentts 
Itbillt^S. i 0. qutbusars producendt potefiates a duo^ 
rtm nomtnum aggregatiSiVel relt^is radicibus demon^ 
firatur . deinde finguU in prAfenti Itbello propopta . 
nccnon alta plura^ qua tum indido ^tum ipfe tuopte p(h 
teris ingenio adijcerc . Val^. 

' CEO. 
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GEOMETRIiE SPECIOSiE 

ELEMENTVM SECVNDVM. 

T> £ F /T / 0 3^ ES. 

t 

Vantiras vtcunqiic diuifa in duas partcs^ di- 
ccf ur,Tota,& fignificabirurjcharavaerc r. 
Er partcs Tora?,dicenrur, Abfcifla, & Refi- 

dua : & fignificabirur abfcifla; charac^lere 
4 ; & rcfidua, r. 

3. Poteftares roraf,dicenrur,Tot3fccunda,f2;Tora 
tcrria, / s deinceps : ^ poreftares abfcifla^ dicenrur, Al>- 
fcifla fccunda,^2 ; Abfcilfa rerria, <i5 5 &deinccps : ircnL* 
poreftares refidua: , dicentur, Refidua fecunda, r2 3 Rcfi- 
dua rcrria,r3 ; & deinceps. 

4. Si quadam quanrirare , diuifa vtcunquc in parres, 
ablciflTam , & refiduam 5 concipiarur d rarionali , pcr ipfas 
parrcs, abfciflam primiim, dcindc refiduam,ordinarapro- 
porrionalium rabula: Sceadem quantirare rurfum diuifa 
ytcumque^ concipiatur ab cadem larionalipalrcra propor- 

tiona- 




J by 
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rionalium rabula : qoantirates, quarum in vtrifquc csedcm 
appellationcs , & ijdem charaderes 5 dicentur , inuiccm-» 
Synonyma?. 

5 . Itcm fynonymarum .rquemultipIices,diccntur,Sy- 
nonymx. 

6. Idcoq; fi etiam tabulajnominum fuerintordinatf; 
qiiantitatesjquarum eadem funtnomina ,dicenturSyno- 
mmx. 

7. Vnitas ad omncs numeros, pro rationali fempcr 
habcbitur . Vnde conuenicnter fignificabacur rationalis, 
charavflere 

%. Cuiufque numeri,fadis omnibus integris abfcif^ 
fionibus, omnium,totidemquc fynonymorum, fumma, 
dicctur , Mafla : & fignificabitur , litcera maiufcula O , an- 
te fynonymorum chara(5lcrcm fcripta : vt mafTa ex omni- 
busabfciifis, O. &c mafla exomnibus triplis biprimiSj 
O. sair. 

5?. Si cuiufqucnumcri, faAispartibus , fucrit ordina- 
taqusedam tabuia proportionalium, vel nominum i&Io- 
cocuiuslibetproportionalium, concipiatur maffa fuorum 
fynonymorum: transformabitur tabula proportionahuiu 
in aliam,qu:edicetur , Tabula Spcciofa. - 

I o. In qua ordinatse quantitatcs, dicentur,Species. 

1 1 . Tabula vcro nominum transformabitur in aliani, 
qux dicetur, Tabula Subquadratrix. 

12. In qua ordinatx quantitates , diccntur Subqua- 
dratriccs. • 

ij.Si 
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t S . Si quaelibcc fubquadra trix quantitas, multiplicata 
fucrit pcrnumerum vnitatc maiorcm , qudm fit ordo fu« 
bafis : produ Aa quantitas, dicctur, Quadracrix. 

1 4. Quod fi , vclut ex fubquadratricibus , ita cx qua- 
dratricibus, tabula fuerit ordinaca , dicccur Tabula Qua- 
dratrir. 

15. Si duorum numcrorum dua? CpccioCx tabul^ fue- 
rint ordinatir : manrar,quarum in vtriufquc funt Cicde.ii ap- 

pclIarioncs,&ijdem charaitcrcs^diccntur inuiccm Ho- 
monyma?. 

16. Itcm homonymarum manTarum cquemulciphces, 
dicentur^ Homonym^. 

1 7. Ideoquc ctiam in duabus fubquadratricibus tabu- 
lis, aut in duabus quadratricibus, maffje, dicentur, Homo- 
nymx. 

1 8. Si trcs numcri fucrint deinceps vnitate differcn- 
tcsi & medius dicatur , tot i : maior q jidem , dicecur , Se& 
quitota^Si fignificabitur, chara5cre 

1 9. Minor vcr6,Scmitota: & fignificabitur,charailc- 
rc w. 

ao. Etficutmcdij numcri potcftatcs dicuntur totar, 
fecunda, tcrtia,&dcinccps: ita maioris numcri potcftatcs, 
diccntur, Scfquitota?5 fccunda tcrtia , & deinceps. 

2 1. Minorisautcm,SemitotX5fccundaw2,tcnia;»3, 
& dcinccps. 

22. Et ficutmcdi/ numcri dfcuntur Maflfar , Spcclc 
Sub(juadracncc$j 3c C^uadracrices : ita maioris numcri, di« 
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ccnrur , Scfquimaffe , Sefquifpccie s , Scfquifubquadratri- 
ccs,&Sefquiquadratriccs. ^ 

2 s . Et minoris, diccntur, Semima{r^e,Semifpccies,S€- 
mifubquadratriccs, & Semiquadratrices. 

2 4. Itcm, ficut totas incrcmentum,cfl: vnitas,ad cotn- 
ponendam fefquitotam ; & decrcmcntHm , cft vnitds , ad 
rclinqucndam femitotam: ita cuiuslibet totx, dicetur, In- 
crcmentum , nuraerus addcndus , ad componcndam fef- 
quitotam a:queordinatam. 

2 5 . Et Decrcmcntum, fubtralicndus,ad relinqu cdam 

femitotam sequeordinatam. 

2 6. Itcm cuiuslibet maff^ Incrementum, dicetur, fuf- 
ficiens numcrus, ad componendam homonymam fefqui- 
uiairam . 

27. Et Decremcntum , ad rdinqucndam homony- 
mam fcmimalTam. 




s E c V Kf D V m: %$ 

Tahula Speciofim 

Om 
0.a 0.r 
► 0.42 0.ar Ojz 

0.ai 0,air O.arz 0.rj 
0,a^ 0.air O.airx Ojir} 0,r^ 
O.a^ 0.a^r Ou^irx 0.a%r} 0.ar^ O.rs 

TahuU SuhqHodratrix . 
0.1* 
0.a 0.r 
O.ai 0.2 ar O.rz 
0.ai O.iair O.^ar^ 0.r$ 
0.a^ O.^Sr O.Sdiri O.^r} O.r^ 
0.a^ O.^a^r O.ioajrz O.ioairs O.^arj^. Oj-j 

TahuU §luadratrix ♦ 
O.u 

O.ia O.ir 
O.saz 0.6ar 0.}rz 
O.ltair O.liarz O.^r} 
O.^a^ 0.ioa}r (9.30^2^2 020^^3 0.5^4 
0.6af 0.}oa^r 0.6oa}rz 0.6oairs 0.}oar^ 0.6r^ 

Pojlulatum <zinicum. 
Poftulctur, vtmaffamaflbmcre conccdatur Iiomony- 
fnam,&proportionaIem adpropofiram quamdam , ficut 
numcri, autvnitasadinuicem. 

D Theor. 
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Jheor. i. Prop. J. 

IN tabula fpcciofa, cuiufquc numcri,& in qualibet bafi^ 
fpccies prima, & vltima, funt aequales; item fecunda,& 
pcnultima; tertia^S^trituItiraa^&ficdcinceps: item fefqui-. 

fpcciesj & fcmifpecieshomonymae: & fpecierum incrc- 
menta, &:dccremcQC5. Similiter fubq[iMdratrices,in fua ta- 
bula:8i'quadracriccs;infua. . ;• .^.^- 

Hypoth. I. 

Sint in tabula fpcciofa, cuiufq, numeri, & in tertia bafi, 
prima fpecies O.a^ , & vltima Ors. 
Dico , 0. ^3 , r3 , effe a^qualcs. 

Demonflr. 

dcf. B.h. f Na cuiufq, numcri , quot funt abfciffiones^tot 
fgnt ablciife tocidcmq; refiduce: & abfciflac funr, 
vnitas, binarius , &deinccps:&refiduaefunt,to- 
tidcm ordinari^contrario tamen ordine,fed dein- 
I ceps, vfque ad binarium,& ynitatem. Quarc vna- 
j quarqsabfcifTa^vnirefiduareftaequalis: &abfcif- 
p. p. I fa tertia , rcfidua' ccrtiae j ad quas cadem rationa- 
lis , triplicatas habQt cafdcm rationcs: &omnes 
abfcilfa? tertiie,omnibus refiduis lertijs funt gqua- 
Jps,ideft, O.as yO.rSy funt xquales. Quod&c. 

Hypoth. 2. 

Sint deindc, in eade tertiabafi , fecunda fpecies O.^ar, 
&penultima O.ari. 

% Dicft,^0.<i2r , 0.^-2, cflc aequalcs. 

V 
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dcf.iz.h. 
fup. 
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Demonflr, 

Singulae fingulis r, funt a:quales: &fin- 
gute ax y fingulis rz : item fingute biprima: 
airy fingulis vnifccundis ari , funt «qualcs; 
' ad quas u , rarioncs habct compofiras ex jjTdem 
raiionibus: quare omnes biprim« O. axr^ omni- 
busvnifecundis O.arz , funr ^equalcs. Quod&c. 

Sinr fcfquifpecics O.air , O.arii vel fint femifpccics. 
Dico, 0,airj O.ari , cffc ^equales. 

Demonflratto. 
Qure funt vniuscuiufquam numcrifefqui/pc- 
cies, funt aliui, vnitare maioris numeri Ipccies: 
I fed fpecies O.air^ O.ari^ funt ajquales: ergo 
' fefquilpccies O.air^ O.ari , funt a^quales. 
Quod &:c. 

Item qux funrvnius cuiufquam numeti fe- 
mifpccies; funtalfus, vnitare minoris numeri 
Ipecies: fed fpeciesfunt^equales: ergo& lemi- 
^ fpecics. Quod&c. 
DicoO.airy&iO.ari incrementa eife a?qualia, &de- 
crementactqualia. 

Demofiftr. 

I N.im ab a^UaUbUs fpepebu?^ O.^^r , Oarx, 
'fi^p' \ ^qualesdempt^e femilpccics homonymie, re- 
j iinquunt aequalia decrementa. Quod 6cc. 
fup. I Ht ab aqualibus fcfquifpecicbus , arquales 

D 2 dcm- 



dcf.i^. b. 
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dcmpcae fpccies homonymx, rclinquunt xqualia incrc- 
menta. Quod&c. 

Hypoth. 4. 

Sint in tabula fubquadracrice, in tcrtia bafi^fubquad 
trices, fccunda O.^azr, &penultiu]a O.^arz. 
Dico O.sazr , O.^arzy clTe a^quales. 



def. 10. />. 



'Dcmonjk. 



fup, 
def. ix.h. 



Qiioniam in tabula mulcipliciu,in tcrtiabafi, 
fecundus numerus 3 , & penulcimus 3 , ex ijf- 
dem vtrimque vnitatibus , & numeris aggrega- 
ti,funt ^equalesiiiequemulciplicanc fpccies ^equa- 
les, O.azr , O.arz y & fubquadracrices producunt 
requales, O^^azr, O.iarz. Quod &c. 
Vndcpacct , quod & fcfquirubquadracrices funcarqua- 
!es>&femifubquadracriccscequales; & fubquadratricum 
arqualia funcincrcmcncaj&c «qualia decremenca.Qua? &c* 

Hypoth. 5. 

Sint deniquc in tabula quadracrice , in tcrtia bafi , qua- 
dratriccs, fccunda O.i a^ir ,&penultima O.izarz. 
Dico, O.lzazr , & O.izarz , cffe icqualcs^ 

Demonjlr, 

def. i$.h. I Cum fint enim icqualium fubquadracricutn 
^qucmultipliccs^ incer fc suc sequales.Quod &c. 

Vnde ccnftac,qucd&fefquiquadrairices func icqua- 
les i & icmiquadracriccs a^qualcs ^ & quadracricum a?qua- 
Jia funt incrcmencaj & a-qualja decremenca» Qu^&c. 

Quarc&c. 

; ^ U Theor, 
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Theor. z.Prop.i. 

1N tabula fpcciora,cuiurquenumcri,induobus quibuf- 
'quc lateribus, vna fpccics,habetpro incrcfnento,maf- 
Yas aggrcgata s, in vtrolibct latcrc , fi qu^e liint pra:ccdcn- 
*tes, atque totam vnitatc minus ordinatam,quam (it ipfum 
latus: maflas inquam , multiplicatas pcr numeros tabula: 
niultiplicium, inbafiacccptos, vnitate minus ordinata^, 
quam fit altcrum latus. ' 

Hypoth. I . 

Efto in tabula fpeciof \ , in primo , & in quinculrimo la- 
terCjfpccics 0.a^: quam in quintultimo latcrc primam, 
nulliefpccicsprseceduntr&cftoquarta tota r^. 
Dico O.a^i incrcmcnrum efle r^. 

'Demonjhat. 
Ea^dem abfcilTioncs torrE^quibus vnitas^bina- 
rius,& deinccps abfcinduntuijctiam fcfquitota?, 
funt abfciffioncs: &eiedem vtrarumquc funt ab- 
fcifla^ necnon abfciflk quartce . Scd prastcr ab- 
fciffioncs totar, vna eft vltcrior abfciffio fcfqui- 
totar , qua ipfa tota abfcinditur : & pro qua poft 
abfciflas quartas totse, & fefquitotc communcs, 
def.i6Jh, j acccdit tota quarta , fcfquitotic propria: quse 
' fpecici 0, ^4, eft incremetum, ad fcfqui/pccicni 
I componendam. Quod &c. 

Bypoth. 2. 

j Efto in tabula fpcciofa , in quarto , & in vlti- 
I mo latcrc, fpccics £?. r j : quam in vlrimo latcro 



dcf. I8i7. 
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quarram, fpecies prrecedunt, tcrtia 0. ri/ecUn- 
da O. r, prima «: & eftp tota vnitate miniis or- 
dinata, quatufit vltiauirn latus: qu^e profc^o, in 
I ordine continue proportionalium totarupi , cft 
n'piarationalis,atqj vnitas w. Et quoniam Ox^ » 
eft&in quartolatere/umacurbafistabulae mul- 
I tiplicium,vnitate miniis ordinata> ncmpetcr- 
j tia^cuiusnumeri 5,5. 
! Dico O.rj incrcmentum efle , 0. srz 
J O.jr -+ 0.« -+ ». 

Demonfir. 

Eardem abfciffiones , totx funt , & fefquitotar: pro qui- 
busvnapars incrementi arj taxabicur. Prcetcr abfcif- 
fionestotarjvnaeftvltcriorabfcirtio fefquitotse , pro qua 
pars alteraeiufdcm incremcnti taxabitur . Rurfumprima 
parsincrementijtotex partibus componitur, quotfunt 
abfcrffiones, tot;r, &fefquitota»communcs. 

Eft autcm pro vna abfcifTionejtotapjSdfefqui- 
tora;, communi,cadem quidem abfcifla^fed non 
eadem refidua- Cumque tota: refidua eft r, fef- 
quitotse iefiduacft r-^ w : quoniam & ipfafcf- 
quirota vnitatc maior eft ,quam tora. Cum er- 
go totarrefiduatertiaeft rj ;felquitor^cft , rj 
-4- 3r2w-+ ^rtii -^ni. Et quoniam ratio a^qua- 
j litatis,quar:tunilibct multiplicata,fenipcreft ca- 
! dcm:&quaniumlibctcompofita,non variatra- 
tiones,qu)bufetimcomponitur:huiufrijodi au- 

tem 
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tcm eft u ad « , aJ i*t. , ad «3 : eadem ergo 
quanrita^ cft it^, , atque /«r &. 5 ^2 > qu^ : & 
jriw , qli^ 5Tr: & rj -f ir^u ^ inn ^ «3, 
qua^.rj -+ jra jr -+ & fefquitot^ refidua 
terria ,cft r^:.-^- 5/ 2 ^r*- jr w. Sed tota? refi- 
dua tcrtia ^eft :. crgo cuiufque rcfiduje incrcr 
mentptn eft^ ^rx ^ gr ?h^<^. Ec omnium refiduaf 
jum, idcffi 0.ri , omnia iafcrcmcnta funt O^ir^x 
-I. O.^r, C>".w:i:orid):xi) v.quocfuntabf^ifrioncs 
communcsy rot*:> &fcfquirota?;:.Si' pars prima 
incrcmenti tax:rrda4ii')^if; fl^m^tij;^:)^ i 
Pro vlrerioriabfciffionepropria fefquitor^,t6(l ficab- 
fciflli, cuius refidua vnitas : & maff^ C^.r j , viicrior reficlaa 
fit «3 jidert u \ pars akera incrcmenti taxanda- puibus 
cx part.bus, totum componitur incrcmcniu fpcd^i O rj, 
quodcft, O.jri ^ O.^r ^ 0,u ^ 14. Quod&c. : 

jF:fypoth. 5. . f 

Efto in tabula fpcciofa, in quarto , & in quintultimo la- 
tcre , (pecics 0,a^ri : quaminquintultimolatcre pr^ce- 
dunt fpecics , 0.44^2 > O.a^r^ : 3eeftorota f4,vni- 
tatc minus ordinata, quam fit latus qumtulcimum : & cfto 
bafis tertia mulriplicium, vnitatc minus ordinata,quam fit 
Ijtusquartum;inqua bafi,numcrifunt 3 > & 3. 

Dico 0. a^riy incremcntum clTe, O. ia^i -* 0. 3 a^ 



fup. 
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. ■» Dmonjbr. . fn' . v- 

Pro commun biis enim tot^e , & fcfquftorsB abfcflliDnH 
bus 5 vna eft pars incrcmcnti : & pro abfciffione vlteriorfj 
propriakfquiTotx^eftaltcra. Etpriorispartis incremen- 
ti jtot funtparticuI^,quot func abfciffiones communes; 
oemp^, quot abfcilf^, quotrcfidu^, quot quadritertise: SA 
fingulse paiticulap, fingwla funt incremeta quadritcrtiarum 
tot^; ad componcndas quadritcrcias fefquitota?. 

- ' Porrdrotse , & fcfquitotae, proeadem abfcit 
fioftejcadcm eft abfcifla i fcd non eadem refidua: 
& eadem cft abfciffa quarta ; fed non eadem rcfi- 
dua rertia . cumquc refidua tertia tot^, cft ri jrc- 
fidua tertia fefquitot^B , eft rj ^ 5^2 -^ui 
&cumquadritertia tot^^ cft 44^5 5 quadritcrtia 
fefquitora? eft a^r^ ^^a^rz -4. 344^ 44 : & 
incrcmentum quadricerci:^, cot^e , ad componen- 
dam quadritcrtiam fefquitota:,eft 544^2 j^^r 
-H- a^. Et omnia fimul incremcnta quadritcrtia- 
I um totse , ad componendas omnes quadritcrtias 
fcfquitotf , funt O. 544^2 -h- 0. j^^r O./14, 
priorparsincrementi 0.a^rs. 

Pro vltcriori abfciffione propria fefquitoCf, 
j abfciffaeft r,refidua «: &abfciflaquarca /4 ,rc- 
fiduatertia*«5 : quadncertia vlrcrior propria 
fefquitotrB 5 eft t^us ,vel f^^&eftpofteriorpars 
incremcnti O.a^s- Ex quibuspartibus integrum 
I componicur incremcntum O» a^rs , quod eft, 
I O.^a^z 
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S^/^ri-*- O.sa^r-^ O.a^-*- /4. Quod&c» 

Hyfoth, 4. 

Efto in tabula Ipeciofa, in quinto, & in quartulrimo la- 
tere, fpecies 0, ai r^: quam in quinto latere, prj ccdut fpc- 
cies, O.az r^, O. ar^y 0. r^ : & efto tota f4 , vnitate miniis 
ordinata , quim fii latus quintum : & efto bafis terda mul- 
tiplicium, vnitare minus ordinata, quam fit latus quartulti- 
mum; in qua bafi funt numeri 5,5. 

Dico O.a^r^y incrementum effe, O. sair^-^ 0. sar^y 

0.r4 -f f^. 

Demonji. 
O.ia/^rii 0.3^2^4. 
O.ja^r: O.j^ir^. 
0.^14: O.r^. 

0, 5^14^2 -f O. 5^14^ -f 0.<i4: O, 5<i2r4 -^- O. 

3<fr4-t0.r4. 
Scd 0.44^5 , & 0.^15^4 sequaliafunt increme- 
ta: &cft 0.44^3 incrcmentum 0.344^2 
0. 5 ^i^r -4- 0.^t4 -4- r^. Ergoetiam O.^jr^ 
incrcmencum eft 0.3^2^4-4-0.34^4 -*-0,r4 
-ff^. Quod&c. 
Quare-&c. 



fup. 



Thcor, 3. Prop. 3. 

INtabula fpeciofa , cuiufqucnumeri, in duobus quibuA 
quc lateribus, vna (pecies,habet pro decrcmento,maf- 
fas in vno latercprjecedcntes, multiplicatas per numeros 

E tabu- 



niqi^i^nd 
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rabul^ uiultiplicium , in bafi acceptos , vnitate niinus oi^ 
dinata,quani ritaiterumlatus:proximam quidemmallafn, 
&alternas aggrcgatas; rcliquas vero fubcraAas . Sed fi 
nullne funt prarcedentes; quod fpecics in ipfo latere fic pri- 
ma: pro decremento, habet fcmitotam, vnitatc minus or- 
dinatam, quam fitalterum latus. 

Efto in tabula fpcciofa, in quinto, & in quarrultimo la- 
tere, fpccies 0.45^4 , quam prneccdcntes, m quartulcimo 
larcrc, func fpeeies, O.asrs , O.asn, O.ajr yO.a^z 
quart2eautembafistabula»multipliciu fint numeri 4,5,4, 

Dicofpcciei 0.43^4, decremcntum ^'Ac 0.44 jrj — 
O.Casri 0.4^13 r—0.<i3. 

T>cmonflr. 

I EajdemabfcifTiones, quibus vnitas,binarius, 
^ef.i^M j deinceps abfcinduntur, etiam femitot;^ funt 
abfciffioncs j prstcr vnampropriam torar , qu^ 
ipfa abfcinditur femitota, & rnitas relinquitur. 

Quanrum ad communcs atrinct abfcilfiones, 
cum ca^dcm fint abfciffa? , totae , & femitota? ; non 
ca?dem funt refidu^ : cumque tot^e rcfidua fit r; 
fcmitota! rcfiduacft r—u: &cumtotse refidua^ 
lo.^ quarta, fit 5 fcmitotae refidua quarta eft 

4^3 -+.5r2 — 4r-4.M: cum deniq; totx triquar- 
tafit <i3r43femitotaetriquartaeft air^^/^sri 
J Cairi^^^alr ^ ai. 

Quanrumad non communem attinet abfci(Gonem,fi 

refi' 
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rSfida vnitns,vnitate minuatiir, profes3:6 nihilrcmanet: 
critque r quidem, vnitasjfed r — « ,nihil: &erit r^, vni- 
tas; fedr^ — 4r3 6ri — ^r w , nihih & triquarta qui- 
dem tota?, erit ^tjr^; fedfemitotieaha vkerior quafitri- 
quarta 43^4 — 4^3r3 (>asri — ^tfjr"-*- , nihil. 
Ideoque perinde eft , proprias computare fcmitote tri- 
quartas, pro communibus ; atque vnam amplius adijcere 
triquartam nullam, pro non communi abfciffione. Quarc 
ornnes triquartf ,femitot?, funt O.^ijr^ — 0. 4^13^5 
Q.6airi — 0.443 r -* O.^ij ; reuera pauciores, quam 
ipfius lora? funt abfcilfiones ; fcd perinde xquales , atque fi 
totidcmnumerarcntur. Totc^ aurem,triquarta? omnes, 
funt 0.43^4 ; reuera totidem, quot funt cius abfcifrioncs. 
Et vtrarumqucdiflrercntia, 0.443^3—0.5^3^2 -+ O. 
443^ — 0 43 , cft decremcntu fpecici O.^^r^.QuoJ &c. 

Hypoth. 2. 

Efto in tabula fpecfofa, in quarto, & in quintultimo la- 
tcre, fpecies 0.44^3 : quam prarccdcntes inquarto laterc, 
funtfpecics, Oairi , 0.a2ri > Oarj , O.ri : quartaeau- 
tcm bafis tabulo! multiplicium ,numeri funt 4, 5, 4. 

Dico fpccici 0.44^3 , decrcmentum clTe 0. 443^3 — 
0,^42^3 -♦■0.44^3—0^3. 

Demonfhr. 
t* I 0.6airi : 0.6air^. 
•10.443^:0.44^3. 
^ \o.as:0,ri. 

I 0. 443^3 — 0.543r2 0.443^—0.43 : 0. 

E X 4^jr3 



uiyiLiz 
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Scd O.air^y & 0.a^ri , decrementa fiint ar- 
jup. qualia : 84 eft O.a^r^ , decrementuni 4<t3rj 
! ^6airz -4- 0.443^— rcrgoetiam 0.44^5, 
decrcmcntumcft (9.4^1 jr^ — O.d^irj -f (9.4^j 
— O.rj. Quod&c. 

hypoth. 3. 

Efto in quartultimo latere, prima fpccies O.ajiS^ efto 
fcmitota tertia wj. 

Dico, dccrcmentum O.a^ , efTc ;»3. 
' Demonjir. 

Pro communibus cnim totae , & femitotar abfcinioni- 

bus, ca^dem vtrarumq, funt abfci(ra?;& in ptopofita Tpccic 

0.^3 , rcfiduse nulla! : pro vlteriori vero abfciffione , rot« 

propria, vltima eft abfciffa, vnitate minor , quam tota, id- 

eft , fcmitota m : & vltima abfcifta tertia , propria totap, 

cft 3 . Quare fpcciei O.45 ,dccremcntu eft ^5 .Quod &c, 

Quarc &c. 
■ f I ■ ■ ■ 1 — — ^ 

Theor.A. ^rop. 4. 

TOta qu^libet, cft (equalis, aggrcgatis omnibus mi- 
nusordinatarum abfcifTarum fpcciebns, & vnitatf, 
acccptis fecundum numcros rauliiplices, in bafi fibi a:que- 
ordinataiaccntes. 

flypotk 

Efto tota quinta 5 qua minus ordinatae abfciff^, a^^ 
apui quarum fpecics ^ 0.^4 > 0.^5 ; O.ai , O.a, 
4 J Om: 



k 
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O.ti^. J^eftobafis quinta mulciplicium , cuius numeri, 
10,10,5. 

Dico : O. yi^^O. loa^ O. loai O, ^a 



p. b. 
X. b. 



Dcmonjlratio, 
0.^5 , & O.r j , x*qua^ia funt incrementa : quo- 
j rum altcrum , f j 3 alterum , 0. 5 ^4 O. i j 

w. Quod&c. 



I 

« 

I 



O.I042 -f O.^a ^ O.tt 
Quare^ec. 



Theor. 5. Prop. j. 

DEmonftrarc^qualiceracccptis totiS; qUc-equc manfa 
eft arqualis. 

Methodtts Demonjkatidnis . ^ 
Oportet in dcmonftrando , procedcre , a prioribus 
bafibus tabute fpeciofe, ad poftcriores 5 & in fingulis ba- 
libus, ab exteiioribus/peciebus, ad nteriores. 

Porro in fingulis balibus, pro prima, & vlcima 
fpecie,vnacftdemonftratio5 itcm pro fecunda, 
& pcnulcima 3 pro certia> & crituitima. Nam,vcr- 
bi gracia, fecunda, qualiccr acccptis cotis demon- 
ftrabitur a?qualis; talicer acceptis, «quatis erit etia 
pcnultima:quia conftat , fecundam , & pcnulci- 
F' mam , efle a?qualcs. ^»^^ * 

Subhoc vnotitulo, thcoremata conucniunt innumcra- 
bilia:cumcnim tabula fpcciofa, fitproducibilisininfini- 
tum,habec maffas innumerabilesj ideft, femper plures, 

quam 



38 ELEMENTVM 

quim quot quifquc afifignauerit . ^ 

Vna tamen eft omnium communis methodus dcinon- 
ftrandi , & duo funt argumenta : vnum , ab icqualibus cu- 
iufdam fpccici incrcmentis j altcrum ab sequalibusdecre^ 
mentis. 

Pro vltcriori methodi ennarratIonc,dabimus triginta 
fex theoremata ; qu^ fufficiunt , pro verticc, & bafibus ta- 
bu!^ fpcciofit, vfque ad decimam inclufiuc : qu^edam dc- 
monftrata pcr vtrumquc argumcntum^ quiedam folum 
pcr alccrum[5 qusedam^eniquc finc dcmonftrationc. 



4. h. 



Demonftr* i. 

O.u «: t. 
O.u: t^u. Quod&c. 

Demonflr, 2. 

O.a. decrcmentafuntxqualia, 
O.ui m. 



mit^u. 

O.u. t^u. Quod&c. 



2. O.ia: n^^t. 

T>€monjlu I. 
4- \0.ia^0.u^u:t2. 
O.ia: fi— O.n— 
ptp, I. O.u: t-^u. { 
^ b^\0.ia: tiTTt. Quod&c# 



5» f^» 
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Demonjk. 2. 
O.ai^ dccremencafuntarqualia. 
0. 2<l— Oii; 
O.za: mi 0.«. 
w2: r2 — it-^tk 
O.u: t^u. 
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I 0. 24 : r2 — f. QuoJ &c. 



4. h 



/«p.a 
fkp.p. 



S.h 



dcf.zuh 
fup.x. 



S. 0.6ai : it} — sti -+ f. 

Demonjhr. i. ^ 
O. 542 -4. 0.34 -+0m ^uiti. 
0. 6a2 -jh 0. 54 -4- 0. 2« -+ 2 : 2f j. 
0.6ai : its -^0.6a^0. lu^u. 

0.6a: sti'^ S^* 
O.iu : if — 2. 

0.6ai: its^St^ -^t. QuodSCC rfO^ 

Demonflr. 2. 
0.43 , decrcmenca funca?qualia« 
0,sai^0.sa^0.u: ms. 
O.^ai-^O.^a-^O.iu: ims .'r\\ x^'..^ | 

0.6ai: ims '4-0.6a'--0.iu. 

ims:iti —6^1 -4- 5f~2. 
0.6a: sti — 3f. 





O.iu: 


2f — 2. 




0.6ai 


; 2f3— 3f2 ^r. Quod&c; 









4. 0. 
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4. O.tf^r; — f. .c , 

^ Dcmonjhr.i* 
I 0.42r , incrcmcnta luntaequalia- 
'^^' \ O.iar Ojr ^ t : O.al ^tz. 

\o.l2ar^ 0.6r 6t: 0.6ai dri. 
O.iiar: 0.6ai^'0.6r ^6ti^-^6t. 
0.642; arj — jfi •+ f. 

^Mp.t* I 0.5r; ^fi — 3f. 

! 0.12^; 2f3 — 2f. 

I 0.6ar: t} —t. Quod&c. 



5. h. 



3 



Demonfbr.t. 
j 0.<i2r , dccremcnta funt afqualia. 
0.24r — 0.r:0.ai. .\ 
0.124r— 0.5r; 0.542. 
0.l24r; 0.6az -* 0.6r. 
0.6ai : 2t$ — 3fx f . 
0.6r: 3f2 — 3f. 
O.I24r ; 2f3 -r-2f . 

0.6 ar : t} -i-f. Quod&C. 



5. 0.443 ; f4 — 2fJ ■+ ti. 

Demonjhr. 



4. h, 

fnp.p. 

flf. t. 

fup. 3. 




O.^a} ■+ 0.542 0.44 0,u ^u: t^ 
O.u^t-^u. 

0.44; 2f2?^2f. - ..^-i.-.-.— — ^ — 

0.(?4i ; 2f3 — 3f2 f. 

Digitized by Gt 
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0.44 j ; r^— 2^3 fi. Quod &c. 
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5. 



2. ib. 



/up. 4. 



3. h. 
juf. 4. 



O.iiair : t^-^tz. Dcmcnfi.l. 
O^IY, incrcmcnca funt «quaba. 
O.iair ^O.iar ^Ojr ^t : 0.a^ ■+^3. 
O.liair ^ O.iiar ^ O.^ ^ : O.^a^ •+4^J. 
O.iiar: irj — 2r. O.^r: iti — zt. 

O.i^ajzt^ — 2ts-+n* 
O.i lair-h^ts-^itizt^-i-its-^ti» 
O.iiair ;r4 — ri.Quod &c. Dmonji.z. 
0.a 3 r, decremcnta funt «qualia. 
O.^axr — 0.sar-^O.r : 0.a 3 . 
0.i2air--0.l2ar '^0.^:0:^1. 
O.iiar: 2t$ — it. 

O.^r : 2tz — ^ 
O.^ai :t^-^its -f f2. 

C>.l2^2r— 2^3 Hh 2f2 ;r4 — 2^3 H^f2, I 

O. I lair :• r4 r 2 . Quod &c. 



7- 



0.3 oa^:6t$ — 1 5^4 ror^ — r. * 

Demonflr, 

O.^a^-^O.ioas -^O.ioai-^^O.^a^OM^ti^t^. 
0i6oa^-+O^i2Qai'-i0.t26ai -hO.^Qd-^O.i^fi 
1 ; -rH» ; 12^5* ; O.^ca: l6ti ^ 3<yr. 
O.iioai :^Qti 6ot2-^2cti- i 

0.12043 ;3or4-^^of3^5tri. ^ > 

v?l F 0, 1 2/# 
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fup.p. O.iiu: iir— iz. 

C>.d> 044-4-30^4 — 2XJf3-f2/: 12/5^ 
(9.30^4-4-1 5^4 — iQts-+t:6tj^ 
j (9.3 0^14 : 5r5 — 1 5 r^-*^ i of 3 — ^ Qucd &c, 

8» 0.6QaSr: }t^ ---5/3^.2^ 

Dejmnftr. 
O.a^Ty decremcnta luntxqualia^ 
5. (9.443^ — 0.542r-f(9.44r — Ojt 10.04. 

(9.120 43 r — O.lSo 42r-*- O.120 4^—0.30 ri 
0.3044* 

fHp.6. O.i8o42r:i5f4— ijr2. 
/»p.4. |0.l204r:2of3— lof* 



Jup. 1, 



O.^or: I5f2 — I5f. 
0.}oa4:6t$ — i5f4H-iofj — u 
O.i2oasr — I5f4-f 20fj — 5^:^^5 -^l^t^- 

I of 3 — f» 
0.l2043r: 6t^ 10^3-4-4^. 
O.Coair.it^ — 5f3-+i^ Quod&c. 



9. 0.3042r2;f5 — u 

Demonflr. 

0.ajr2, decrementafuntarquaUa. 
3. K 0.342r2 — 0.sari-^O.ri lO.rasr^^-O.az^ 

O.i 8o42/2 — 1 8o4r2 0.5or2 :0.i 2p4jr-f 
0.6oas. ^ ' 

Io.i8c4r2: 15f4~i5f2. 

O.Corli 
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0.l2ca}r:6t^ — lof3-*-4f. 

0.6 cas : i jf4 — 3 or 3 -+ 1 5 n. 

. 0.i8o42r2 — 15^4-4- 20f3— IJf2 -fiof .^'fj. 

— I jf4-»-2of3 — I jf2-+.4r. 
0. 1 8o4ar2 : df J — 6t. 
0.ioairi:t$ — f. Quod&c 



/1^.5. 



10. 0.1245 :2f5—(^fj-+jf4 — f2, 

11. 0.6oaj^r:2t6 — jf^H-jf^. T 

12. 0.6oasr2:t6 --^tl. 

15. 0.424<> :<^f7 — 2If(J-f.2 lfJ — 7f3H-f. 

14. 0.844jr: 2f7 — 7f j-f7f3 — 2f. 

15. (9.2io44r2:2f7~7f3H.jf. 
15. 0.42043^3 ; 5^7-+ 7^3 — lof. 

1 7. O.z^j ; 3f8 — 1 2r7-f 1 4f5 — 7^4^-2^ 2. 

18. 0.i(J845r.' 3f8 — I4f5-+2if4 — iof2. 

19. 0.i5845r2:r8 — 7^4-4-5^2. 

20. 0.84044^3 : 3f8-f7f4 — iof2. 

-11. 0.90,48: icr9_4jr8-+5or7 — 42^5 -+ 20/3 
— 3f. VJi 

22. O.s6oajr: jrp — 30^7-^53^5 — jof^-fiir. 

23. Oa 26oa6rz : Jf^— 53rj-+ioof3 — 42^. 

24. 0.2j2O45r3 :5r9-+2ifj — liof3-+84f, 
2j. 0.53044^4:^9-^20^3 2lf. 

25. 0.2 049:2rio — lor^-f i jr8 — 14^5-* lor^ 

F 2 27X>.i8o 



le 
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27. 0. 1 SoaSr : itio — 1 5f8-+42f5— 5 ot^^i irx. 

28. O.s^oajri .no-^zit^ ^jQS^ — Jori. 

29. O.S^oaSr^ ^fLCL-i-ytd — jor^^^ifi. 

30. 0.12(^0/15^4: fIOH-2Cf4 2If2, 

31. 0.66aiQ: I r-^ 3 ^f lo-f 5 Jfp— 55f7-+(>df 5 — 

32. 0.(^(5o^5?r <^f r jfpH- 198^7 — JScr^H-^jirj 

"'^"^ of« ..^.^ .-^.^^ ». ■ - 

5 3- 0.9po^8;'2;2fi i— 5(^f7-+-220f5— 23 If3-+75r. 

34. 0. 1 3 2047^3 :fii-+Mf7—i iof5-i-ip8f3 — ico/, 

35. 0.23 lo^^S^r^.f ii-f 5 5f5 — 23 If3-i.i75f. zi 
3(5". 02772^5^5 :fi I — 22f5-+23 if3~2 1 of. 

Etininfinitum, cademmethodo fupa tradita,poreft 
dcmoRftrari , qualitcr acccptis totis, qiia^cjuc mafla eft 
arqualis . 



Theor* 6, Prop. 6, 

DEaK)nfirarc,qua!itcr accepcis femitotis>quarquc 
mafla cftaiqualis. 

Mcth. Demonjhr^ 
Oportet prajfupponcrc thcorcmata dcmonftrata iru 
prcECcdenti, fua cuiufquc ma(& propria : deinde totas rc- 
foliicrc in fcmitoias,pcr ^/^f. i pA&pcr 8./^. vt fcquiiun 

12 :mz-v^m-^'t(. 
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/5;;w5-+5?w5-n 5w4-+2or;?5-^l ywj2H-5;w-^w. 

Sm-^u. ^ 

f9 : wp-t- ^mS-+ 5 6*^7 -i- 847^5 h- ii6m^-+ ii6m/[-^ 

^^l-^i^mi-^ 9w-fM. 
f 10 ;wio-n ow9-h45w 8-+ 1 20^7-^21 ow5h-2 5 2^5 

H-2 I OW^-f I 2 OW3 -+4 5 W2H- 1 OW-+M. 

III ; wll -+ I IWI0-+55W9-+ i55r»8 -f 330W7 
452w5h-4(J2w5-+ 3 3cw4H-i(r5w3 -+ 5 5^2 
I iw-+rt, 

Vnde, pro tnginta /ex theorematis propofitis in pra^- 
ccdenii,& demonftrabilibus, alia triginra fex proponc- 
mus , in pr^efenti , demonftrabilia ; videlicec . 

1. O.uim, 

2. O.iaimi-^m» 

3. 0.642 ; 2w3-*-jm2-+m. 

4. 0.54r ;w3-t3W2-f2w. 
,J. 0.4^3 :m/^.-i^2ms-+m20 

€. O.i lair :m^-^^ms-i-^m2'+2m, 

7. 0.30^4 ; 5^5-^15^4-^10^3 — m. 

8. 0,6oair : ^m^ I5?3^4 25^3 15^2 

9. a 
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9. 0.jo<iir2:m5-4-5W4-*^iowj-4^iow2-i-4W. 

10. O.i^a^ : im6'^6mS-^^m^---mi. 

1 1. 0.6oa^:2m6-*-l2m^ ^x^m^^ioms -^^mx 

— im. 

^2. 0.6oairz.7nS -^^^m^ ^i^m^^^omj 
-^^m. 

0.^2a6 ^^mj-t-iim^^iim^^^jmj^nf. 

14. C).84<ijr:2W7-<- 14^5-4-3 yw5-+s 5^4 -^y^^ 

^ 7W2 — 2W. 

15. 0.2lo^4r2 : imj ^ l^m6 m$ ^jom^-*' 

6imi -^^imz — zm. 

16. 0.420^3^3 : 3^7 2 1^6-^6 jm^ -+.105^4 
^ 1 1 2W3 -4- S^mi 3 im. 

j j. O.i^aj : 3w8-f I2m7-H-I4>w($' — 7W4-+2W2. 
1 8. 0.i58ii(^r:3wj8-f24W7H-7ow^-+84w5-i-2iw4— 

28^3 IOW2-4-4W. 

Ipt 0.158^5^2 : w8--^8w7-+28w^-h5(5w?5-+(5'3W4^ 

28^3 — 8w2 — 8w. 
20. 0, 84044^3 : 3w8-*- 24^7-4- S^*n6 158^5 -f 

2 1 7^4-4- 1 96m3 -i-il 5i»2-f 3 
ji. 0.90^8; lom^-i- ^pn8-^6omj — /^.im^-+iomi 

— 3W. 

27» O.i^oa-jr-.^m^-^ e^^mS^i omj -i-i i om6 -^6 ^m) 
— 105W4 — 5 owJ3-+3owf2-+i aw. 

23. 0.l^6oa6r2 : 5^9 -+ 45^8 r+ I 8o^?;7-^420;w(y-^ 

567«f5-»-3 1 5^4 — I io/»3 — i^om^ — i^m. 

24. O.-i^ 2045^3 : 5W9-f-45w8 -f i 8c?»7-+4io;w(r-»- 

55IWJ 



C V N D V Nf. 47 
^5 1^5-^73 5 W4-+ 52 owj -4-50W2 — p^w. 
a 5 . 0,5 3 044/4.7»^ -4- 8-1-3 5^7 8^w(> -+. 1 2 Cm^ 

0.2o4p: 2;«io-f X0W9-+ 1 5^*8 — 14^5*-+ 10W4 

---3;»2. 

ay. 1 8o48r: 2 wio-+-2ow9-f 7 Jw8-+ 12 0^7-^42^5 

— 84W 5 — 5 OW4-+40 w 3 -^2i7m — 6m. 

a8. O. 35047^2: wio -f lowp-i- 45^8 -+ 120^7-+ " 
i8$m6-*-i26m^ — ^$m^ — loom3'+2^^ 

25. O, 8404^^3 ; mio-i- IOW9-*- 45^8 120^7-«* 
2 17^5-^294^5 2^5W4-+5ow3 ~ io8wa — 
6^m. 

jo, 0,12^045^4 ; wio ICW79-+ 45w8 -+ 1 20W7 ^ 
2l0;«5-v2j 2^5 -+ 230^4-^ 200W3 i44;;>2H» 
48W. 

51. 0. 55410; 5wii -f 33wio-h 55^9 — ^^mj-t 

66m^ — iimj-^^m^ 
32 0.55o49r ; 5wi l 55w l o-»- 275 W9-+ 495^8-1- 

198^7 — 45aw5 — 3 30^5-^3 3 om^-i-^S 

— 99W2 — 50W» 

53. 0.99048r2 ; 2^1 1-^22^1 o-vi 10W9 330^8-* 
SP^mj-^ ^6im6 — 242^5 — 550W4 — iims ' 
■^^3 im2-¥^2m^ 

34. 0.132047^3 ; ;wn-+ iiwio^ 5 5^9-+ i^^wS-k 
541^7^ 539^5-* 5 S^w^-f'*!^ JW4 — ^S*''^^ 

2 20m2-+3 2;». ^ 

0,2ji045r4r wii-+iiiifio-*- 55^5^-+ 155^8 

330W7 
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16. 0.2772^5^5 ;?«ii-fiiwio-+ ^^wp-^r^^jwg-i. 
33ow7-^4^2w5-t-44ow5 -*-2 2ow4-*- ijSm^-i- 

Sicut autem poffibilc eft , vltra dccimaip bafim fpecio- 
fx tabulae , in demonftrando procedere, in pra?cedenti,- & 
ofta^ndcre, qualiter accepis totis quaxjuc malTa eft^^qua- 
lis : ita poflibile eft in prxfenti procedercj & demonftrare, 
qualiter acceptis femitotis^ quseque mafta eft ^equalis. 

— - - - , 

Theor. 7. Prop, j. 

DEmonftrare, qualiter ncccptis fefquicotis , qu.-equc 
mafta cft arqualis . 

Meth. Demonftr. ••^•'2f 
Oportet pnefupponcre thcoremata, dcmonftrata^ 
fubtitulo prop.^. h. fua cuiufque propriardeindc totas 
refoluere in fefquitotas pcrdef.iS.k & pcr io.;?.vt fe- 
quicur. 

2;<^2^2^//. ^llfOlV 
i <I3 ' — 3 ^ 2H' — . . ^ — ^u» f > ' > 

5 •?5~594--<-ic^3-^io^l-f5^ — /^. . 

7 • ?7 — 7?^ ^ I ?5 — 3 5?4-^ 3 z^i^yif^u. 

8 ;^ a 8^7-tj2 8^(5 --.5 fi^^S -^7«f 4^.J<5^fw. -2«^ JU^ 



Dii 
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r i o * ^ i o — - 1 ^^9-+45 ^8 I lofj a^i q j5 ~ i 5 5 

2 10^4 — I 2C^J-*-45^2 — 1<>^^#. 

1 : 71 1 — I i ^ I o-» 5 5 ^9 — 1 55^8-1.3 3 0^7 — 4d 2^^ 
-^4(> 2^5 —3 3 Oiy4-^i55^3 ~5 5^2-^1 r^ — «. 

Vncle,protrigintafextheorcmatis ,propofitisin 5.fe. 
aliatriginta fcxproponemus,in praffenti,demonftrabilia, 
vidcliGCt. ' . 

I. 0.»;<y--2. 

L O.iaicjz — 3^H-2. 

3. 0.5^2 : 2^^3 •-9</2.-+i — .^- 

4. — 372-+2^. : 

5. 0.4^3 ;74™5^3-+i3^2-r\'t2^-t-4- 

6. 0.i2^2r;^4 — ^^S-^^^^r—^^. 

j. a3c44;5(75-<-45^4.H-.i3o^j3.— 180^2 -+1 19? 

j- ■ - ^ 

— 30. 

8. O.^oa^r: 3^5 1 5^4-^25^3 — 1 5 ^2 -+2^. 

9. 0.soairi:q$ — 5^4-+! 0^3 — io^2-+4^.- 

10. 0.12^5 ::f]6--' it^y5 55^4— i^o^3 -+ll9^a--> 

II. . 0.5c^4r:'?^i^-"^vf ^^-+^5f4--*20i^3--»'3fi^^ . 
12. aero^jri :^<j— 575-+ 157^— '0?3 •^•f4?i — 4f 

4. 0\8445r; 2^7-'- i4^d ^'^5^5 "^- 35?4 ^ 7?3;'^ 



8 
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15. O.z 10^4^2:2^7 — l^^^-^^^^qS ~7oq^-+^3^3 

— 84^2-^32^. 

17. 0.2447; s^S — ^^^^-^IiS^^d-— 504^5-^833^4 

— 84o^3-+5 o5^2 — 1 68^-i^24. 

r 8, a 1 6 Ha6r : 3 78 — 2 4^7-+ 70^5— 84^5-^21^4-^ 
28^3 — IC^2 — 4f. 

19. 0.i6Sa^ri\(fS~ S(jj-+28q6— 55^5 -+<^Sf+ " 

28^3 — 8^2-4-8^. 

2 0. 0. 840^4^3 : 3 2 4^7 -4- 84^(^— i d 8 ^75 2 1 7^4 

— I 96qi -4- 1 1 5^2 — 3 2^. 

21. 0.5?o48: 10^9—135^8 78c.j7--2 5 2o^(T 

^ 45^^8<y5-^^3oo^4-+ 5060^3 — 2520^2-^717^ 

22. 0.35047^; 5^p— 45^8 150^7 — 2ic^dr -* 
^3^5 ^ 1 05^4— 5 0^3— 3 0^2 -4- 1 iq. 

23. O,I2^045r2; J^9 — 45^8-*- 180^7 — 42 0^6" 
5 ^7^5 — 3 I 5 ^4 — 1 1 0^3 -^- 1 5 0^2 — 1 27. 

24. 0.252045^3 :5f9 — 45?8-f 180^7 — 420^5 -f. 

55 1^5 —735^4-^520^3 — ^0^2 — 95^. 

25. 0.53 044^4 ;^9— 9^8 -^3 5^7— 48^5 -»- 1 2<^5-r 

i^tf'^^ -4.104^3 —95^2 -+48^. 
Id'. 0.2049; 2^1 0—3 0^9 -4- 1 95^8— 72 c<y7-f 1 666q6 
^2 5 20^5-^253 0^4- 158 0^3 -h7i7<^2— 18 o^-+20 

27. O.i8o48r; 2^10 — 20^9 -f 75^8 — 120^7.-* 
42^6 -H- 84^5 — 5 0^4—40^3 a I -^tf^. 
' ^ 28. O. 
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28. O-.J^oajrz /^io-^ id^9-H45^8— iao^7~: 1 89^6 

. — iid^5— 5 5f4-*.ioo^3~24y. 
•29. O.S^oaSry.ijio — io<^9h-45^8 — 12 0^7-^-21 7^5 

— 294j^-i^2S^^^ — 5c^3 — lo8^2-+5'4^. 
30. O.I26o^?5r4 ;^io~'i o^9 -+ 45^8^^^ 20^7 

2 1 0^5 — 252^5-423 0^4 — 2 6 o^ j -+ 1 44^2 -^4 8^. 
3 I. 0.66aio : 6^1 1 — 99^10 -+ 71 57P — 2970^8-+ 
7854^7 — 13850^5-+ 15598^5 --13 8^0^4-4- 

7887^5 — ZpJOiJl-^^S^^ — 5^. 

32. 0.5^o^9r ; I — 66^10 -+ 275^9 — 495^8 -+ 

19877-^452^(5 ~ 3?of5 — 330f4-^^3 if^ 
P972 — 5 

33. 0.99048^2 ; a^r I — 22710 H. 1 1075^— 3 3078 -4. 

59477 — 45275 — 24275 5 5074^ 1 173 — . 
23172H.427. 

34. 0.132047^3 : 71 1 — 1 1710^ 5579— 15578-11 

3 4 if1^^-^5 3 ^-^ 5 8 3 75 — I <^ 5 H — 3 5 ^^3 
22072H-327. 

35. 0.23 Io<J5r4; 711 — 11710-f 5579*^ 15578 -+ 

3307 7—4 5 2 75-+ 5 1 775-^50 5 74-+ 4 8 473 8 872 

— 2327. 

3<^. 0.277245^5 :7ii — 11710-4. 5579— l<^578 t#- 
33077 — 45275 -f 44075 — 22074-H7573 — 

52872-4 847. 

Sicutaucem ponTibileeft^vItra decimani bafim fpecioff 
tabulx demonftrare, qualiter acCeptis rotis quxquc mafta 
eftafqualis, iuxta mcthoduiia 5.^. itapoffibilc ct}-, etiamm 
- f G 2 prae- 
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prsefcnti procedcre in infinitum , & decnonftrare r ctiam^ 
vltradecitnambafitiijqualiter accepcis fefquitqtis , qux- 

quc mafljcftsqualis . - 



Theor.S.Prop.S. 

DEmonftrarCjqualiter acccptis primilatcris fpecic-. 
bus> qu^eque maffa eft acqualis 
Meth. Demonflr. 
Sub hoc vno titulo , innuraerabilia thcorcmata cenferi 
poflent , quorum vna communis cft methodis demon- 
ftrandi, pcr 5. fc. refolucndo malTis, in toias fibi ^equales; 
& per 4. fc. rcfolucndo totas , infpecics primi latcris fibi 
a^qualcs. 

Pro vlteriori mcthodi enarratione,proponcmus vi- 
girtti quinquc theoremata, vnum cum demoniVatione, & 
reliquafme dcmonftrationerqu*^ polfunt facile dcmon- 
ftrari, fccundum methodum alTignacam . 
1« Oiar.O.az-^O.a. 

Demonflr. 

y.h. 0,6ar:t$—t. 

t:OM-^u. 
1 O.eariO.lAl-^O.lA. 
\0.2ar .'Omz-^O^. Quod, &c. 
O.^airiO.za^-i-OiSaz-^O.a, - * liiLU^ 

3.- O.^air:0.a^--^0,%ai-+0.az. 

A. 0. 



V.S E C V N D V 5J 

5 . 0.5 oii^}- ; 0.(5<i5.-^0. 1 5 <«4.-^0. 1 o<i5 — 0.a. 
S. 0.6oairz :0.6a^ +0.1544 -4.0.20^5 -+0.I5<«2 
-^O.^a. ' .0 •. f 

7. O. I ^a%r: 0,24<f n- 0.54 5 -4^0. 5 44 — 0.42. 

8. O.^oa^rz :0.2a6 -i^ 0.6a^-i^0.loa^-^ O. r 0^3-+ 

5?. 0.2o43rj;O.<i(7-*-O.7^<5-+O.5<i4-i-O ja^-i^O,^az 

— 0.24f. ^ •-QU»i 

10. 0.42<i5f ;^).(>^7-f(9.2i45-+0.2 1^5 — 0.ja^-i-0,a. 
I f. 0.84^5^2 ;0.4^7-*-0.i4<i6'-+0.284j--f0.3 5<<^-+ 

0.14^13 — 0.7/^2- -0.4^. 
1 2. 0.42 o<i4r3 ;/9. 1 2<<7-f 0.4 2.i5-f 0.844 1 o 5 44 

-i^O.9843 -v-0.^342-+0.i54. 
1 j; 0.2447^: 0.348 -1-0.1247 H-O.I^^^^ — O.744-+ 

0.242. 

14. O.S^i6rl: O.348-+O.I 247-f0.284(5^-+0.424J-f 

0.2 I 44 — O. I 443 — O. I 042-f0.24. 
If. 0.16 845 r3 ; 0. 5 48 O. I 247-I-0.2 845-+ 0.4 ^45 
0.4944 +O.4243-+O.442 O.I24.. 

1 6. O.i 1 044>4 ; 0.3 48 -»• 0. 1 247-1. Sa6-^0.^2dj^ 
0.4244+p. * 843 -f 0. 3 242 2 3 4. 

17. 0.p048r;0.i 049-^0.4548 0.6oa'J'*^0:4idi'^ 
0.2043— 0 34. 

18. 035047^2: 0.IO4P ■+ 0.4548 -^* 0.12047 ^ 

0.2 104^ O.I2<5^4j-^I0 5^4'--Ol0043 ?♦ jj 

^^' ''a304a-+ 0.244. , 

19.'©. 
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O.S^oaSfi : O.IC4P -H. 0.4548 -4. 0.12047 
(9.2 io4(^-f 0.25^445 -H 0.3 I J44 -+ 0.60^3 

O.I5042~0.^4<l.:.V .^-^b.C 

20. O.ix6oa^r^ ; O.io^p -+0.4548-+ 0.12047 ^ 

O.2I045-+O.25245 0.2 1044 -+ 0.20045 
0.i(^542H-0.484. 

21. 0.204pr:O.24io-frO.i04p-fO.i548 — O.i^^^ 

-+O.1044 — 0.542. 

22. 0.9oaSr2 O.241 oh^O. i 04p-f O.5 oaSH-O.^oaj 

•+0.4245 — 0.4245 — O5044-+O.2045-+O.2142 
— 0.54. 

25. 0.12047^5 :0.4io-f0.54f-+0.i548+0.5047-+ 
0.494(j-+0.6'5 45 H-0. 1 5 44—0. 5 045 — 0.2 042 

-+O.I24. 

14. 0.2 1 045r4; O-^I o-hO.^^p-i-O.l 548-+O.5 047-* 
0.4246 0.4245 ~rO. 5 5 44-^0.5-5 4 5 — 0. 842— 
0.3 74. 

25. 0.2 5 245^5 : 0.4I o-f0.54p-tO. 1 5 48-f 0. 5 047-+ 
O.4245-+O.4245 -tO.2 044 — 0. 545 -+0.4842-^ 
0.54^.. i 
Aliaquepoflunt in infinitum proponi thcorcmata , & 
demonftrari^quibuspateat, qualitcracceptisprimi Jateris 
fpeciebus,qucque mafla cft arqualis. cQ.r. . , 

DEmonfb^are, qua:^ qualiter aceeptse. tot^eipccics 
ineadcm bafi vicinas^aliquAliterKccptas^^equales 
facianr. x 
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innumcrabilibus theoremarw, qua? funt huius titul/, 
proponimus vigintiquinquc: & ex his quatuor folumodo 
deiiionftramus3qu;]e fufficiunt,ad oftendenda mcchodum. 







Demonjhr. 






h. 


0.6 ai : 2tz ~ Zti-¥t» 






b. 


O.^ai-^iti — /.-a/j. 




5- 


0.6ar:t3 ~t. O.i^ariitS - 


-2/. 






(9.i2<ir-+^2r:2r3. 








(9.5^2 3 f 2 — r ; 0. 1 2^^-+ 2f. 








0.542-^3^2 ;0.l24r-+ 5 r. 








0.^a2-+ti :0.^ar-it. Quod&C. 




«1, 


O.iai-^tz :0.6a2r-+t^. 












5- 


h. 


0./[a^ :r4 — arj-fra. O.^as-t-^t}- 


— r2 ;r4. 




h. 


0.lia2r:t^-"-t2. ^o. 0.i2<jar-+r2 


; r4. 




• 


0.4<ij-+2r3 --r2;0.i242if-+rj« 








0.4^3H-2r3 ; 0.i2azr-+2t2 . 








O.2/13 -rr3 :0,5^rH-r2,^.Quod&c. 




h 


0.6a^-^t^~+t:0,z^a^r-+^t3. 










^ f 






0.3 044 : 5ry — 1 5^4-^ 1 0^3 






f 


O.s 0/14-+ 1 5^4 — 1 or3 -+/; ^r5 . 






adOi?3r> 3/5 —5/3-^2/. 


1 ■ 




J 


0.6oasrr+itSr^2t:s4J . 





0.iao43r 
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4f. 

O.Ca^-^S^^^^tzO.^^asr^^ti. Quod&c. 



ai 2^3 r -4-^1 :0.i Sairi^n-^ 

Demonjlr. .\ — t^- 

5.fc. 0.6oair: jrS — 5^3 

0.5c^3r-4-5f3 -^^^ '3^5' 

a3 042r2-+f;r5« 

O.^oaSr'*- — ^t .^O-.^^oa^rz^ ^r^ . • 
O.^casr-^^^tS 'M^oa^r^-^ ^t. 
.-: I ai2^jr-4-f3:0.i8^5r2.-^fT Qaod,&£ ' 

5. 0. 1 2 ^4r-+f4; 0.2443^1^^2. 

7. 06^5-+3f5-^^4/3 ;0.35<i5r-+5f5-»r. 1 

8. 0.iza^r-i^t')-^t:0.s^^Y'^'^'^^^' ^ i 
0.i8<t4r2-fM ;0.2 4««3r3'+f. 

10. 0.5^7-t3f7-i-7f4;0.42<t5r-+7fC)-v3,fx. 
n. 0.i2<r5r-»f5H-2f2 ;0.3545f2-^3r4. 

12. 0.1 8<t5r2-*f4 ;0. 3 044r3-ff2 • ' 4^1 

13. 0.3 048-f 1 5/8-^5 5^5 -*-'5)f ; 0.80^7^^-40/7-^40^3 

14. 0.5o47r-+ 5 /9-^2513 zOiZToa^rx-i^tU^^^tA 'l 

15. O.^o^f^ra-f^f^-^-jttO.^off^it^^^^Yj^ 

15. 0. 
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15". 0.lioa^r^-¥ictj ••O.i 5 044r4-ff5-+pr. 

17. O. I o^5>-t 5 rp-f 2 8r5-F 1 2f 2:0.po48r-+ 1 5/8-^30^4. 

1 8. 0.(>o^8r-f 5f8-f5or4;0.24047r2-4-28r5-^27f2. 
Ip. 0.^oajr2-i-j[6-+iHti:0,iioa6r}^2$t^. ^ 

20. O.i2o^6^r5-no/4:0.i8o^5r4-h/d-+p/z , 

21. 0.6'tfio-+5fio-+24f7-i- 24^2 : O.6o<i9r-+ lof^) 

-4-35f5-f5f. 

22. 0.5o4pr-H5fx?-f-pof5-f25f • O.ijoaSri -+ J5f7 

-4-84^3 • 

2j. 0.s)O4Sr2-^Sf7-f57f3 ;0.240tf7r3-+40fyH.25f. 

24. 0. 1 2 ort^r 3 -f I 5 f 5 -+ 2 5 f ; 0.2 1 045r4-f f 7-f 5 P^5 • 

25. 0,^oa6r^f.-*-6i^:O.S6a$r$-+t$-^$t. 

Et alia huiufmodi proponi polTunt innumcrabil/a : qiii - 
bus in finguiisdemonrtrari poterit, qua: , & qualicer acce- 
ptx totXy fpccies in cadem bafi vidnas, aliquaiitcr accc- 
ptas, cXqualcs fjchnt . 



Thcr.io.PrcpAO. 

DEmonftrare>qua!,&quaIiter acccptar fcmitota^jfpe- 
cics in eadeni bafi vicinas,aliqualiter scccptas, 
^quales faciant. 

Pro innumcrabilibustlicorcmatis liuius tituli , vimnti- 
quinque prcponimus, & vnum iicmonftramus , ad often- 
fioncm mcthodi . 
I. 0,2ai-+mi^m:0^r. 

H 2>^- 



5» 




6. b. 



6. h. 
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Demonftu 
0,6az — imz-rrm: im} . 

OAiar: im}-+6mz-i'^-m. 

O. I lar — dwz ~ 4^ : 2 . 
O.^"^!— 3 — m:0.iiar — 5^2 — 4^. 
O.^"^! ;(9.i24r— - jwi — }m. 
O.zaiiO.^ar — m2 — m. 
I O.^ai-^mi-i-m ;(9.4^QuoJ&c. • 
O.ia^-^ms-^imi-^m :0.6a^r . 
0.(5^4-f 3W4-+8w3-t-5w^2-*-w :(9.24<<jr. 
O.i 243r-+W3-^^3W*-+2w :0. i ^airi . 
O.iS^^^ 3 7f? 5 •+ 1 cw4-i- 1 o w 3 -+ 2 w 2 .-0.3 c^4r-+wi. 
0. 1 2^4rH W4-+4W3 -+ 5 W2-+ 2?» : O.^ 4^3r2 , 
0.(J<J^>-+3W(^-*-i2W5H i 5^4+4^3 :0.36ay^ 

^m^-i-m. — 
O.i 2^5r-+w5-+5W4-<-8w;3-+4W2 ;0.3 044^2 . 
0.l8^4r2-fW3-+3w2-+2w;6?.24^3r3 . 
10. 0.6a-]-^im^ -^i^m6-^iim^-+jm^-^m: 0.^ia6r 

iH. p.i2a5r-+»p6-y6m^-^i2m^-i^imi:0.i6a$r^r^mi 

12. 0.18.15^2+^4-4-4^3 -+5/W2-4.2?»: 0.3044^3. 
rj^* 0.3048 I5w8 -+ 8o^;?7 -+ \^om6 -+ ^6m^^ 
20W2-+9W : 0.2 4O47r-*-7orw4-f 40W3. • 

14. O.^oa-jr Hfc- 5w;7 t 3 5»»^ -* i^m'^ -+ 7o^4* 

0.iiQa6m 



2. 

3- 
4- 

5^ 

(^. 

7- 
8. 

9 



d by G* 
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lyO.soaSri -f 2/w 5 -+ 1 om^-^ i$ms-¥^m2 :0.6ifn^r^ 

-4- 1 W • »- 

j6. 0.1 20^5^3 -f20W2-*i 6m: O.i^oa^r^^m^s 

17. a I -4- 5^9-^3 o;?*8 -4-dow7-4-2 8w5-f2C?«5 

-4.Iiw2;0.po48r-f42W5 -1-30^4-4-3/». ♦ 

18. a50ii8r-*- 5^8-4-40^7 -4. II2W^-*' II2;«J 

1 8 w ; 0. 2 4o^7r 2 -f 2 0W4 -4- 8 o W3 -4- 7 w 2 . 

ip. O.^oajri -* 7W(i^-»' 42^5 h- 80^4 40W3 

(9. 2 I c ii^r 3 -4- 2 7 w 2 -4- 2 2 7». 
20. 0. 1 2 0^(5^3 -4-2 0W3 -+ 35w2 -f 15w;0.l8o^jr4 

-*-w(^-h5w5-4-5W4. 
ai. O.fS^^no-t-^wioH-io^Tjp-f^swS-i-i^w^-t-Sow^ 
-4.24W3 ;a5o4pr-f42w5-<-3 5w5-+9^2-+jw. 

22. a5o4pr-f5w9-f45^84-i44;^7-+i(58w(^-i.72wi 
-+ 1 6" w : a 2 7 o ^ 8 r 1 h- 3 (5' w 5 -t- 1 8 o r/^ 4 -i- 2 4w 3 . 

23. a90<i8r2 -f8w7-i-J<^w<J-+ ii8A;?J-f 80W4-+ 2W 

0,i^oajr^-^6ims^6im2. 

24. 0.l2C47r3-+4CW4H- 75^3-+ I2W2 : O.21 046^^4 
' . ' ^ ^^mj-^im^-^^m^^-^^^m^ 

15, a3cii<Sr4-+8^w2-+8;w ; 0.35^5^5 -4-W5 -4«jw4 
"+4^3. 

Et^mnirto in cjuiihbet bafi fpeciofetabuIie,proponi, 
& dcmonlhari poteftjqu^ej&qualiteracccpta? fcmitotf, 
fpecics vicihas, aliqualiter acceptas, a^qualcsfdciant. 

■, y \\ — — 

l H a Tleor. 
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Ther. n . Prop. n . ^ 

DEmonftrare,qux^52quaIiccr accepca* fefquitotar^ 
fpccies in eadcm bafi vicinas^ aliqiuliccr acccpcas, 
xqualesfacianc. 

Sub hoc ciculo viginciquinque proponimus theore- 
maca^ex quibus vnum dcraontlranius, aJ oftenfionenu 
mcchodi . 



Demonjk. 



7. h, 

4 



0.6ai iiqi — -p^2-H3^— 5. 

0.6 ar ;^3 — 3^2-1-2^. 
O.izar : iqs —5^2 -+4^. 
O.liar-^pci : 2^3 — 6ij2-+I$j, 
O.^ai-i- s^x-t- 6 : 0. 12 ar-+^(l. 
0.242-*-y2-+2 :0.44r-+3^.Quod&c# 

2. 0.243h-^3 -h5^; 0.5<i2r-f4^2-+2. 

3. 0 .6^^-^ ^(j^-i- $ o4jZ'+6 :0.24^3f-n5^3-+2j^, 

4. 0Aiair-^qi-+iq\0.iiair2-+iqz . 

5* 0.545 -+3 ^5 -+50^3-+ 3 lj;0,3 044;-f 2054 -+ 58^2 

O.i 2<i4r-+^4-f5^2;0.2443r2-f4^3-+2^. 

7. 0.54(>-r3^5-f75^4H-p3^2-+ 5;0.3545r-+ 24^5 

8. 0.l2<<5r-»^5-f 8^3 ; 0.3044^2-^5 ^4 -+4^2 J 
0. 1 844^2 -f -f 2^ : 0.2443 rj 3 ^2. 

10. O, 
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11. 0.l2a6r-^ej6'i' l^q^-^ 2q:0.^6airi ^q^-^ 

12. OA8a$ri-+ij^-i-^ij2 :0.soa^r^-+^(j^-+2f ^ 
13^ O.3048-n5^8-+7oo^6'-+2iyo^4-f82o^2-+ 30; 

14. a6'o47r-.-5^7-*.84y5 -^30^2 :0.2loa6ri^i^q6 
-^70^4-^ 10^3 -1.4^. 

I J. ^^.^©^^'r^ -h<5'^5-H.45^3; 6?. I So^i^r^-i' 30(^4^1 5^2 
6q. 

16. 0.12045^3 -4- Jy4-f 15^. (7.15044^4-^^5 -h2C^2. 

17. ioJ9-*-5<y9-^ j 00^-+ 1 302^5 8 20^5 -f 5)3^; 
O.S)oaSr 6^ oj8 -4-81 2^6^ 1 290^4 3 48^2 

-4- I o. 

1 8. 0. 5o<i8r -f 5^8 r 1 2^<r -f. 80^3 ; O. z^oajrz 

-f 4o<y7 -4. 1 1 2^ 5 2 0^4 -f 7^ 2 -I- 1 8f . 
i^. 0.18047^2-«. 14^5 -f 105^4-1.44^; 0.^zoa6rs 
-f 84^5 80^3 Hh 54^2. 

20. 0.i2 0J5r3 -i-^^f^ 35^2; 0.i8oa^r4-+q6 -¥ 5^4 
-*-2o^3-f 15^. 

.21. ©.(^'^iio -+ 3^ro •H' 2 2 5<y8 H- i$o2ij6 -H- 1230^4 

-*'279^»-+5;0.5o49r-f40^9-h ^95^7-^ 154^^5. 
22. 0.5o<i9r-*Jy9H.i44^y-f x8o^4-+l5^; O.zjoaSrz 

5 ^8 1 58^5-». 3 5 -+ 2 4^3 -+y 2^2. 
a3.0.9o^i8r2 877-+ 12 8^5 -f(Jij2-+2f 0.2 40^7^3 
5C>^5-*8o^4Hh53f3« 

24. 0. 
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p. O.S^oaSri : 0.ic4p O.4548 -r* O.iioa-j 

0.1 ioa6 -+0.1 9^a$ O.3 1 5^ 0.(^o4j — 

O.I5 042~O.^4<l. 

0. O.i26oa$r^ : O.io^p -+0.45^8-^ O.iio^y ^ 

0.2 1045-+0.2 5x^15 0.2 10^4 -f 0.200^3 
0.iC)5<i2-+0.48^. 

1. 0.2o^pr:O.2<iiOH-O.i045)-fO.i548 — O.i^aS 

-+O.1044 — 0.3^12. 

2 2. O.^oaSri : 0.24I ontO.i o^p-f O.3 oaS-tO.^oay 

-1-0.4246' — O./^ia) — 0 J 044-+0. 20^3 -+O.2 1 ai 
— 0.34. 

23. ai2o^7r3 ; 0.<<io-+0.54^-f-0.i 5^8-^0.3 047-4- 

O.^P^^-l-O.^^ 45-4-0.1 544 O. JO43— 0.2O42 

-+O.I24. 

14. 0.2 io45r4;0^^io-^O.J49H-0.i 548-^0.3047-+ 
0.424(:>'+0.424j-f0.5 544-. 0.6*5 43 — O.842— 
^ 0.374. 

2 J. 0.2 j 24jr J : 0.41 0-^0.549-^0.1 5 48-+0. 3 047-H 
0.4245-f0.4245H-0.2 044 — O.543-f0.4842-!- 

0.544.. ' . 

AliaquepoflOnt in infinitum proponi iheorcmata,& 
dcmonftrari,quibuspatcat, qualitcracceptisprimi Jateris 
fpeciebus,qucque mafla cft ^qualis. ' " o<^.0 r\ 



V « 



DEmonfl:rare, qua?,& quajiter aceeptse totgefpecics 
ineadem bafi vicinas,aIiqialK€r ^cccptaSi^apqualej 

faciaot..^, Ex 



i bv C;. 



5. A. 
y. h. 
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fijc innumcrabilibus theoremam, qua^ funt huius tituli, 
proponimus vigintiqiiinquc: &ex his quatuor folumodo 
demonftramusi quaj fuificiunt,ad oftendenda mcthodum. 
im O.iai-rti ^O.^ar-^t. 

Demonjhr. 

0.6ai ;^t^ —Iti-^t. 

0.6az-^lti — /;ar3. J.^. 
0.6ar:ti — t. O.iiamtS 
O.izar-i^ltizts. 

5^2 3 f 2 — / . -^?. 1 2 4^-+ 2 1. 
0.6ai-¥sn :0.i2ar-*^t. 
Or-az-^t^ :0.^ar-it. Quod&c. 

a. C^.2<i3-*r3 ;0.^<i2r-+r». 

T^monfir, 

5./?. I 0,443 :f4 — 2r3-ff2. C?.4/«3-»-2f3— f2 ;f4. 

y. i!;. j 0.l242r;f4--f2. Oa lazr-i-ti :t^. 

0.4<i3-+2f3 ••-f2;0.l242lf-+f2. 

0,443-^2/3 ;0.l24ir-+2f2 . 
0.243 -rf3 :C>.<^42.r-+f2. Quod5:c. 



j. 0.(^<i4-»-f4-ff: 0.2443 r-+ 4/3. 

^Qemonfir. . 
5. fe. I0.3044:(yf5.- l5f4^iof3--f. 

I 0.3 044-n5f4 — iof3-ff;df5 . }> 
5.^. .O.do43r;3f5— 5(3-^2/. . .^,.^^. 
J O.(jo43rr+5f3.--2f;3^5 . >^t+-£-;bfec>l.O 

O.I2043r 



r 
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O.Ca^-^lt^-^txO.i^a^^r^^ti. Quod&c. 



.V Dewonjlr. \ — ir. 

5.;;. ( 0.^0^13 f; 3f 5 — 5^3 -^^r; ^r-vn 

0.(>c^3r-»-5f3-^:2f .'3f5. 
5. 0.30^2^2 :f5 —*f.+--^Mi.^- 

0.3 04ir2-+f ;f5. v 
— - ! O.9o<f2r2-^3f ; 3-/^.- 

0.6oa3r-*-y3 — 2f .v 0.5)0^2^2--+ ^f. 
, 0.5c^3r -4-5^3 :^*^<t^y^-*-5f. 
I O.l^air-^tsiO.lSa^ir^-ri-t: Qciodj&t. ' 

y. O.^a^i-^-^i^-iiti ^O.^oa^r-^^t^* . , 

5. O. I2^4r-+f4;0.24it3rr-+f2. 

7. 06^t5'+3f6^-^^4f3 .•0.3 6<i5r-+df5-* f. , 

8. 0.i245r-»-f5-vf;6).3O^4r2-f2f3.. . - | 
^ "0.i8<i4r2-+fj;0.24««3r3-+f. 

10. 0.5^17-^ 3f7-^ 7^4 .*0.42<f5r-+7f(5'i-jfi. 
I T. 0.iza6r-^t6-^zti :0.i6A^^i-^lt^. 

12. (9.i845r2-+f4;0.3C/*4r3-ff2* - ' ,^ 

1 3. 0.3 c^S-j-i 5/8-+ 55^5 -t-'9f; 0.8047^-^40^7-^40^3 

14. O.d^o^^r-fyfpH-iif^iO^l-oairr^-talff-A^^^f.^^ 

15. 0.30<r5r2-+2f5'-»-3tt0.6^o7r5t3H:5Y3\ 

i(>. 
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17. O. I o/fp-+ 5 f p-f 2 8r<J -I- 1 2tz:0.S)oaSr-* i 5 / 8 J 6^4. 

1 8. 0.(7ort8r-+5f 8^-50^4 . -0.2 ^o^yrz-fiSfd-^-iyri. 

1 9. 0.^oajr2-+jc6-^ i Htx : O.2 1 o^tdr j --^ 2 5^4. ^ 
20. 0.i204t>rj-f iof4:0.i8o45r4-+/5-^5i/2 . 

2 1. O.^^iOH 3rio-f24f7-+ 24^3 : O.5o^t9r-+ lot^ 

-+3<^r5-^5r. 

22. O.5o4pr-^5r^-+9or5-^2 5r • 0.27048^2 j 5^7 
-+84/3 . 

2j. 0.9048^2-^8^7 -^57^3 ;0.240(i7r3-*4or5-+25r. 

24. 0. 1 2 047^3 -H5r5-^25r;0.2i 045^4 -»-^7-+ 3 9^3 • 

25. 6?.3 045r4-»-5r3;(9.3<5'45r5-+r5-+5r. 

Et alia huiufmodi proponi poflfunc innumcrabilia : qui • 
bus in fingulisdeniondrari poterit, qux , & qujlicer acce- 
ptx totie, fpccies in cadem bafi vicinas, aliqualiter accc- 
pras, a^qualcs faciant . 



Thor.io.PropAO» 

DEmonftrarCjqurej&qualiter acceptar fcinitotce,fpe- 
cics in eadem bafi vicinas,aliqualiter acccptas^ 
sequales faciant. 

Pro inntmcrabilibustheorcmatis huius lituli , viginti- 
quinquc prcponimus, & vnum dcmonftramus , ad often- 
fionem mcthodi . 
I. 0.242 '+w2*+w;C?«44r. 

H ©r. 
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Demonftu 

0.6az — swz— ;»;2W3 . 

6. h, 1 0.6ar :mi-+smi-^2m. 
O.iiar :.im3f6mz-i-^rn. 
O.iiar-^ ^mi — ^m: imj . 
0.542— 3 — m:0.i2ar — 6m2 — 4^^. 
0.6ai .'O.izar-^ ^mi — im. 
0,2ai:0.^ar — m2 — m. 

j 0.2a2-+?ni'+m ;0.4^Quod&c. 

2. 0,ia^'-\-mi-+2mi'+m : 0.6a^r . 

j. 0.6a^i.-+^m^-*-8m^-^6m2-i'm:0.i^air» 

4;' 0.iiair-+mi-^im2-+'i-ni :0.i8airi . \ rtlr. 

5 . O.^'^ 5 5 m y -+ 1 c W4H- 1 3 2 .-0.3 o44r-+w«. 

(^. 0. 1 244r-+w4-+4w 3 -+ 5 W2-+ 2;» : 0. ^ 4^3 ^*^ • 

7. 0.5<i^)-+3w5 + i2W5H 15^4+4^3 :(?.3<^<<5'*^ 

8. (9.1 2^5r-fW5-+5W4-+8w3H-4;;i2 . 0.3 044^2. 

9. O.i 844r2-fW3-i-3w2-^2w .0.24^13^3 . 

10. (9.547-+3W7 + 14W5-+2IW5-+7W4-1. w; (9.4245r 

-i-7m3-+3w2. f 
:0.i245r+w<5^+5/;?5-n 2W4-^8;w3;0.36"i<5r2-+W2 

r^ij' 0.18^5^2+^4 -+4^3 -H-5'»2-+2w: 0.3044^3. 

rj^' 0.3048 I5w8 -+ 80W7 -f. i4ow>5;-+ 5(Sw5-^ 
20;;;2-+9;»:0.24O47r-4-7o;w4-+4ow3. - 

14, 0.6oa^r ^ $mj J5m6 -*« S^w^^ 7o?;>4: 

i. 0.iioa6m 

Diqitized b' 
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1 5.0.3 Qa6ri -f 2^5 -^- 1 o;/^4-f i^mS-^^rm :O.Cffd^r^ 

. • — ^ 

16. 0.12045^3 -f20W2-*i e^w: (9.i5o^4r4-f ?«5.x 

^5^4. 

17. 0. ic^9-f5JW9-f 3ov^8 -f dowy-H- 2 ow5 -4-20^3 

-i.liw2;0.po48r-4-42W5 -4- 3 0W4-4- 3^- 

18. 0.50^8^-4-5^8-4.40^7 -4. II2W^ ^ II2WJ ^ 

18^:0.24047^2 -4- 20W4 -4- 80W3 -4-7W2. 

19. O.^oajri 7^5 42^5 -f 8o?w4 ■+ 40W3 ; 
0.2 ic<i5r3 -4-27W2 -4-2 2W. 

20. 0.i2 0<f5r3-4-2 0W3 35W2 -4. 1 5w . 0.1 8045^4 

-4-^5-^5^5-4-5^4. 
ai. 0.5^11 0-^-3^1 o-4.2o?;>9-*-4Sw»8-i-24W7-»-3ow4 

-4-24^3 . 0.5o^jpr-f4 2 w5h- 3 5wi5 -+ -+ j w. 

22. 0.5c4pr-+5W9-f4 5w84-l44W7-+l58w5-».72Wi 
H- 1 5w :0.27048r2-+ 3 <^W5-M 80W4-+24W3. 

23. 0.9oaSri 8w7h-55w5-+ i 28^5-+ 80W4-+ 2W 

0.24047^5 -+53 W3 -4-5 IW2. 

24. 0.i2c^7r3-f4cw4-f 75w^3-+ 12^2: 0.2io45r4 

-+wii7^ 7?«^-^ ^^^^5 -^- 2 4 w.. 

25. 0.3crt5r4-+8;«2-»-8w : 0.35^5^5 -4-^5 -^ 5^4 

-+4^3. 

"'Etfemmrt^ irl <}i)hhbetbafi rpeciofetabuIx,proponi 
& dcmonlhari poteft,qu^,&quaIiteraccepta? femitotfj 
fpecics vichi^s, aliqualiter ^cceptas, xqqalcs facianr. 

H 2 Thor. 



I 



7» h. 



7* b. 
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Ther. n . Prop. 11 . ^ 
Eraonftrare,qux,&quaIiccr accepc^ fefquitotac, 
fpccies ia eadcm ba(i vicinas^ aliqualiccr acccpca^ 
xquales faciant . 

Sub hoc ticulo vigintiquinque proponimus theore- 
mataiex quibus vnura dcmonllranius j a J odcnfionenu 
mcthodi • 

Dmonjlr. 

I 0.6a2 : iqs — - P^2.-+ 1 iq — 6. 
0.6ai-+i(il-*'6 : 2^5 — 6qi +l 
0.6 ar — 5 ^2-+ 2^. 
O. I lar : iqs — 5^2-4-4^. 
0.liar-+^cj : iqi — 6^2-+ 
0.6ai-¥Sqi-i-6 : O.iiar-i-^cjm 
O.iai-i-qz-^i ;9.44r-+3^.Quod&C# 
0.ia$-+qs -^5^.' 0.5<i2r-+4^2-+2. 
0.6a^-+S^^-*' S oij2-+6 : 0.i^asr-^ i ^yj-^^jy, 
0,izasr'+qi-^iq:0.iiairi-+s<li . 
0.5<«J-i-3jjH-5o^3-i- 3 iq:O.Soa^-+ioq^-+ 58^2 

0. 1 2^4r-+0-f 5^2; 0.244 Jr 2 -+4^3 -+ 

0.6a6-^S^^-^l^^-+9S^'^ -+ 6 :0.S6ay-+ 24^5 
-+1 15^3 -+37^. 

0.i2air-*ijj-+8qs ' 0.3044^2-+ 5^4 -+4^2 J 
0. i 844^2 -i-^3 -f 2^ : 0.2443 r 3 -f 3 ^2. 

10. 0« 



2. 

3- 
4- 

7- 
8. 
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15» C>.S ^^8-+ 15^8 -1-700^5-^2 170^4-^82 0^2-+ 30; 
(9. 2 ^o/iyr -4. 1 50^7 1 5 2 4^5 -4- 1 7 2 0^5 2 3 I 

14. a5o47r-^5^7-,.84y5 -^30^2 :0.iio45r2-+3 5^5 

-«.70^4-^.10^3 -„4^. 

15. 0.9045r2-i.5^5~f45^3;0.i8oit5r3-f 3 0^4-^^l5^2 

1<^. 0.12045^3-^.5^4-,. 15^.(9.1 5 044^4-^^5 -f2C^2. 

17. 1049 -».5^9-4. 300^-4. 1 302^5 8 20^3-+ 5?3^; 
O.^oaHr -f 5oj8 -f 8 1 2^5 -f 1 2Po^4 3 48^ 

-f lo. 

18. 0.5o<i8r-f 5^8 1 12/^5 80^3 ; 0. 24047^2 

4o<y7 -4. 1 1 2^5 2 0^4 7^2 -H 1 8^. 
i5>« 0.18047^2-*. 14^5 -4. 105^4-1.44^; 0.42045^3 

84^5 -+ 80^3 -* 54p. 
20. p.r2 045r3 -f 35^2; 0.18045^4-+ ^5 -f 5^4 

-f2o^3H-l5y. 
.21. 0.54 lo -+ 3^1 o -f 225*^8 -f 13 02^5 -f 1230^4 

-f 279^2-f5;0.5o4pr-f40^9-f 595^7-f 1548-^5. 
12. O.5o49r-*5y9-fl44^7-f i8o^4-fl5^; O.zjoaSrz 

-f ^ 5 ^8 -f 1 58-^5-». 3 5^ 5 -f 2 4^3 -f 7 2^ 2 . 
15.0.9048^2 -+877-+ 128^5 -f5l^2-f a^;0.24047r3 

-^^ 5 <Jf5-* 80^4 Hh^3fi» 

24. 0. 
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* Poflunt hxc , & alia huiufmodi, fub hoc titulo dcmon- 
ftrari, in infinitum, iuxta traditam methodum : vt omnino 
pateat , qux , & qualiter accepta? fcfquitotar , fpccies in^ 
cadem bafi vicinas, aliqualiteracceptas ^equalesfacianr. 



■ ■' . -11' ■ »■ •■ ■ • * I < I I ■ I - — ^w^mA» 

Thcor. ii. Prop, iz^ 

DEmonftrarc, qu3e,&qualiter accepta: primilatc- 
ris fpecies,binasquafquc fpecies in eadcm bafi vi- 
cinasj aliqualiter acceptas, ^qualcsfaciant. 

Sub hoc ctiam titulo , vigintiquinque proponimus 
thcoremata,cx quibus vnam demonftramus,ad oftcn- 
fionem methodi. 

I. O.ai-i^O.aiO.iar. Demonftratumcftin ' 
a. 0.2^j-+Q.3<i2-fO.4; Q,6a%r.. Demonftr. ibidem. 
3. 0.^4-+0.243H-O.42 ;0.4^3r. Demonftr. ibidem. 
4» 0.j^air-^0.ai-^0.A:0,6a^f2^. ^ 
i Terrjonjir. ■ 

0.443 r.O.rf^-t^O. 2^13 -fO.<i2. 
O.^a^r-fO.az-^O.a : 0ui^-^0.:za^-*0.2^aiH^0X 
, 0,6airr:0.a^-i0.7a^-iO,zai-i^Oa. ^ 
\ 0.4ajr'+0.az-^O.a:0.6a2r2^. Quod&c. 
0.545- 0.1 544-4-0. lorf 3 . 0. ^'644^^ 0.4. 
0.6a^r^0. 2 43 -+0. 3 az^O.a : O. iiaj rl. 
0. 2 a6-i 0.6a^-\ 0, 5 44 1 24 jrM O^.c •x - 

8. O, 



8. fc. 



5* 

6. 

7- 
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"Hh 0.a. ^ 

9. 0.3oa^i^O.Sas ^O.^ai.O.^oasrj ^Oza 

10. 0.6a7^0.2ia(^ ^ 0.2 la^ ^O.a:0.±iaSr * 

-f 0.745. 

11. O.i2a6r^0.6a^^0.i^aj^^0.8a3 : 0.z6a<ri 

-^O.sai ^O.ia. 

1 1. O.gas rz ^O.ia^ ^O.sai ^O.a ; 0. 1 5 44^3 

13. 0.3^8-^0.12^7-+ 0.14^^.^ 0.242 : 0.2447r 

0.744. ^ ^ 

14. 0.1247^^0.745-* 0.2145 0.1444-f 0.4; 

0.4245r2 -+ 0.743 -+ 0.642. 

15. 0.54^r2-f 0.244-^0.445-^0.42; 0.i245r5 

0.4. 

15, 0.2445^5-^0.442 -* 0.54:0.3044^4 -».0.44 
•^O.ias • 

17. 0.1049 -+0.4548-0.5047-^0.2045 :0.9C48r 

Hh O.^ia^ -+ 0.54. 

18. 0.5 048r-^O.2c47-H-O.7045-f(9.5545 -^O.io^a-f 

0.94 ;0. 1 2047r2-+O.5 544-1^0.4045. 

19. 0.9047^2 -+ 0.4245 -+ 0.10544 -+ 0.4045; 

02l045r5 ^^0.2042h.0.2 74. 

20. O. I2045r5 -f 0.2045 -+0. 4542-f O. 154* 

0. 1 8 o 4 5 r^H-0. 54 5 -f 0. 1 5 44, 

21. 0.24io-h0.io49-f0.i548-f 0.1044 ;O.2049r-f 

O.1445H.O.542. 

22. 0.2 049r-h O.i 5 ^8-t 0.6oay-^ O.5 6a6 O.2045 

-^0.2442: 
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•+0.2442 : 0,9oaHn-^0,42a^ -+0.6oa^-i^0.^a, 

23. 0.90rt8r2-t0.554^-+0.i68<i5 O.Soa^^^O.^ja: 

0. 2 40 ^yr 3 0. 1 2 c 3 -rf 0.(5" i 42 . 

24. O. iicajrj -+0.4044-^0. 1 1543 H-0. 1 242 .* 

0.2 X o4dr4-f 0.746 -+O.2 145 -*^<^.494, 

25. 0.3 046^4-+ 0.84a-?0.i 34 .0,3 6<i5 r5 -f 0.5^4 

-+O.1043. 

Etalia deinccps proponi poflimt> S^cfcmonflrari: & 
yniuerfalirer ponibilc e(t dcmonftrarc, qiiar, ^ qualicer ac- 
cepra: primilaterisfpccics,binas quafquc fpecies, incj- 
dcm bafi vicinas ,aliqualirer accepras^rcqualcsfaciant . 



Theor. i l.Prop. 1 3. 

1N tabula fubquadrarrice cuiufquc numeri,&irf qualjbct 
bafi , (ubquadratriccs,& seque ordjuata cota> totamb 
componunr, vnirate plus ordinatam . 

Hypoth, 

In tabula fubquadratricc , in fccunda bali , fmt /ubqua- 
dutr ices 0.4 2 rO. 2 4 3, 0.r 2 ; fitquctoraiecunda, fz^tota 
tcrtia,f3. 

Dico 0.42-fO,24r-^Or2-+/2;r3. 

T>e?nonp\ 

Uyt: tii ts. 

«5 f— M.-njf^— /2. 
Ergo ts — f2 ,cft toties ti , quoiicscft /— «.-idcft, 
quoticsrelinquituripfenumerus vnitatedcmpta. Sed 
tuiufquenumeritotfunt abfciffionca,quotus ipfc rclin- 

quitur^ 



def, 6.p. 
X. p. 
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quit«r,Ynitatcdempta: nam binari/, vaa tantiim eft ab- 
lciffio, qua vnitas abfcindirur; ternanj,du2e,quibus vaita% 
&bjnanusabrandunturj &fic deinceps: crgo rj ^tz7 
cft toties t% , quot funt ipfius t abfciffiones . 
Pro fingulis autem abfcifTionibus • 

j ^''go pro omnibus. 
C>.42-f0.24r-+0.r2 :tl — tl. '7 
Ergo communiter addendo /2. 1 fj 

0.^i-fa2^-fd?j-2-^r2;r5. Quod&c ^^^"^ 

Quare&c 



Thcorema 1 4. Prop. 1 4. 

TOraquxIjbet,eft^qua]is quadratrici, inprimob- 
tci c, m bafi proxirae minus ordinata iacenti , vna 
cuiniilijs nvMs ,m primo latere, in bafibus inferioribus, 
&; vcrtjce, acccptisaiiqualitcr,&vnitate* 

Hypoth. 

Efto tora i^th ti^ ■■ ^ 

Dico /5 , clfca:quaIemquadratriciiapriraolatere,ia. 
fecunda bafi, vna cum ali/s, &c. 

Demctiflr* . 
I^J^^ <^-J4t, vna cumalijs,&c. - ^ .^, 
d<:f. 8.J?, eft in primo latcre in fccunda bafi tabu!:r pro-,« 

portionajum. t 
^'f-it-p ai ell ibidcmin tabuJanominumi. 
I 0.az clt iLidem in tabulafpcciofa. 

I O.ail 
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I O.AX eft ibidcm ia tabula fubquadratnce . <* 
L.. i lO.iai cft ibidetn in tabula quadratricc . 
^ ' » €ft«quali$ quaJr3trici,in primo literc,in fe- 
cunda bafi^vna cura alijs,&c. Quod&c. 



QuarcS£c. 



Q 



Theorema 1 5./V<?/7. 1 5. 
VjElibcc fubquadratrix , in primo larcre > vna cunu 
tota ceque ordinata,atque fua bafis, eft ^qualis fub- 
quadratrici,in fccundo lacere , in fua bafi iaccnti, 
vna cum maiTis, in fecundolatcre, in bafibus inferioribus, 

acccpiis aliqualiccr , & tota . 

Hyfoth. 

Efto fubquadratrix O.ai > in primo latcre,in tcrtia bafi. 

Dico 0.43 , vna cum tora tercia , aequalem cflc fub- 
quadratrici , in fecundolacere , in tertia bafi iacenti , vn;u 
cum alijs , 8cc. 

Aflumatur fpecies, in fecundo lacere, in quarta bafi, fc- 

cunda^ & quartultima , O.ai r. 

Demonjhr^ 

0.air incremcnca funt jqualia • 
0,ai , vnacum&c; O.jnir^vna cuni alijs 5cc. 
azr eft fccunda in tertia bafi tabulx proportio- 
nalium . 

3 air eft ibidem in tabiila nominum . 
O.iazt cftibidem in tabula fubquadratricc . 

' I O.ai, 



7- t' 
ief.w.f. 
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0.4 j , vna &c« eft xqualis rubquadracrici ^ ii) fc- 
cundo latcre ^ in tcrcia bafi > vna cum ali/s > &c. 
j QjJpd&c. , ^ 
Quare&c. 



Theor. i6.Prop. i6. > Vr^rffi 

SI aliquot quantitacum ^ fecunda ad certiam^fuerit (icui; 
prima cum vlcima lad fccundam dcmpca vltimaiSc 
tcrcia ad quarcam^ ficuc prima cum dupla vlcima ad recun* 
dam dempca dupla vltimaj & quarca ad quintam ficuc pri- 
macumcriplavltimaadfccundam dempca tripla vltimaj ^ 
& fic deinceps vfque ad vlcimam : ericprima cum fecunda 
ad fccundam cum certia, ficuc prima cum vlcima ad fceun- 
dami&fccunda cumtercia adccrtiam cumquarta, ficut 
primacumduplavltima ad fccundam dempca vltima;84 
tcrcia cumquarta ad quartam cum quinta, ficucprima-» 
cumtripla vltimaad fccundam dempta dupla vlcima3& 
fic deinccps . 

Hypoth. 

Sint aliquot quantitates a, Cy d, e. 

difia-^^eib — ^f. i 

Dlco d^l?', h^aa-^eyh. * 

^ Demonjfr. - 

hyfoth: \a^e,<l^^t: h^^r^ ^v^^d 
^ J eonuerccndo , comp^nttidb, &permutando. 
f I % a-^lf 
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Dico ^-^^5 <<Hr2tf; /^-^^. 

Demonjk* 

bypoth. j^j c; ^l-f^; i — 
x/p. a-^h^y -^. 




hypoth. 



h-i-c; c-^d: a-^ie^ 2^. QuodSic. 

lU-jiii :i Demonjtr^ 
c; tf; 4-f2rj — 2^. 
c-f^/j d: Or+hi h — ^Cm 
d'y e: a-+3e^ h — jf. 
dj d-^e: a-^^e^ a-^h^ 
c-i-dy d-^e: ^-t-^ff; h — le. QaodS^ 
Quare &c. 



Theor. i j. Prop. i 

SI aliquot quantitarum, fccundaad tcrtiamfuerit^ficuc 
primacum vltima ad fecundam dempta vlrimajS^ 
tcrria ad quartam, ficut prima cum dupla vlrima ad fecun- 
dam dcmpta dupla vlrima; &ficdeinceps vfque ad vlti- 
mamtfuerit autera &primaiequalis vlrimx: crunt totidem 
quantitates& vnaampIius,primafeorfim, primacura lo- 
cunda, fccunda cum tcrtia, terria cum quarta ,& deinccps 
binf ag^rcgatae,& demum fco.rfim vltima; quarum fc- 
cundaadtartiam, €ft vt primacum vkima ad fccundarn 

jc • dempta 
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dempta vltima ; 8i tcrcia ad quartam , vcpritna cum dupla 
^kima ad fecundam dempca dupla vltima 3 fic deinccps 
vfquc ad vltimam. 

hypoth. 

, Sinttresquantitates quarum 
aic. 

Dico quatuor quantiratescflTe W^^-* tyh-^c, c, quarum 
a-^t-yk-^cia-^-Cya-^t^c. 



16. b. 

byfoth. 



Demon(hr. 
a-^h-yb-^-cia^c},^. 
aic. 

a-^h^-cvh. 

a-^h^h-^c: a-^-cya-^h — r. Qaod &C. 
HiCoh-^c^iia-^zc^a-^h — zc. 
bypoth. I ijc — f. 



2.p 



h-t-CjCia-^hih^^c. 
h"*c:a^h. 
c:h-^c. 
2c:h. 

a^2c:a-^h. 

I^cic:a~h2cja-^h'^2c. Quod&cJ 
Quarc &c. 



. 4 



Theor. 



79^ 
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1 



N vnaquaquc bafirabate muIciplicium,prior quantitis 



17. 



zd po Acnorem vicinam > eft vc ordo prioris a prima^ 
ad ordincm pofteriorisab vlcima, 

T>c?nonJii\ 

Quoniam in fecunda bafi tabulx raulripliduni, 
funt tres quanticaces, quarum fccunda ad cerciam, 
j eft vt prima cum tcrtia ad fecundam dcmpta tcr- 
rfif..o.p j f ia; & prima eft a:qual)S tertiar;& in tcrtia bafi,funt 
ordinatx quatuor quaatitates cx fccunda blli dc- 
fumptse, prima fcorfim, prima 8c fccunda, fecun- 
da & terria, & tertia fcorfim : crgo etiam in tenia-» 
bafi,fecunda quatitas ad tertiam,eft vt prima cum 
quartaad fecundam dempta quarta;& terria ad 
quartam,eft vt prima cum dupla quarta,ad fccun- 
danjdempta dupla quarta: & fic deinceps bften- 
dctur in fingulis bafibus. 

Eft autem in vnaqnaque bafi tabula? rtiultipli- 
cium , prima quantitas vnitas , & vjtima vnitas ; & 
fccunda quaniitas eftordo bafisjidcmqueordo 
ipfius quantitatis ab vltima . Ergo jn quarija bafi, 
prima quantitas,qu;£ eft quintultima,dd fcc(idam, 
qu^e cft quartultima , eft vt vniras ad quatcrtiariu : 
fccunda ergo ad triulrimam,cft vt binarius ad tcr- 
narium jtortia ad ponukimam^vtiernariusad bi- 
narium j quarta ad vltimam, vt quatcrnarius ad v- 

nitatcm, Similitcioftciidewr.iali^ 

Quarc&c. Thor. 



I 



dvf.\0,p 
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7^ 



7- 



18. fe. 



PRoportionalium, &: multiplicium tabulis congruenti- 
bus , qu;rque proportionalis , habet numcros dcno- 
minatores , reciproceproporcionalcs ^ vt in fuiscornibus 
multiplices. 

Demon/ir. 

Proportionaliumaflumacurbircrtia, cuius dcnomina- 
lores binarius, & ternarius . Eft autcm biccrria in 
quinta bali quarta trirultima : c uius cornua lunc in 
quarta bali, alterum in quarto> alterum in tritulti- 
mo latcre: iueft alterum cornu eft > in quarta bafi, 
quarta quantitaspltcrum, tricultima. Scd in quar- 
ta bafi , quarta cft penultima > & tritultima clt ter- 
tia :&in tabula mulciplicium^tertia ad penultima, 
eft vt ternariusad binarium: crgo cum bicertias 
denominatorcs fint>prior binarius,&portcrior 
ternariusj eiuldem in cornibus raultipliccs reci- 
proce funt proportionaIes,prior ad poftcriorem, 
vtternariusadbinarium. Quod&c. 
Quare &c. 



Thevr. 2 o. Prop» 2 o. 

IN cabula fpecierum>in eadem bafi,vicinx fpecies, mul- 
tipiicatas per numeros fuorum ordinum, prioris i pri* 
ma,& pofterioris ab vlcima, funt «qiiales, aJditis tamen-» 
vcriniquc moffiS; ia iofcrigiis ordinis bafibns , S< \n earum- 
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dem lateribus, verfus tabulae vcrticemdiuergcntibusfali 
qualiter acccptis, atquc totis miniis ordinatis,quam fit ip- 
fa bafis. 

Hyfoth. ..^ 
Sint fpecics in quinta bafi, fecunda quintultima, & 

tcrtiaquartultima. 

Dico duplam fccundamquintultimam,a?qualcm eflc 

quadruplx tcrtia? quartultimaj , additis tamcn vtrimquc-^ 

alijs&c. 

j Afliimatur, in fexrabafi,(peciestertiaquintul- 
! tima, cuius dcnominatores nuraeri, quatcrna- 
riusj&binarius. 



b. 



T>emonJlr» 

Tcrtia?&quintultima:/pccicia'qualia /untincrementa: 
1, h. j altcrum cx maflis compolitum in tcrrio latcrc', 
I multiplicatis per numcros quartx bafis multipli- 
cium , quaternarium , & rcliquos j quarum vna cft 
in quintabafiquartultiraa,pcrquatcrnarium mul- 
tiplicataialtcrumcxmaflis in quintultimo latere, 
I multiplicatis per numeros fecundc\: bafis multi- 
' plicium,nempe bmarium; quarum vnaeft,iru 
quinca bafi, fecunda , multiplicataper binarium:5f 
rdiquarmaflo? , in viroqueincrcmento,funtinfe- 
riore$,&dcmum tota:infcrioics,quara quintaj. 
I Ergo duplafecundaquintulriraa,ctt a^qualwqua-/ 

dru- 
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d rirpl^ icrtiar quartultim2,addiiis vtrimque alijs&c. 
<riuod&c. 
Quare&c. 



.3 .X 



I 



Theor.zi.Prop. 2 1. 

N tabula fubquadraticum,in cadcm bafi, fubquadratri- 
ces vicirwe funt arqualcs, additis tamen vtrimquc maC- 
{is, in infcrior is ordinjs bafibus,& in carumdcm latcribus, 
yerfus tabula? vcrticcra diucrgcntibus,aliqaa!itcr acccpris, 
atquetotis, minusordinatis^quam fitipfabafis. Similitcr 
& vicinx quauratriccs (unt aequalcs, additis tamcn &c. 

Hypoth. 

Sint fubqiiaJratrices, in quintabafi , vicin.^ ^produdl;*^ 
cx;{ccunda quintukima fpecic pcr fecundum quintulti- 
mummu!tipIicem,&produdla cxtertia quartultima fpc- 
cic,per tcrtium quarcultimum mulcipliccm, O.^a^rrt^ 
O.ioairx. 

Dico O.^a^r , additis &c: 0. 1 0^3 n , additis &c,Ot 

Pr^par. 

Affumatur, in fexta bafi, fpccies tertia quintultima,cu- 
j ius dcnominatorcs,quaternarius,& binarius,ncm- 
i9' h. j pe 0. aj[rx : quibufcum numeris , rcciproce pro- 
I portionalcs funt multiplices,in ciufdcm fpcciei 
f<^.-»n, J cornibusiacentes, j ad i o.Fiatitaque, vt 2 ad y, 
I ita0.2<J4r,vnacumali/s&c. adO.j^^r^vnacum 
I alijs &c. itcm vt 4 ad i o, ita 0. 4^3 r2 , vni cuna., 
I alijs&c.ad0.io^5r2,vna cuniali/s &c. 

K Dcmonjir. 



0 




9:5: 
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Demonfir. . . ^ 

I 0.2^4r,vna cum alijs SicO.^^jri^vnacualijs Sec» 
a.244r, yna cum alijs &c; 4^ 3 r 2 >viia cum &c: 
0.5^4r> vnacumSccj OLio<i3r2, vnacum&c» 
O.') 44r, vnacum f<c:0.i 945^2, vna cum &c. 

Dico 0. 3 o 44r, vna cuni &c: 0,; 5 o<<:3 r i , vna cu m 

Pr^par.. 



^•5 



0^:5 <t4r, vna cum S:ci& O. i o 43 r2 , vna cum &Cr 
fextapliceturj &fiant Os oa^r, vna cum &c. & 
. - .Q.$o<«Sr2;.vna&c, 

Demonjir. 

0. 5 if^r, vna &c: i o<i 3 r 2 , vn a &c* 

(9 3 o^4r. vna &c: 0,5043^2, vna&Cr QuoJ&c* 



Quarc &c. 









. . ■ f 








* 















Thcor. 22. Prop. 22» 

QVarlibet quadratrix , ell arqaalis totx vnitate plus 
ordinatXjdemptis, additifque aliqualiter acceptis 
. . totisj non plus ordinatiy, quim fit eius bafis. 

Demonfir^ 

. Patetindu^iomrper^.h: r.f^, 
%i.b. j Dcindc fic • Quifclibet quadratrix , efl iequalis 
quadratrici , fibi in eadem bafi vicinar , addiris v- 
trimqi;ealijs infcriorumbafium fpeciebus,aliqua- 
7.v.b. I luer acccptis, & totis. Et quadratrix vicina, alte- 
1 ri Yicin?«jeft«qualis>additis vtrimquc alijs infc- 
.•X , ' A rio- 
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14- maequadratrki'aufiJciii JbaC^&prirnaquadra- 
o trix vna cuDiaJijsprimi latcns quadrarricibus in- 
?t fctiorum bafiuam, iSe vnitatc> cft ajquaJis t or ae,vni- 
/ujT. ratc plus ordinarcc, quamfit ipfa bafis . JSimiliter 
alice infcriorum bafium fpecics , alijs fpeciebus, & 
jdcmumroiis^iiixir.iEqudes,4ioiifJ^^ ordinanV 
5. b. quam fitbafis quadratricisprimofumpt.T.Quarc 
demum quadrauriK-prin^ofumpta^cft a:qualis tag-j 
vnitate:pJuf;ordinita:,quamfit eius bafis,dcm-i 
ptis,additifquc aliqualtek acccptiscotis, non plus 
ordmatis,qudalfiteiusbafis. 



• m *■ • 



£1 



I 



N tabula multiplicium , rum p^ numcrorum cmufqucf 
bafis^elhota poteilasbinalij,guotuscll ordo bafis. 

Nara intabula propoitiQnaliuf#,fi ^at!onnT«;^fadit<fs* 
fucrinr «qualcs intcr /c:xiiam rcliqbje omncs ' 
quanticates»C< larionali^i&Tadicibus 5 ^^ad inai-. : 
cem arqwateseruptcij^iiiaratio irc]uaiita::Si(j'jan- 
iumliU;tmiAli;^(>jj<:ate(,',a;iecum ipfa^ompofira, 

nAieqwalii^a; 



def II, p, 
dtfi iO{f 



j ccs fucrintvnitatest cinlne^pftftportitjpjcsjcmnc 
vnitatcs . ciitq(iQta^uU ^n^mintwiitei^cnlqucc 
tabula tr^^liiphcimaillfp^i^ymm^' qiukijplicac 
ct cuiufque bafis noinirum luivkn<l^'^dm crip 

K 2 qua! 



8.*. 
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qux fumma eiafiiem bafis muiciplicium « ScfTcu • 
iufquc btLfis nom inum fumma cflr potcftas aggre- 
gati radicunijieqLieordinata cum bafi . * Ergo cu- 
iufquebafii muftiplidum fumma, eft poteftasag- 
grcgati vrnitatum, ideft^ binari;, jcqucordinatt^ 
cumbafi.c 



p 



Theor, 24. Prop^ 24, 
Oteftas binarij mulciplicata perliium ordinisnumc- 
rum, minor eft jcqucordinata potcftate ternari/ . 

Efto binarius ternarius Conttat miaorciiu 



cflTe, quam f . 

Dico ihz y minorem eflc, quam fi . 
3^3 > minorem , quam ^5 j - - . ^ ' 
4^4, minorcm gudm f^. Et dcinceps. 



i 



&x. p. 
i^. 7. 



hypoth. 



t> by fnnt numeri inter fc primi- 
f > ^> funt minimi in fua rationc. 
f2 — r/», non cft minoi-, quam f . 
\tb — h%y non eft minor, qudm h. 
tz ^hx , non cft minor quim f-tir. 
i', cft minor, qu^m f. 
ihy eft minor, quam r-t^. 
a^, cft minor, quam ri *— I 
2, cft "-"^ 



\ r 
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TLhy eft hl. .^rAy.x\ 

hiy cft minor, quimiigiiriaw^ ij.^.^.^ji^k 
2A2 , eft minoci\quim*/2 . Quod&c. 

%hz y cft,%., . -tfjM • ,t\ .^^ 

h > cft minor , quam f2 



3^3 > cft minor, quam ja.. 

13^Sj pft njinor, quim f j . Quod&ot ^ 

i3^4> cft minor, quam 2r j • ^ 
^'3 , eft minor ,quam ri. 
^> xft. mijQQiL, qium-r 



j ^4 , eft mioor , quam /3 . 
<f j 4Hj eft mmot,quam 5^3 . ^ripie^ V ✓^'^ 
J 5^3> cft r^. 

-r«?o 4 4Hj cft miaor> quam /4. , Qrod^v ^ i 

. I Ht fiiTiiUer dciQCCpioftendcturittfnfii>^^^^^ 
Quare&c. . .\ 

Thcorema i^.Prop^Z^. 

1N tabula multiplicium,quifquenumerus multiplicans 
numerum vnitate maiorem,quam fit ordo fuse bafis/a?T* 
cit numerum minorcm tota poteftate tcrnarij , quotus eft 
numcrus multiplicatus . .m iiqi , • ' 

Efto , numerus a , in tabula multiplicium , in quint*^. 
bafi : & efto ternarius r . . n-jp i 

Dico 6a, ?B|??^cm eOc, quam t(^. ' '^" 

Pupar. 
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Prapar» . ih t^r. \ ^ 
Accipiatur hiairiusr^;.» > cio^iirfj ^ 

51. b. I Numerus^,& alijquintseb^fisjCompoiiqnt ^5. 
^cf.tf^'. I Ergo 4, minQrcft,quan3-i5 . :Sbd ^5, minor 

j ett,quam i6. Ergo^, muli6minoi:cft,qudai 
14. fe. . Ergo 6a^ minoreftqu^ Sed <r^<r, 

I minor cft, quara nj. E^go (j^/l minortllquani 

. Quare&c. v . lorTP fij 

QV^Iibet quadratrix ,'pra^ radice hfrfario , minor eft, 
quam felquitota y maior , quam iemitota, Vnitafc/ 
plus prdinaf^e , quam* fi|t cjiisf kjfis . Pdrr6 qua- 
dr^trixiacen^ iA vertice tabula', cft arc^ujlisfcmirot?:. 

Hypoth. /jv^^^nnp 

Efto ,projadiccJbinauo^qua:libet^uadratrix a, iiu 
quarta bafi . . ? r 

: Dico 4n»aioreni ciTc^quam ; &:nf)iiTorchri du JnT 

4^h^\ ^Porx.6 conftat quod ai/> pro quacunquera- • 
dice, eft iequalis ipfi m. . i 

def^BJ?. I : PrPradice binario^vnicatatttumcftaWKflTo, 
I qua vnitas abfcinditur,^ vnitas rcliiujuit^r^ fii^i 
''<f.8'^ I vnica taUda propoi^xonailiu/mqu3i>i^ics/f$ib- 

. v« :> *\ por* 



def,\o.h. 



V.S.ECVNDVM; 7P 
^f/-^^fr j portiot>aIes fencvhitate&:&fyribjiyma?^ 

" tioDalesfoliuri^er .vntfctabub rpecierumtftevV 
dem>quaepropQrtbaaiaim«^mcatri>u$i. Deifih 
<it vnica ^ft tabtrla iT6raihuni,iea(fcw,7j{ja? mulri- 
plicium : vnde tabula fubquodratricum ^Jeadeirb 
eft, qu^e nominum, & multiplicium, Accipiatur 
iiaquefub<j]uadratrk^>ia qiurta.bad^uadra- 
trici rt,fynonyma, - 

Demonfir» j^^» 
If, cftiti tabula multiplicrum, ia quarta bafi. 

def,\ljj, I p^^o binario, m, ert vnitas. 

j A,eftmaior vnitate. : '^Tt?:'* -r 
^,cftmaiocj?<juam wj, Qiod&e. 
Pro binario, ell ternarius. 
5 i,eftminoriquain q% 
^,eft minor, quam ^ 5. Quod &c. 
Quare&c. ^ v .. ^ - 



def.iO.p 
def.^Z.h 



Theor.2j.Prop 2J. 

QVxl ber poteftas a binario>maior eft numero fui 
ordmis. '-^ - 

Hjpothy 

Eftobinarius k 
_ ^..^- . IDemonJlr^ - — 

Vnitaseftminor,qua;n crgo binarius, minoreft, 

quim 




9-5 
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Demonjbr. ^ 
%o.h, j 0.2^4r,vnacum aliJs&cO^^jrzjVnacaali/sSed 
ir.p. C7.2^4r, yna cum aIijs<Scc; (9. ^.^jn^vna cuin &c: 

0. 5 <i4r, vna cum f<c: 0. 1 o^jr 2 , vna cum &c. 

Quod&c, 

0. j Q 44r, vna cum &c: 0. 5 04:3 r 2 vn-a^ ea rti &c; 

Pr^par^ 

pofl.vn. (9t.544r, va^^cum&Ci&O.i o /<3r2,vna cum &c. 

fcxtaplicetur, &fiant 03 oa^r, vna CuW 'Scc. & 
Q.5o^3r2,.vna&c, 
Demonjir* 

fup, O. $d^r, vna &c: 0. 1 043^2, vna &c. 

^.5. 0 ^o^^r.vna&c^a^o^jri^vna&Cr Quod&c. 
Quarc&c. oiqiS^n ' 



Theor. 12. Prop. 22^ 

QVarlibet quadratrix , dt ^qcialis tota? vnftate plus 
orJinatXjdcmpris, additifqiie aliqualiter accepcis 
tocis, non plus ordinatiV, quim fit eius bafis» 

Demonflr. 

K)Patetinduvtipocper5.h: ^ -j . 

4i. b, j Deindc fic . Quiliber quadr^tl-ii , eft itqualis 
j quadratrici , fibi in eadcm bafi vicina- , addiris v- 
■ trimqMcalijs infcriorumbadum fpeciebus,aliqua- 

^iMb.. I ii]ter acccptis, & totis. Et quadratrix vicina, aite- 
I ri vicjnasijft a^qualis^addkis vtrimquc alijs infe- 
. ' >l xio- 



.5fo'j%o^ ricmjihbafiUm fptciAiJiifiitotrsTi^ 

itw' . j mx quadratrici' ciaOicm Jbafis^ & prima quadra- 
-'^;>oJ ttix vnactiatalrjsrprimi latcris quadracricibus in- 
fcriorum bafium, & vmtarc, cft xqualis torae,vm'- 
tatc plus oidinatcE, quamfit ipfa bafis . 5imiliter 
alice inferiorum bafium fpecies , alijs fpeciebus, & 
dcmum loiis >fun£.iequales , non plus ordinatis^ 
quam fitbafisquadratricisprimo fumptoj.Quarc 
demum quadratjrix-pritpofumpta^eft a^qualis Qg-| 
ta: vnitate;pluSiOrdinita:>quarnfit eius bafis,dem4 
pris,additifquc aliqualitei: acceptistotis^ non plus 
ordjnatis, qudni fic eius bafiy. 



5. h. 



IN tabula multiplicium , liim u^i mjmcrorum ctriufquci 
bafis^eil totaputeltas binaiij, guotus (^ll ocdo bafist. : 

Nam in tabiila pmponioaaliuffi,n ^atlonalfsy^faditt?^'»' 
rff/.8.f. j fucrintiequalesinrcr fc: ctiam rchqbje omnes * 
. I quantitatcs , &i ra(iQnalfft&.rfldicibu$ ^ ^ad inui^^: 
X I ccm orqualeserupt^iqmaratio ^]udlitaf:s^c)uan- 
j tamlilxtnujdftif)iiiaw:>i8ciecum ipfa 4;oaipofira, 
j fcmpi:}^<Sh^u^]ijk^$^f^;^t^ d ratiowlis-, radi- 



j ccs fucrini vnitatest f^n^nesprcPportjbnJcsiCfun^v^ 
defiup. i vnitatcs . tiitqp9ialHiU|p9miiimnJloa^lmi,qux 
I tnbula mplUplicuWiljilwa^voirfttirt»^ i?iuk^licat 



def, iO^ 



j ct cuiufquc bafis noiriirum fuivini^Cwckm crrp. 
^£ K 2 qua: 
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> * 



qua; fumma eiu£iem bads mulciplicium ^ Se^TcU' 
iufquc bafis nom inum fumma cflr poccftas aggrc- 
gati radi cum)£^qucorcfinata cum bali . Ergo cu- 
iufque bafii mufriplicium lumma, eft poteftas ag- 
grcgati vnitatum, ideft binari;, a:qucordinac«^ 
lcun^b^fi., 









• 








Theor. 24. ProfK 24 


• 







POteftas binarij mulciplicata perfuum ordinisnurac- 
rum, minor efta^queordinaca poccftacc cernarii . 

Efto binarius ternarius r. ' Conttac minorcnu 
cfle, quam r. 

Dico ihi y minorera cftc, quam ri. 
3 > mmorem , quam j 
4^4, minorem quam f^. Ec dcinccps 

1^.7. 



f 








s . 





I 



hyp^th. 



hypoth. 



t> b, fnnc numeri inter fc primr, 
f> b ^ funt minimi in fiia racionc. 
tx-^tby non cft minor, quam/. 
]tb — bi , non cft minor , quam b^ 
tz — , non eft minor quam t^b. om^ 
b> cft minor, quam t. 
ib) eft minor, quam t-^b» 
^by eft minor, quam fi — bi » 



2 



Cft b. 



ib^ 



S E G V N D V M.l 77 

2hy eft hi. «ni^nv^^ 
Ifiy cft minor, quimiir^-i^, 
ihi p eft minoc^ quam:/2 . Qijod&c. 

) cft miijior p quam tz . 
i I 3^3 > cft minor, quam 5^2 . ' - 

3^3 j fift.f»inor> qu^m fj • ^QuodScC j 
3/^4, eft minor,quam irji boiiV> -^^ 1 
b$ , cft minor,quam ti. 

^yiii: 4- ^ > ^cft^niinor, quim, t^ - ^ ^ — 

^4 , cft miaor , qilam /3 . 

4^, crt;miaor,quatn 3^3 • 
' 3(3 V cft f4ffl£upctoit«itir^<^™p-^ " ^||^> 
^ ,y i)4% , cft raiaor, qtlam'/^. Qr^Jto^ 1 

. -j Ht ftiniUer doqccps ollenJctur ininfiiMtiitn. 
Quare &c. 



Theorema 2 5 . Pr<?/7. 25. 

IN tabula multipliciana ,qdifque numerus multiplicatts 
numerum vnitate maiorem,quam fit ordo fua? bafis,fa. 
cicnumerum mmorcm totapocellate tcrnarij , quotus eft 
numerus multiplicatus . .m iiqi <;u...\ • 

Hypoth. 

Efto , numerus a > in cabula ouitcipliclum > in quint^^ 
bafi:&efto ternarius f . . ' 



7* E L ETM ftlN^PV! fir / 
Accjpiatur bioiFius^^^niriip cio.iioi .ij » 

51. ^r. I Numerus4,& ali/quintsebafejComponunt ^5. 
. I Ergo a y minoxcflr, quanj^ij . Sed , minor 
j e(t,quam hc. Ergo /r^ multdminorcft,qudta 
x4.fr. j^^. Ergo <r4, minor eft quitn "«id" ; Sed ditfi 
I mioorcft, qnara fcj. Ergo (ir4f, ;minormquain 
I r^. Quod &c. . p .ioni' * ' 1 
QuareScc. .v ^ . icr* . ^ ^ ' 

Theor, 26.Pfppii6^ • 

QVdibct quadratrix ,'pro» radice biffitio nlinor eft, 
quam fefquitota y maior , quam fcmitota , vnitatc^ 
plus Qrdinaf^e , quam» fir eiusi^ haifs . Ponb qua- 
dratrix;iacee3iavarticetabu!a', cft ^rc^^ ilisfcmirota:. 

Hypoth. /yy:,^Miii> 

^ Efto,projadiccl)inario,-qu;jElibet^uadratrix-4^ in.* 
quarta bafi* .? : 

^Pico 4J»aiQreni dTe^guapL-wj j &flf)inorcin', ^u^n* 

K I Pdrro conftac quod O.a, pro quacunque ra- 
dice, efc «qualis ipfi m. . : ,.;.>4.^dlum ^iJiocrLrt 

A^Jb. I 0 radice binario , vnica tantum cA aWcifllo, 
I qua vnita$abfcinditur,& vnttas re}in(|tttmi-5ifl|cl 
irf.s.p. I vnica tabula propoi^ti6nai!i5>mquaai^K&|fii(> 
.tu<\>^^ por- 



def,\o.h, 
def.wjj. 



def.x ^h, 
def.ipj), 
d€f.i(\.p\^ 
def.iO.p 

def.^S.h 
»5A 



poi]^iot>«Jes fonc vhitate5i: & fynonyaiajpropor^ 
tioDales {blitarixr vndc tabub fpecierura^lica- 
dcm,quaeprQpartiDaaI&jm£x:vmutri>u$r DcitJh 
iit vnica dft tabula n6rainuai,ieia(femi,7j(^'^ multi- 
plicium : vnde tabula fubquadratricum ,eiideiTL, 
cl>, qu^ nominum, & multiplicium. Accipiatur 
jtaqu^? fgbi^uadratrix^ , in quaru .bad^uadra- 
trici 4,fynGnyma. - T 

Demonfir. '^^^^^"^^^^ 
l/,c(kit) tabula multrplicium^inquartabafi. 

pro binnrio, m, ell vnitas. 
^ 5.,e(lvnitas- 

5 ^,eftmaior v;iitate. ; cS\oi&:o 
^,cftm3iocxquam Qiod&c 
Pro binario, n> ellternarius. • 
5 1?, eft minoriquain ^ j. t?»'»' i-** 

a,cl\ min jr, quam q 5. Quod &c. 



Quare &c. 



The0r.2j.Prop 2J. 

QVxl bet poteftas a binario^maior eft.numero fui 
ordiuis. ' ■"' • • ' 

ffypathy 

Eftobinarius k . >^ 

Vnitaseftminor,quam ergo binarius, minoreft, 

quam 
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^uam 2fcfcd2fceft^2:crgobiftarius,mifw qCaii 
Ergo vnicas, multo minor cft , quim Ergo tcrnarius, 
minorcft,quara 2^2. Scd 2/^2, cft^j. Ergotcrnarim 
minor cft, quim • Et ficdcinccps oftcndctur, quod po* 
teftas a binario, maior cft, quam fui ordinis numerus. 



Q 



TheoT. iS.Prop. iS. 
Varlibet quadratrix primi latcris,pro radicc binario, 
minor cft , quam potcftns binari/ , Ynicate plus or- 
dinaca, quam fit cius bafis. 

Hypth. 

Efto,inprimolatcrc,inquarta bafi, quadrarrix 4,pro 
radicc binario : & efto binarius i>. 

Dico^4^ minorcm efTc, quam b^. 

Pr*efar. 

Accipiatur in primo latcre , in quarta bafi , fubquadra- 
trix o pro radice binario • 

Dcmonjhr. 



exi6J} 
ief.i I Jh 

17. h. 



€ : 

a: jc. 
a: 5. 



y, minoreft, quim ^5. 

4, minor eft, quam h^. Quod&c. 
Quarc &c. 



Thc^r. 
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Theor, 2^,Prop. zp. 

CViuslibct quadratricis,primi vel vltimi lateris, in-- 
crcmentum,minusellincremento tot^, vnitato 
plus ordinai2e,quam fKeiusbafisi&quaelibet quadratrix> 
primi vel vltin-.ilateris, minor eft quam tota, vnitato 
plus ordinata : & fefquiquadratrix , minor eft qudmfcf- 
quicota • 

A<feth. T>emonflr. 
Tria propoCta, oportct primum dcmonftrare, in prio- 
libus bafibus tnbulse, deinde in pofterioribus j 

Dico O.ia incremcnium,minusefle incrcmento m 
& 0.24, minorem effe, quam tz \ & fcfqui-O.2^, mi- 



I 



2. h, 

8. p. 



norcmefl'e,quam y2. 

Demcnflr. 
O.ia incrementum eft 0,i-^z . 
/2 incrcmentum eft 2r-v«. \ 
0.1 : 2t — 2. 

0.2H-2 : 2f. 

1 0.2-+2 , minor eft, quim 2f-+H. ^.O l a .c 
I O.ia incrementum , minus cft incrcmcnto 
t2. Quod^c^. , ; '\ •« 

0.2^1, probinario j minor cft, quam fi. .v\ 
0.24, proternario, minorcft, quam fi. ^ 

Similiter , pro quaternario, dc pro fingulis nu- 
mens (j<ji)onftrabuur^qu6d O.i^.minor eft, 
quam n: & fcfqui-0.2<?, minor cft, quam 
j ^2. Quod &c. 

L Dico 



28. h. 
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Dico O.sai incrcmentii n , minus c.le iicrcnento 
rjt&ajai, minorcmefre, quim rj : &c rcfjai-O.j^z^ 
minorem efle, quim q$ . 

Demonjhr. 

%.h. j 0.342 incrcmentu n , eil 0.^4h.9.5h-j, 
2. p. I incrcmcntum , eft jf^-i- jr-f» . 
' 0.54, minor cft, quam 3fi . 
0.3 -f3 > minor eft, quam ^r-m. 
0.342 incrementu.n> minus cft incremento rj. 
Qqocl&c. 

0.342 ,pro binario, minoreft, quim ^3. 
0.342, pro ternario, minor cft q jam /3 : necnon 
proalio quolibct numcro: & icrqui-0.342^ 
minoreft>quim ^3 . Qua^Scc: 
Dico 0,443 incremcntu n, minus cire incremento 
i4:8<0.4fT3>minorem eflfejquam r^: 6c fefqui-O.^^j^ 
minorcm , quam ^4. 

Demonffr^ 

%.h. j 0.443 incrementum> cft O.i 242 -4^0«i24 

' Incrementum f4> eft ^ti-^^ti-^^t-^u^ 
O.I242, minor A:, quam 4^3. 
O.I24, minoreft,quam 6ti. 
0.4-+4>minorcft> qudm 4f-n#. 
Incrementum O.443, minus eft incrcmento ^4.* 
Qjiod &c. 

0.443 1 pro binario ^ minor eft , quim f^. 

' ' 0.443, 



%B.h. 
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0.4^3, pro tcrnario , minor cft , quam f^: nccnoiu 
pro'quatcrnario , & pro alijs deinceps numcris : & fcfqui- 
0.443 y minorcftiquim ^4. Quxiec. 

Similiter oftcndetur dc omnibus primi,& vltimilatcris 
quadratricibus. 

QlLiarc &c. ' 



Theor. so.Prop. ^o. 

CViuslibet quadratricis incrcmentum , maius eft in- 
crcmento fcmitotXi vnitateplus ordinacar^qu^m^ 
(it cius bafjs ; & minus eft incremcnto fcfquitota! ^pariter 
plus ordinatar . Deinde qudibec quadratrix> maior eft> 
quam pra^dicla femitutii& miaor>quam pvxdiAn {qC- 
quitota • 

Afeth. TDemonjhr. 
Quatuor propofita primum demonftrarc oportct , in.* 
prionbusbafibus tabula?, deinde in pofterioribus . 

DicoincrcmcntumC?.245 maiusefre,incremento wij 
& minus c(Ic> incrcmcnto ^2 : Sc O.Z4» maiorem cfle, 
quam mi 3 minorcm, quam ^2 . 

TDewonJlr. 
h. j Incrcmentum O.ia^ eft Oi^%. 
t.f. Incrementum w2, eft im-^u. 
%. f. Incrcmentum ^2 , cft 2^-ff#. 
. 7. b. O.z : im. 

O.t-k-tj tftmaicr,quam im-tru. 
Incrcn.cMium O.ia^ cft maius incrcmcnto wa. 
Quod&c. L a 0.» 



»4 

4ef. \9' 



%6. h. 
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efc minor, quam 2^. 
0.2-*-2, eft minor, qua:n 
Incremenrum 0.2^1, eft minus increaiento . 

Quod&a 

O.iay pro binario , eft malor , quam wij minor, 
quam ^r. 

0.2^5 pro ternario, eft maior , quam mz 5 mi- 
nor,quim^2 : itcm pro quatcrnario , 5: pro 



^^' "f 'Teliquis riumeris: Quod&c-J^^ 

Dico Oiax increraentum, maius effe incremento 
mil minUs incremento 73; & O.iat^ maioreoi eli:>, 
quam 5 minorem , quam q^. 

Demonjjr. 

Incrementum O.ja^y eft 0.6a-^0.i-+i . 
Incrcmcntum wj, eft 3W2-+-^^<'» 
Incrcmehtum ^5, eft 3^2-+5^-t-;i, 
(954, eft maior,quam3w2. 

0.3 3 , maior eft . quam 3 ^-^^- 
Incrementuma^^i, eftmaiusincremcnto 



6. b. 
8. 



Quod &c. 



fup. 0.5<i, eftminor,qu:\m 3^». / 
f¥p. 0.J-+3 , eft minor., quam 3^-+r<. 

Incremcntum O.342, eft minusfncremcnto ^3. 
Quod &c. 

'^s. h. j-^^^^^^probinariojcftmaior^quam wj; minor, 
quam qji 0.}^^, 
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O.sai y pro ternario , eft maior, quini 5 minor; 

quasii^j inccnon pro quacernario , & rcliquis deinccps 

numegs. Qjod&c. ^ 
Dico0.54rincremcntum ,maJuscflfcincrcnicrtto f^f; 

minus incremcnco ^3 : &: O.^ar^ raaiorem cfle, quam.. 

m} 3 rainorem , quam (]} . 



Demonjhr» 



*4i 



rT 



9. p. 
8. p. 



j Incrcmcnrum O^aY^ eft 0.5r-+(5r: 
I Incrcmcatura wSj^cft 3;?ca-+5w^-+«; • 

' Incrcmencum ^5, eft 5^2-+3^h-w.- i.v/y » . 
0.6r, maior eft, quam » » • 

6ty maior cfc, quam 'im^m* ,<j \ 
incremcntum O.c;^r, maiascftincremeato 
Quod&c. ~ w'.>t.^' j 

^xpjj. Ozr-^^ty minor cft, quam ,0 j » 

06r-^5r, minor efc, quam 5^zh*5^-»-«. 
j locremcntum O.d^^r, minus cfc incrcmento q^. 
QuoJ &c. loiiicn ; 

x6.f^. 0.54r, probinario , cfc maior^-quim mi- 
nor, qiAm ej} . . . 

0.5^r, proternario,&pro rcliquis numcris, efc 
maior,quam minor,vqua n ^}, QuoJ &€• 
Dico 0.443 iacremcncuai ,maius elTe lacremico W4; 
fxiinus incremenco ^4: & O.^a 3 , mamrcm eife,q ai n 
oiinorem, quam ^4. 



4 



S.p. 

Jnp. 
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j Incrementu ,cft O.iza^-^O.i la-^Cf./^.-^^ 
I Incrcmentumw^, eft^wj-^^wiH-^w-t^. 
1 Incrcmentum ^4,cft 4^ j -f 5^2-r4^-^«. 
l 0. 1 242 , maiorcft, quim 4^3 . 
I O. i la, maior, quam 6m2» 
0.4 : 4w. 

4maior,quim w. 

Incrementum O.443 , maius incrcmento m^. 
Quod &c. 
fi^, 0.i242,minorcft,quam4^5. 
jup. 0. 1 24, minor^ quam Cqi. 
fkp. 0.4-^4 ; 4W-+4 ; 4^. 

O.4H.4, minor eft, quam 4^-^». 
Incrcmentum O.443 , minus incrcmento ^ 
Quod &c. 

ad. K 0.443 , pro binario, maior cft, quam ^43 maorj 
quam ^4. 

O443 , pro tcrnario,& pro alio quolibet numero, 
iDaior eft, quam W45 minor qua ^4. Quod &c; 
Dico O.i lair incrementum, maius eflc increracnto 
i7>45minus incremcnto ^4; & 0.i242r,maiorem efle, 
quam mj^^y minorcm^ quam ^4. 

Demofijlr, 

^•^* I Incrcmentum0.i242r,erta244r-H0.i2r-frlil, 
••P* [| Incrcmentum m^ydi ^mi-^cmi-v^m-^iu 
/ i In- 



fmp. 



X6. h. 
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Incrernentum ^4, eft 4/ j -kS^^i -r^^-f 
0.24^, maioreft^qLaxn 4^5. 
O.i zr.maior, qui n 6rm. 
i2f,maior,quam ^m-^u. 

Incrcmentumai 242r,maiuscft incrcmeto;»^^ 
QjoJ&c. 

0.24Jr,minoreft, quam 4^75. 
O.i 2r -n 2r, minor, quam 6'^2-+4^-+i#. 
Incremcntum O.iiazr, minus incremento ^4. 
Quod &c. 

Oa 242r,pro binario, maior,quam m^y minor 

eft,quam<74. 
O.i^ai r,pro tcrnario,mafor eft,quim w 4; mi- 
nor,qua n ^4, necnon quo alio quolibec nu- 
mero. QuoJSfc. 
Dico 0.5 44, incremcntum, maius efTe incremcco wyj 
minus mcreaien to 5 : 5i 0. 5 44, maiorem elfe, quam m 5 5 
minorcm, quam ^5. 

TDemonJlu 

Inaementum 0.5^14, cfc d>.2 045 -+0.50^1 
Incrcmcnrum W5 , eft 5^4^- lowj lowx 



8.p. 



Incremcntum f 5 , cft 5 ^y^H- 1 oyj h- 1 0^2 h- j ^ 
0. 2 04 j > maior cft, quam 5 ;»4. 
O.^o.iimaioreft, qtian lowj. 
O.i o4,maior elr, quam i o;»». 

0-j 



i6.h. 
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M I 0.5H-5,maiorcfr,c]uam ^m-^u. 

Incrcmentum 0. 5^4,maius cft incremcnto m^. 

Quod &c. 
/«p. 0.2043, minoreft^quam 5^4. 
/if.: 1 0.3 042,minorcft, quam 10^5. 
lup, 0-2o4,minoreft5quam 10^2. 
{up. 5 5 minor eft, quam 5 

[ Incrementum a^^^^minuscftincrcmcDto^^. 

Quod &c. 

! a.5^4»probinario, maior cft, quamw^s rriinor, 
quam ^5. 

0. 544, pro ternario , &re!iquis numeris , maior 
eft,quamw55minor, quam ^5. Quod&c. 
.- Dico (9.2o<t3r,incrcmentun<, maius cflc increrncnto 
W5 jminusincremcnto^5;&0.2o43r,maioremcirc,quam 
»15 5 minorem,quam . 

Dcmonfk. 

0. 2043 r incrementum,cft0.6'o>i2r-+O.5o4r-t- 

0.2Cr-+2Cf. 

Ilncrcmentum w5, cft 5 w^-i i o;«3 i ow2-f 5» 
n. f. 1 Incremcnrum^5,eft 5^4-+ 10^3-^1 0^2-* 5 ^-ttf. 
[uf. 0.^>o42r,maiorcrt,quam 5^24. 
fff^^ 0.<5ortr,maioreft, quam iow?3. 
/jfp. I 0.2cr, maiorcft, quam I0W2- 
2Cf,maioreft,quam 5w-n^. . 
Incremcntum O.co^ajr^maiuseftincrcmentowj. 
Quod&c. 0.60 



2. h. 



I 



%6, h. 



I 
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O.^o^2r,minoreft, quitn 5^4. ' ' 

0.6oar> minor cft, quam 1 0^3;- 

2 cr-f 2 of , minor eft, quam 1 0^2 5 ^j-^u. 
Incrementum 0.ica$r, minus eft incremento 55 . 
Quod &c. 

(9.2o<i3r,pro binario , maior cft , quim »>j5mi- 

nor,quam ^5. 
0: 2 0^3 r, pro ternario, & reliquis numeris, maior 
I eft, quam w55minor,quam ^5. ("iuod&c. 
Dico O 3o^t2r2 incremcntum, maius eflc incremen- 
tom$ y minus incremcnto ^5 : & 0.3042^2, maiorem-» 
drc,quam ; minorem , quam . 

Demonflr! 

Incrcmcntum O.3o<t2r2,cft O.5o^r2-+O.3orai 
-+3or2 . 

Incrcmentum ^5 , eft 5^4-^ 10W3 ^ loini 

«. p. I Incrcmenium ^5, eft 5 ^4-+ 10^3 -+10^2-+ 5 
/wp. 0.5o^r2, maior cft, quam 5^4* 
Juf, O.sori , maior eft, quam 1 0W3 . 

O.3ot2, maioreft,quam iQm^-^^im-^M. 
Incrcmentum 0.3042^2 , maius cftnicrcmento 
W5 . Quod&c. 
Juf. * O.5o4r2 , minor eft, quam 5^4. 

h. I 0.30 2-^30/2 , minor cft, quam 10^3. 
j IncicnuntLm 0.3 0^2X2 > mjLts eft mcrctncnto 
1 ^5 • Quod&c. 



M 



0.30 



ELEMENTVM 
%6. h. O.ioairi y pro binario, maior eft, quimr «^55 
minor, quam ^y. 
O.soairiy pro ternario , aliouc quolibct numc- 
ro, maior eft, quam j minor, quaiii ^j. 
Quod &c. 

Similitcr oftcndeturde omnibusquadratricibus in infi» 
nitum , hac fcmpcr mcthodo fcruata . * 
Quare &c. 



Theor. 3 i . Prop. j i . 

QVa^libet quadratrix cft f qualis femitota: vnitarc plus 
ordinat^e , additis , demptifquc fcmitotis, aliqua- 
liter acceptis, ifon plus ordinatis, quam (ic eius 
bafis . Demonjk. 
Piitct induc^lione per 6h. 

b. j Deindefic. Quarlibct quadratrix, cft a?qua- 
lis totse, vnitatc plus ordinacx, dcmptis , additifqj 
aliqualiter acceptis totis,non plus ordinatis,quam 
fit cius bafis . Tota vero vnitatc plus ordinata,eft 
- sequalisfcmitotxparicer ordinata:,vna cum ferai- 
f cotis non plus ordinatis, aliqualitcr acceptis, & 
M vnitatcr&reliquxrota: non plus ordinat^, func 
I jequales fcmitotis, noapius ordinatis , aliqualiter 
I acceptis , & vnitati . 
Quare qudibet quadratrixeftarqualisfcmicota: vnita- 
te plus ordinat^ additis Scc* 



6. h. 



n 



Q 



SECVNDVM. p% 

The&r. $x. Prdp. j^. 
Vselibet qnadratrix eftxqualis (cfquitotae,vnitat(i^ 
plus crdinaise, demptis,additiTquc fcfquitotis , ali- 
qualiter accepris, non plusordinacis, quam fitciu^ 



bafis . 

Demonjhr. 
Patet indudionc per 7./?. 

22. h. 



7. h. 



Deinde fic . Qua^libct quadratrix , eft a^qualis 
tota? , vnitatc plus ordinarse, dcmpris , additifque 
aliqualircr accepcis totis , non plusordinatis, qua 
fiieiusbafis. Totavcr6,vnitarc plus ordinara^ 
jequalis eft fcfquirora», parirer ordinar^e,dcmpcis, 
addirifque alijs, acccptis aliqualitcr fcfquitotis 
non pius ordinatis:& leliquje lotx. non p!us ordi- 
nar^e , func fefquitocis addiris, & fubcraclis , non 
plus ordinatis aequales. Ergo quaelibet quadra- 
irixjcft iequalislefquitotic vnitatc plus ordinarc, 
dcmptis , additifquc alijs , acccptis aliqualitcr fct 
quitotis , non plus ordinatis, quam fit cius bafis. 



Theor, 3 3 . Prop. 3 3 . 

QVc^libet quadratnx media, cft a^qualis quadratrici, 
ineadembafi, primre^vna cum alijs primi lateris 
fpecRbus,aliqualitcr acceptis. Ei fubquadratrix, 
fubquadratrici . 

T)etnonJh. 
Patct induJlionepcr 8A 



M a ^ De- 
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41. h. 



14. h. 



Deinde fic . Quaslibec quadratrix , cft xcjualis 
totse , vnitacc plus ordinata?, quamfit ciusbafis, 
demptis , addicifuc alijs totis,aliqua!itcr acceptis, 
non plus ordinatis, quam fit cius bafis . Tota aute 
vnitatc plus ordinara , cft a?qualis quadratrici pri-, 
m^e,in2equeordiaata bafiiaccnti, vna cumalijs 
fpeciebus, in primo Iatere,in infcrioribus bafibus, 
aliqualirer acceptis. Et reliqux infcriorescoto^, 
fimiliter infcrioribus quadratricibus , & fpeciebus 
funt iequales, aliqualiter acceptis . Quarc qua?!i- 
bet quadratrix media,eft cxqualis prim^ej in cadcm 
bafi,iacentiquadratrici,vnacum alijs primilate- 
ris fpeciebus, aliqualiter acccptis. Et fubqua- 
dratrix , fubquadratrici . 



Thtor, 3 4. Prof, 3 4. 

QVdibet quadratrix, eft a?qualisquadratrici,inca- 
dem bafi, vicina?, additis vtrimquc totis , non plus 
ordinatis , quam fit ipfa bafis . Et fubquadracrix, 
fubquadratrici . Dcmonfir. 
Patet. induaione per p.fc. 
ai. I!?. j Dcinde fic . Qua:Iibct quadratrix , eft a^qualis 
^ j quadratrici , in eadcm bafi, fibi vicinse, additis 
I vtrimquc alijs inferiorum bafiu fpeciebus, aliqua- 
! liter acceptis , & totis non plus ordinatis, quam Ct 
^^'h. j ipfa bafis. Sunt autem aliar inferiorum bafium fpc- 
cics,a^qualcs totis , non plus ordinatis , quam fit 
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» J ipfa bafis^aliqualiter acceptis. Ergo quarlibet qua- 

j dratriv^ed sqaalis quaJratrici, in eadcm baii^ libi 
I vicinf adJitisvtrimq;tbtis,n6plusordinatis qua 
. I fit ipfa bafis . Etfubquadratrix fubquadratrici. 



Theorema j 5 . Prop, 5 5 , 

QVdibet quadratrix, eltarqualis quaJratrici, inea- 
dem bafi, fibi vicinjE , aJJitis vtrimque fe.nitotis, 
non plus ordinatis, quam fit ipfa bafis . Ec fubquar 
dratrix, fubquadratrici • 

Demonjir, 
Patctinduflione per lo.k 

Dcinde fic. Quxlibct quadratrix cftxqualis 
quadracrici,in eade bafi,fibi vicine,additis vtnmqi 
totis non plus ordinati5,quam fic ipfa bafis . Toc*c 
! aurcmnonplusordinacx,fcmicotisnon plusor- 
I dinatis, acceptis aliqualiter , funt .irquales . Ergo^ 
qudibet quadratrixcll xqualis quadracrici in ca- 
dcmbafifibi vicinie,adJicis vtrimque fcmitofis, 
nonplus ordinatis, quam fit ipfa bafis , £t fub- 
quadratrix, fubquadratrici . 



6. h. 



1. p. 



Theor, 3 6. Prop. 5 

QVa^Iibet quadratrix^eft ajqualis qu3dratrici,in eadc n 
bafi,fibivicin2e^adJicis vtrimque fefquitotis,noru 
plus ordinatis, quam fit ipfa bafis . £c fubqua Jratrix , fub- 
quadf atrici • 



De- 
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Dcmonjlr. 
P atec indudione per 1 1 . h. 
?4- 



h. 



1, p. 



Deinde fic. Quselibet qundratrir eftsequalis 
quadratrici, incadem bafi,fibi vicin^, addicis 
vtrimquctotis,non pIusordinatis,qadm ficipfa 
bafis. Tota? autem, non plus ordinat^,fe(quito- 
tis,nonpIus ordinacis, acceptis aliqualicer,<unt 
a^qualcs. Ergo quaelibec quadracnx, e(t seqoalis 
quadratrici, in eade bafi,f)bi vicina, additis vtrim- 
quctoris,nonpIus ordinatis,quam fic ipfabafis. 
Ec fubquadracrix , fubquadratrici . 



. Theor. 3 7. Prop. 3 7. 

QVa'libec quadracrix , eft a^qualis quadracrici , fibi, iru 
cadembafi,vicina?,aJditis vtrimque primi laceris 
fpccicbus , infcriorum bafium. Ec fubquadracnx , fubqua- 
dratrici . T>€monJlr. 
Patec indudionc per 12. /7. 

-h. Deinde fic . Quxlibcc quadratrix, eft^qualis 
quadratrici,fibi,in eade bafi vicing,addicis vtnmqj 
cotis, noplus ordinacis quam iic ipfabafis,aliqua- 
14. h. i literaccepcis.qua^totf, funt^qualcsfpcciebusin- 
fcrioru bafium, primi lacci is , aliqualitcr accepcis. 
Ergoqu^elibccquadratnx, e(t ^cqual s quadracrici 
fibi in cadcm bafi vicin.v,addjtis vtrmuji primTli^^ 
i.pk ! lerisfpecicbus , infcrioium bafuim. htfubqu^ 
drairix, lubquadratrici . 



9$ 

Pctrus Mcngolus , Illuftrifrimo D. Fabio Alaman- 
dino,NobiIi Bononienfi, Dominofuo maximc 
recolcndo, bcare viucrc. 




E quafi proportlombus i in^tuditunu 
hucufque Qeometrtcurn elementunj, 
ad theoremata , Cdtcroqui dijjicilli^ 
ma^factli negotio foluenda , cum in^ 
jlttuerim: ex ijs ^ejut meam fcholam 
frequentarunt i prAter te^luuenis lllufrfstme ^ne^* 
minem habeo fatis dfpoftum^ qui rem fubtilifsi-^ 
mam valeat tntelligere . Cumque verear , fi forte 
pofstt inteliigi , cjuod legendnm omnibus propono\ 
mfi prius ipfe oretenus , altcui eius doGrtnA fatis 
capaci, meam fentcntiam expltcucrtm: apud t^ 
precator accefsi\ vt dignareris ( Itcet vacattonunu 
tempore admodum necejfario ) ruraltbus parttm 
ddtcijs y partim negotijs cjuidcjuam detrahere j pri^ 
uattfcjue mets lucubrattonibus auditor interuentre. 
Pro tua bentgnitate fiattfn 9 quod pofulabam , im-^ 



fleuijli : ^ concejjum ithi diuinitus intelleffunu 
fubttitfsmum , tnuentis meis , ea intent ione adhi" 
hmfi ^ot me ipfum inuentorem , ^ prdeilO' 
tem\p tn plurimis ettam prmentres. Plurtmas itor^ 
ejue ithi primum gratias profteor : cjuod tam hnmi' 
Ittcry ^ Itheraltterj me de fludijs meis prinalis 
tecum patiarts communicare . Deinde illas eafdem 
lucuhrattones ^vna cum altjs pr^cedcntium elemeri' 
iorumyplcnius traciatas .prdegendas cfferOy fcri^ 
^ptts prAfenithus \ antec^uam totum opus pu- 
htici iuris ejfe inclptat : non cjuafi gra- 
tiam reddituruss fed in met erga 
te ohfeqtiij montmenttim . 
Val^. 




GEO- 
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G EOMETRliE SPEC lOS^ 

ELEMENTVM TERTlVM. 

T> EF I-N IT lO^ E S. 



rr 




Ario inJeterminata dcterminabilis, qu^ iiu 
dctcrtiiinari^ potcft cfle m aior, quam data^, 
iyiaflibetjqiutenus ita detcrminabilis, di- 
CciurQuariinfinita. 

2. Er qucC J^otcft cfic minbr, quam data qudibet,qua- 
tcnusita determinabilis, dicctur^Quali nulla. 

3. Etquajpotcllcnc minorjquam dataquarlibct ma- 
ior inapqualitas;&: maior, quam daca q jxlibcc minor inr- 
qualiras,quatenu>ita 'etcrininabilis,diccturjQuali .^qua- 
lius. Vd alitcr . qua' potcft circ propior ^equalitat/, 
quam data qUw^libct nona!qualitas,quacenustaIis, dicc- 
tur,Qua()xquaIitas. 

4- Etqua^poteftcflc n3inor,quam dataqu.iflibct ma- 
ior, propofit^ quadam rationc; & maior, quam data qu.^- 
libct ininor, propojua c^dcm racione, quatcnus ita dcccr- 

•tftvlt N mina- 



f8 ELEMENTVM 
ininabilis>dicemr,Quafi eaJemratio. Velalitcr . fluae 
potcft cffe propior cuidatn propofita? rationi > quam 
ta quselibct alia non cadem , quatenus talis, dicetur, Quafi 
cadem-». 

5. Et rationum quafi carundcm interfe, termini di- 
ccntur,Quafi proportionales. 

6. Et quafi sequalitatum, dicentur,Quafi sequales. 




Thm. 



1 



: T E R T I V M. c»Sl 

• Theor. l . Prop. I • 

Njequalium rationum maior , pcrmutando,cft maior, 
iicm componendo,&diuidendo,eft maion 

T>erronJlr. 

Maioris cnim rationis antcccdcns , maior cft, 
quam proporticnalis, cum reliquis tciminis: & 
dempta quanlitatc,vi proportionalis rdinquaturj 
permutando , & componcndo, &diuidcndo,pro- 
portionalis erit , & anteccdcns: e^'«demq rettituta 
j quantitatc,crii antcccdens maior , quam propor- 
I tionalis,permutatx, aut compofitof, autdimTaj 
j proportionalitaiis. QuodScc* 
Quare&c. 



9. f 



I 



Theorema 2,Prop, 2. ^ 

Njrqualium rationum maior, conucrtcndo, cft mi- 
nor- 

Demonfir. 

Nam maioris rationis confcquens cft minor, 
quam proportiopalis, cum rcliquistcrminis: fa- 
dufqucconuertendo antcceJcns, adhuc cft mi- 
nor, quam proportionalis , cum icliquis ierminis# 
Quod &c, 
Quarc&c. 



I 



Theor. ^.Prop. j. 

Karqualium rationum niaior,pcrconucrfioncm ratip-^ 
nis,crtminor. N i Hy- 
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Demonjlr. 

Patet indudioneper ii.fc. 



h. 



1. p. 



Deinde fic. Quaelibet quadratriT eftsequalfs 
quadratrici, incadem bafi,fibi vicin^e, additis 
V trimque totis , non plus ordinatis , quam fit ipfa 
bafis. Totx autem, non plus ordinarse/e/quiro- 
tis,nonpIus ordinatis, acccptisaliqua!iter,funt 
a-quales. Ergo qusrlibec quadratrix, ett a^qbalis 
quadratrici, in eade bafi,fibi vicina, addiris vtrim- 
quc totis, non plus ordinatis,quam fit ipfabafis. 
Et fubquadratrix , fubquadratrici . 



- Theor. 5 7, Prop. 5 7. 

QVarlsbet quadratrix , eft a^qualis quadratrici , fibi, in^ 
cadembafi,vicinae,additis vtrimque primi lateris 
fpcciebus , infcriorura bafium. Et fubquadratrix , fubqua- 
dratrici . T>emonJlr. 

Patet indudionc per ii.h. 
J4, 'h. Deinde fic . Quxlibct quadratrix , eft af qualis 
quadratrici/ibi,in eade bafi vicinc,additis vtnmqj 
totis, noplusordinatis^quatniit ipfibafis,aliqua- 
14./;. liieracccptis.qu^Etorg,runtd?qualcsrpccicbusin- 
fcrioru bafium, primi latei is , aliqualiter acccptis. 
Ergo qudibctquadratrix, eft ^equai s quadratrici 
fibi in cadem bafi vicin.v,addms vtrmiuji priml li^^ 
a. pk . icris fp^cicbus , infcrjoium bafium . htfubqua- 
dratnx, lubquadrarrici . 

__ 



PetrusMengolus, Illuftriffimo D.Fabio Alaman- 
dino, Nobili Bononienfi, Domino fiio maximc 
recolendo, beatc viuerc. 



E cjua/i proportioml^us i inayJilHrru 
hticufcjue Ceometricum elementum, 
ad theoremata , CAterocjut dt^ctlli'- 
ma , factli negotio foluenda , cum in^ 
fttuerim : ex ijs , qui meam fcholam 
frequentarunt iprAter te^luuents Illujirifftme ^ne* 
mtnem habeo fatis difpofitiim\ cjui rem fubttltfsi^ 
mam valeat tntelltgere . Cumcjue verear , fi forte 
pofsit intelitgt , cfuod legendum ommbus propono\ 
ntfi prttis ipfe oretenus , altcui eius doHrtnA fatts 
capaci, meam fentcnttam explicucfim: apud t^ 
precator accefsi\ vt dtgnareris ( itcet vacattonmtu' 
tempore admodum ncceffarto ) ruraltbus parttm 
deltctjs y partim negotijs cfutdquam detrahere j />r/- 
uattfque mets lucubrattonibus auditor interuentre. 
Fro tU4 kenignitate fiatim , quod pofiulabam , im^' 

ple^ 
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h. 



hi 'y 43 : ininor, quam ^ij W» Quod&c. 



Quare&c •^- t - \ 



* 

Thor. 6,Frop»6. 

SI pWma ad (ecundam , maiorem habuerit rationcm^ 
quam tertia ad quartam:ctiam arquepropornonales 
cumprima, &tertia,ad sequepropornonales cum fecim* 
da , & quarta, maiorcm habcbunc. ratiuQCm ^ li prout iibi 
refpondcntjifafumantur. S p 

4^ h: maior,qu^mc3 d. 
c: e-y f. 

h d: gy h. ^ . . 

Dicof^ £: maiorcm efle , quam /?• i 

T>emonftr. 
hyfcth. ^a-y h: maior,quam J> 
p. h. la-y c: maior, quam hy d. 
1^. \ey f: maior, quam 
f. b. I maior,quam/5 h. Quod &c.- 
Quare&c. 



Theor. 7. Prop. 7. 

RAtio quafi infinila; conucitcndo,eft quafinulla. 
fiypoth. 

£llo ratio ad quaii infinita. 

Dico conuertcndo, S ad cfle quafi nulljm. 



T E.R T I V M, ' loi 



1 



Aflumaturquxlibctratio.cad 

^ef.iJj. j Ratio /lad iJ^maior poteft e(Ie, quin ^ atl r; 
ja. Ergo conuertcndo , S ad ^4 > minor poteft jeffe^ 
^ef.z.hA quam c ad^. Ergo2?ad-4>eftratioq j3li nulla. 
Quod &c. 
Quare&c. 



Theor.S.Propaf.S. 

RAtio quafi infinita , componendo> eft quafi infinifai 
itcm diuidendo^cft q jali infinita. 

Hypoth^ 

Efto ratio -4 ad S , quafi inhnita. 
Dico componendo 'B2Ld'B , eflequafi infinitam. 

Pr^par: 

Aflumatur qudibet ratio c ad quod fi f , eft ma- 
ior^quam litexccdus 

Demonjh. 

Si quidem c eft n?qualis,vel minor,quam d: pa- 
8. y tet, quod ^ -+ ^ ad S , maior potcft efle , quiiiv 
iif. u c ad d. QuoJ fi e eft maior , quam ^/. quoniam^ 
f . i^. ' -/i ad B > maior potcft efte, quain e ad rf: cnjo 
I componendo, A-^B ad S> maior poteft e(re,quiix. 
frtpar. e-^d ad di fed ir-f</ cft f : ergo A-t^B ad 3, ma- 
* drf. I. ior poteft e(re,quam c ad Ergo .4-^2 ad 

racioelt quafiiQfiaica. Qaod &c. 

Dico 
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Dico diuidendo A — 3 ad S> racionecn efle qiiad in- 
finicam. Tkmonftr, 
def, I. j Ratio A ad S,potcft eflc maiorjquam c-^d ad i: 
p. fc. Ergo diuidendo ad 3;poteft clFe rniioV, 
def.i. quam c ad Ergo /4—» ad "B^ racio eft qujfi 
infinita • Quod <3:c. 
Quare &c. 



R quafi sequalitas. 



Thcor. 9. Pro. 
Atio quafi infinita , per conuerfioncm rationis, eft 

Hypoth. 

Eftoratio A ad»,quafi infinita. 
Dico, per conucrfioaem rationis, A ad ^ — S, elTc 
quafi a:qualitacem. ' • 

AlTumaturqua^.Iibec ratio non a^quafiraSjCuiusmafor 
terminus c, minor d. i 

Demonjhr. 

def.i.b. Ratio ^ ad ^^poteft maidl- efle,^qua!n c ad 
b. c — d: crgo,'per conucrfionem racionis, ^ ad 
l 4 — 2, potcft minor efle, quim f ad^:j& cft 
maior asqualitace: ergo Aad A — S , eft propior 
def.s.h. a?qualitati,quam firpropofita ratio r ad d: ergo^ 
racio AadA^^ % cft quafi ajqualicas. Quod &c. 
Quarc&c. 

^ o— — audr, , — L '.i.; I 

a . 7 
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• Theor. I Q.Prop. I o. . ; . ^ - .v» ,• 

RAtio quafi nulla, conucrtendo,cft quafi infirtitt* 

Efto ratio A ad S, quafinulla. a K gj> ! • 
Dicoconucrtcndo,rationem 2 ad /i, ^fie qiiafi infi- 
nitam. Pr^ar. 

Aflumatur qiJ^Elibctratio r ad di — 

Vemonjlr. *^ 
Ratio i4 ad » , minor poteft cffc, quam «/.ad 
2. f : ergo conucrtendo, ratio ^ ad /^^maiorpotcft 
Jf/.i./;. . cfle,quam rad rf: ergoratio 2 ad cft quafi 

( infinita. Quod&c. 
<^ Quare&c, 



Theor.'l l p'Prop. II* 

RAtio quafi nulla, conrfponendo , eft qtiafi '^qualitas. 
fljpoth. 

Efto ratio ad » , quafi nulla. ' 
Dico coraponcndo , rationem ^-+2 ad 5 , cflc quafi 



aErqualitatem. 

AfKimlatur qujtlibet rario c^dd, non ^qualitas ;cuius 
fliaior tdrminus c, minor •'f 

" ' Demonjir. 

itf.t.h. Ratio /4 ad »,potcftminorcfle,quam c— i 
a. ad ^ : ergo ccnucrtendo, 'BzdAy poteft maior 
T K";f cflc, qtnim d zd r^-d: crgo componcndo ^-+» 
V 6 aJ 
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3» 



ad A» poteftmaioreflc,quirn c ad c — d: trgo 

pcr conuerrionem rationis A-t-^B ad3 potcft mi- 
• ' nor effe,quim cad^/: &cft maiortequalitatcrer- 
def.^.h. I go i^-HSady.eftpropioriequaIitar:,quim c ad di 
I ergo -4-+3 ad 3, cft quafi aeqaalitas. Quod vkc. 



Quarc &c. 



Theer. 12. Prop. 12, 

EX ratlonibusquali infiaicisjcx a:quali>qua(i infinitx 
func rationcs compofir^. 

Azd*ByS>iCadDy funtorationes quaii inBnitx. 
Dicocx xquali ,cx -4 ad » , & C ad D compofitam> 
.ifle quafi infinitam. . 

,,Pr^par. 

AfTumatur e ad f. ratio quxlibcr. gnm 

DcmonJIr. r^- 

I Quoniam ^ ad S, & C ad D, func rationes 
drf.i.h. I quafiinfinitserpofuntcfse A ad 3,maior,quam 
4. ib. ad /5 & C ad D, maior ^equalitatc. Quarc» 
&vtrifque ^4 ad S, & C ad Z>, compofira ra- 
tio, poteft clTe maior , qudm cx e ad /, & ex 
7.5. iequaIitatc,compofita;idcft,quamipfa e zd f 
def.i.h. I ratio. Quarccx vtrifque ^4 ad S, & C ad Z>, 
compofita ratio cft quaU infinita. QjJod Scc. 
Quarc &c. 



T E R T I V M. K<ll 

• Theor. i 3 . Prop, 1 3 . 

EX rationibus quafi nullis , ex sequab* , quafi nulte <unt 
rationes compofitx. 

Hyfoth 

>^ ad & C ad D, funto rationes quafi nullx . 
Dico cx Jtquali, ex ^ ad Cad D rationcmcon^ 
pofitam, effc quafi nullam . .« 
... Pr^par. , 

AlTumatur quxlibet ratio e ad f. , 

Dem^nflrm 

. I Quoniam .4 ad ^5 , & C ad D funt. rationef 
dcf.i.h. quafi nullxjpolTunt efle, ^ ad », minor,quanL. 

f ad /: & C ad D, minor jcqualitatc. Quare 
4. h. ex vtrifque ^ ad S> & C ad D , compofita ra- 

tio,poteft efTcminor^quaraex vtrifquc e ad 
7- 5- &ex3equalitatccoropofita5ideft,quamipfa f ad 
/. Quare ex vtrifquc A ad2iy Sl jC ad Do cpm- 
def.i.h. pofitaratioeft quafinulla. Quod&c. ^ 
Quare&c. ^>^>B 
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TfcfiJr. 14. 14- 
Atio quafi a:qualitas, conuertendo, cft quafi a^qua- 
litas. 

Hypoth. , p 

Efto ratio A ad^B, quafi aiqualitas. 
Dico corueitendo, S ad y^, quafiarqualitatem cfre. 

O 2 Prrf- 
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• AflCitnanrur duac quarlibcr rarioncs , c ad maior 
«qualitarc:& c aJ minor. 

Demonjlr. 

Quoniara rario f ad cftmaior ^equalitare-s 
crgoconucrcendo ydzdcy cft minor xqualitacc 
&quoniam e ad /, cftmioorxqualitarc; crgo 
conucrtendo/ ad r, eft maior ^equalicate . £c 
quoniam ad cft quafi arqualicas : ergo po- 
rcft A ad S, maiorcfle, quam ad r, &minor, 
^ quam /ad r: crgoconuerccndopoccft » ad 
j minorefTe^quam r ad & maior,quam ^ad / 
def j.fr. I Ergo 2 ad -^, cft quafi a:qualiras. Quod &:c. 
Quarc &c. . . 



a. b, 

hyfotb. 
def,^.b. 



The$r. 1 5 . /^r<y?. 1 5 . 

RArioquafi «qualiras, componcndo, cft quafi dupla. 
h[ypoth. 

Efto rario A ad quafiarqualicas. 
•^Dico componcndo ^ ad eftc quafi duplam . 

PrKpar. 

- Afliimacur dux qua^liber rarioncs c ad dy maior,qua[n 
dupla: Sie zdfy maiorquidcm sequalicace, led nunor, 
qu^m dupla^ . 

Demonjir, 

€6»jfr. I Quoniam c ad d, eft maior, quim dupI<L, 
I diuidendo; c-^d d, maior xqualiracc:& 

quo- 



T E R T I V M. lop 
tonflr.* quoniam e ad /, cft maior a?qualitate,fcdnii- 
p. b. I nor, quam dupla, diuidcdo, f /'ad /, eft niinbr 
def^,h, ^qualiratc. Etquoniaai/4 ad ^5, eft qiiaru-^ua- 
litas;poteft A ad minor elle, quain c — d ad 
p.h. dy &C maior, quam e — f ad f. Ergo compo- 
' nendo,potcft-r4-+S ad minor efle, qua n c ad 
def^,h, d'^ & maior,quam e ad /. Ergo ad 
cft quafi dupla . Quod &c. 
Qiiare &c. 



Thior. 1 5. Pr^)/7. 1 5. 

RAtio quafi asqualitas , diuidendo , cft quafi nulla. 
Hypoth. 

Efto ratio .4 aJ 3 quafi ^equalitas: & cfto A maior, 
quam 

Dico diuidendo A — 3 ad efte quafinullam. 

Pr^par. 

Aflumatur qu;dibet ratio c ad d. 

DefMnftr. 

hf' Quoniam A ad ett quafi .^qualitas; &eft A 
..^^ maior,quam 'B:, ^c-^d maior, quam di crgo 
def.i.h. poteft >4 ad 3 ratio, minor efle, quam c-^d ad 
f*b. d: crgo diuidendo poteft A — S ad !5 ratio , irri- 
iUf.sJ). norelfcjquam c ad d: ergo -4 — 3 ad 3, ratio 
cftquafinulla. Quod&c. 
Quare &c. 



Thear. 
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Theor. 17. Prop. 17. • 

RAtio quafi arqualicas >pcr conuerfionem rationiscft 
quafi infinica. 

Hypoth. 

Efto ratioquafisequalitas A ad Si cfto A maior, 
quam 3. 

Dico , per conucrfioncm rationis y A ad A-^^, racio- 
nem cflc quafi infinicam . 

Prtepar. 

Aflumatur quielibctratio maioris ina^qualitatis c ad d. 

T>emon[k. 

Quoniam A ad cftquafiitqualirasi&eft^ 
maior,quam 7>\ itcm c maior, quam c — er- 
goratio A ad >potcft minoreflc, quam c ad 
c — di crgo per conucifionem rationis, A ad 
A — ^B rario, poteft maiorefle,quam r ad ^/: & 
eft maior omnibu:, tL^im a^qualiratis , tum minoris 
inarqualitatisrationibus: crgo A ad-r^— 2 ratio 
ertquafiinfinita. Quod&c. 



def.i. h. 



def.p.b. 



Quare &c. 






> ii 7/7fc?r. j8. Prop. \ 8. 







Q 



ViE eidcm func quafi aqualia, intcr fe func quafi 
o^qualia . 

Hjfpoth. 

Sunc Ay S, quafi aqualia :irem 2?, quafi a^qualia. 
Dico-wf, quafi aqualia cflc. 



Pr^ 



T E R T I V M. III 

Aflumatur qua!libcc racio J ad noa xqualicas: cuius 
maior temiinus minor e. & intcr e^ m:Jia fu- 
matur f. Demonjhr. 
dcf.jj}. j (Juoniam Ay S, fuac quafi xqualia , poccft A 
ad 2, minuseiTs:,qjaii d ad /: 34maius,qjam 
/ ad d. Icjtn S ad C poccfl minus clTe^quim / 
ad f , & maius , quam e ad Ergo cx ^qua- 
Ii,pocelt ^ ad C minus eflTe, quam ad r; & 
^ef.iJ}. I maius, qu^m ^ ad ergo ^ ad C, quali eft 
j aequalis . Quod &c. 
Quare &c. 

Theor. i 9. Propof i p. 

QVaeeidem func quafi ejJcm racioneS| incer fcfuat 
quafi dem • 
^ Hypotk 
A ad S, quafieadcmcft, qux C ad D: & C ad 
quafi eadem , qu^ E c-^d /^. 

Dico /1 ad qualieamJemeflequx £ ad F. 

Pr^par. 

AfTumarur qunplibcc racio g ad maior, quim cui 
propior pocelt cfle £ ad & quaslibcc i ad /, minor, 

Demonjhr. 

dcf.4,h. Quoniam C ad A quafieadcmeft,qux£ ad 
Fi potcft C ad I>, minorelIc,quim ^ ad fcj 5{ 
maior, quam i ad i. Ergo ^ ad h, maior eft:, 

quim 
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quam cuipropiorpoteft cflc C ad D; ad 
^cf^h. minor. Ec quoniam A ad S, quaficftcaderrL, 
quae C. ad Z> : ergo ^ ad » , poteft cfle mmor, 
conflr. quam ^ ad fcj & maior, quam / ad /. Sed g ad 
fc cft quarlibet aflumpta, maior, quam cui pro- 
piorpotcftefle EzdF'^tA # ad /, eft quseLbec 
I aflumpta, minor : ergo A ad », cftquaGcadem, 
I qu.T E ziAF. Quod &c. 
Quare&c. 



Tfc^<?r. io.Prop.20, 

QVafi proportionales , conuertendo , funt quafi pro- 
portionalesr 

HypotK 

Sint quafi proportionales A ad vt C ad D. 
Dicoconuertendo, quafi proportionalcs efle ad -/^, 
Vt D ad C 

Sumatur quarlibet e ad /i maior , quam cui 
propior potcfteflTe D ad C: & quselibet ^ ad h, 
mmort&eritconuertendo, fumpta/ ad mi- 
norjquam cuipropiorpoceftcflc C ad X>|& fcad 
maior. 

'Demonjlr. 

hypoth. \ Qiioniam'.4 ad quafi cfteadcm,qnx C 
rfff.^.fc. ad T>: crgo ^ ad »,'potcftcflcminOr,quam h 
X. /^.^ j ad & ntaior, qudnV/jT ad crgO GOquerteh- 



9. iE;. 

•1 ■ 



de, 



T E R T I V M. II} 

• j do, 2 ad Ay poteftelIcmaior,quim £zd h; 
tirf.4,h. j rainor, quam e ad /: ergo 3 ad A, quafi cadcm 
1 eft , qu^ DadC. Quod &c. 



Quare &c. 



E 



Theor. 2 i.Prop. 11. 
X quafi ijfdem rationibus, ex «qualii quafi Cfdcm 

fiint raciones compofitar . 

Hyfoth. 

A S C 25 

E F G H 

I n f p ^ 

l 0 S q m 

il ad 2, quafieadcm ratioeft,qu2E C ad Z>: & £ ad 
F , quafi cadem > c\wx G ^dH. 

Dico exa:quali,ex ^ ad », & £ ad F compofitam, 
quaficamdeniefle, quie ex C ad D, & ad /ycompo- 
lita^. 

Afliimaiur / ad i^, quajlibet ratio maior, quim cui 
propiorpotertcfle,cx C ad & C ad compofita^: 
itcm aflfumatur qua»libet / ad w, minor. Deinde fiant 
/ ad «, & / ad Oy ficut cui propior potcft cfle C ad D: 
item /? ad ^ & ^ ad w, ficut cui propior poteft eflc G 
ad ^ . Deniquc fumatur inter /?, media qua^libct quan- 
titas r: & intcr <?, media qnselibctx. 
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Demonfbr. • 
9mfir. I Quoniam / ad maior eft, qiiam cui propior 
poceftcflre,C3c C id Dy &cG 2id fJ compofira!^- 
&cft /' ad «, cui propior poteft elFe C ad Z),S: 
'^. ^ ad 4., cui propior poteft eflc G ad ergo / 
ad i^, maioreft, quam, quctcx / aJ w, & ex p ad 
k, compofita. Ergow, maioreft,quan p. Si 
cnim w, cftet^equalisipli p: ex i ad w, 6ff ex f qua- 
lirate,&cx/7 ad 4., copofita ratio / ad eftct ca- 
dem,qu;ecxca,cui propior potcft elfc C ad 
ex^qualitate, & cxea, cui propiorpotcft eftc <7 
4* /^. ad /^, compofita efti contra aflbmptum . Quod 
fi w, eflentminor,qudm/>: cx / ad «, &c minori 
^ ina:qu^Iitatc, & p ad 4., compolita ratio / ad k, 
cflct minor , quam qux ex ca, cui propior potclt cfl^ C aJ 
T>, cx a»q lalitate , & cx ea, cui propior potcft eflc G adff, 
compolita cft , contra idcm aflumptum . 
conHr. j Ergo w, maioreft,quam p: 5c r, minor^quana 
9. I w; & maiorquam p: habctquc i ad r, maiorem 
\ rationem,quam i adn; idcft maioren,qudiTb, 
8. 5. J cuipropiorpotcrtcflc C ad D : habct quoque r 
ad k, maiorem,quam ad k; ideft, maiorcm , quam., 
cuipropiorpotcfteflc C/ ad H. 
conftr. Similitcr,quoniam / ad w , minor cft, quanL» 
j cui propior poteft cflc cx C ad D, & C# ad ^ 
l compoiita. &cft / ad cadem, cuipropiorpo- 
4. h. I tcftcfle C ad Z?: & ^ ad cadcm , cui pro- 

pior 



A 

E 

i 
l 



E R.X 

B 

F 

» r 



D 
H 

K 



4- 
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f 

4* ] pior poteft cfle G ad A^: crgo l ad m, minor 
eft, quam qua eft ex / ad & ^ ad w compo- 
fita. Ergo oy minorcft, quam (j. dcmonftrari 
enimpotcftvtfupra,quod Cio, e(Tcta?quaIis, vel 
maior, quim effet / ad m ratio noh minor, 
quamcuipropiorpotsftcflejCx C adZ>,& Cad 
H compofita ; coutra aflumptum . 
conftr. Cum itaque o , fit minor , qudm ^ : erjt Sy ma- 
f. 5. ior, quam 0; minor,qudm 9: habctquc ./ad x, 
minorem rationcm,quam / ad Oy ideftjminorem, 
1, 5. quam,cuipropiorpoteftefle C ad D. habetquo- 
que s ad minorcm rationcm,quam (j ad ;w: 
ideft,minorem,quam,cui propior poteft eflo 
ad /7. 

M Itaque / ad r, maior cft ,qu;im , cui propior 
h)f. poteft tflc C ad © : & / ad •f, minor . Scd ^ ad 
licf^.h. 2>', qunlicademeft,qu« C ad D: crgo ad 

poicftcflcminor, quam / ad r, maior, quam 
/ ad j. Simihtcr r ad k m3iorcrt,quam,cuipro- 
hypoih. pior pottft clfc C7 ad //j & J ad w, nnnor: cft 
dtf.^.b, ji£ ad f> quaficadem,qua! G ad //: crgo £ ad 
potcft efle minor,quam r ad kj 6^ maior, 
4- I quam s ad Ergocx*equah,poieftex A ad ^5, 

P 2 &cE 
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Sa E zd F compofita,minor cffe, quaoi, qux 
cx I ad r, & r ad k, componirur, / ad k ; & 
maior,quam,(jua!ex / aJ j, & x aJ w, compo- 
confir» nitur, / ad w. Eftautera i ad k, fumpra qua?- 
Iibctmaior,quim cui propior poteft elfe compo- 
fitacx C ad Z>, & C7 ad i^; ^ / ad m, mmor. 
Jtf^b. Ergocompofitaex A ad'By&: E ad Fy quafi 
eadem eft, quic compofica ex C ad & G ad H. 
Quod &c. 
Qu irc &c. 



Thear.2 2. Prop. 22. 

QVafi proportionalcs , permucando , funt quafi pro- 
portionales. Bypoth. 
Sint quafi proportionales v< ad S , vt C ad 
Dicopcrmutando,quafiproportionales cire A ad C, 
Vt S ad D . T>e7nonjh\ 

Suntcnimquafiegdcmrationes-^ aJ 3: S 
ad C; quse ^ ad C, 6s C ad D: ergo ex xqual/, 
^adC, 3i ^ ad D, rationescompoiitf funtqua- 
def.^^Jh. ficaeJem : Ergoy^ aJ C, & 2 ad funcquafi 
proportionales . Quod&c. 
Quare &c. 



hypoth. 
21* h. 
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• Thear. 1 3. Prop. 23. 

RAtiones quaG cxJcm , coinponcndo, funt quafi 
ca^dcm • 

Hypoth. 

A ad quafi eadem cfco ,qua? C ad D • 
Dicocomponcndo ^-^S ad », quafi candcm eflc/, 
[jua: C-+D ad D. 

Pr^epar. 

Aflumatur e aJ fy q jclibec ratio maior, quam cui 
propiorpotellcfle C-^-D ad D: ice ^ ad fc^quselibcc ma- 
ions ina?qualitaris , fed minor . 



p. h. 

confl r, 
p. b. 

hy^oth. 
def.^J). 
f t h. 



Demonflr. 

Quoniam ^ ad /i maiorefl,quam cuipropior 
poteltcfle C-^D ad D: diuidendo, e — f ad/i 
maiorelt, quim cui propior poteft efle C ad D. 
Itcinquoniam g ad fc, minor cft,quain cuipro- 
piorpoceftcflc C-+D ad D: diuidendo ^---fcaci 
h minoreil,quam cui propior poteft cfle Cad D. 
Scd ^ ad S, quafieademcft,qua: Cad D: er- 
go -<4adS,poceftefleminor,quam e — /"aJ & 
^maior, quam ^ — h ad fc. Ergo componcndo 
' S ad » poteftcfle minor, qua n r ad /; & 
maior, quam^ ad fc. Ergo ^1-^3 ad S, quafi 
ea Jem clt, quas C-+D ad D • Quod &c. ^ 



Quarc &c. 
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Theor. 14. Prap. 24. • 

RAtioncs quafi ea:dem, diuidcndo, funt.quafi c«- 
dcm. 

Sint rationcs quafi c.rdcni A ad 2, & C ad 

Dico diuidendo , quaficafdcm eflerationcs -4— 2 ad 
S,&C~Z)adD. 

Pr^ar, 

Aflumatur e zdf, quglibct ratio maior,quam cui pro- 
piorpotcfteffe C~D ad D: &nflumatur . ad /7, qu^ 
libct minor. 

Demonftr. 

v^uoniam e ^df maiorcfl,quam,cuipropior 
potell efl"c C-^D ad D5 ad h, minor : crao 
componendo e -+ / ad /, maior cfl,quam cui pro* 
piorporcftefl"e C ad D-.&c^^h ad hy minor. 
Sed /i ad quafi eadcm eft , qu^e C ad D: cr- 
go/i ad S poteftminorefle,qudm e^-^/adfi&L 
P' j maior, quam^-^/; ad Ergodiuidcndo ^--2 
j ad », potertminoreflc,quim e adf^ & maior, 
^^/•4^^. qudm ^ ad /;. Eigo A^^^B ad Z?, qnafi eadcm 
I c(t,qua: C—D ad D. Quod &c. 
Quare &c. 



tonjlr» 



hyp, 
dcf,^. h. 



Thesr. 2 5 . Prop, 2 j . 

RAtiones quafi e?dem , per conuei fionem rationij, 
funtquafi egdcm. 

f/ypoth» 
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• fJypoth, 

Sint rationcs quafi eacJera, -4 ad S, & C ad D. 
Dicoperconuerfioncn racionis,qaa(i eifdein elTcra- 
tiones ad ^ — & C ad C— 

TDemonjhr. 
hyf. I quafi C: T>. 

x^. h. sA—^Bj S:quafi C — D; T> . 
20./;. ! ^3 ^ — :5: quafi D',C~D. 
XI. h. I y4; ^ — »: quafi C; C~D. Quod&c. 
Quare &c. 



T/?^ (?r. 2 5 . Propof 1 6 . 

SI quotcunque quantitates fuerinc quafi proportiona- 
lcs, colIigendo,quafi proporcionalcs erunc, omncs 
antecedcnces , ad omncs confcqucntes . 

Hypoth. 

quafi C; D: 
Djco A-^C'^ 2-+ D: quafi C; D. 

Demonjl. 
bypoth. \Ay*B: quafi C; D. 
22. b. Ay C: quafi S; 7). 

2s:h. A-^C', C: quafi "B-^D^D. \ / 

12.«^. I^-^C; S-+D: quafi C:D. Quod&c. 



s 



Quare &c. 

Theor. ij.Pro. 27. 
I prima ad fecundam quafi proportionalis fuerir, ficuc 
ccrcia ad quarta.ni quinca ad fccuridam, quafi ficut 

' " . fexca 



• Diql*' 
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itxta jd qoartam: ciitpdm^aamqamz ad 
^afi fias fcnia am icxca ad qu 





^5»: quafi/"adD. 

DicoA-^E; »: qoafiC-^fsD 

^Tf^- l^; qoafi C; D. 

«i. C:quafi»; D. 

• . — t 

VJflmU, 

19. b, 
11. ir. 

hyfttb, x> j x> ; ^uoji i~ 3 iy« 

XI. A-^Ey 3: quafi Ch-F; D. QaodSiX. 
Quare &c. 



^ L : quau /f; u. 
E\ 2: quafi F \D, 
E\ F: quafi »5 D. 
Ay C: quali £; F. 
^5i::quafiC,f . 
4-^Ej£:quaG C-^FjF. 
'y 3: quafi f*; D« 



A 
E 



Thcor. iS.Prop.^S. 

QVafi partcs, cum quafi iequcmultiplicibus , in quafi 
cadcmfuntrationc, fi prout fibi mutuo rdpon- 
dent,itafumantur. 

Hypoth. 

Ay 3: quafi tripla. 
C; D: quafi tripia. 

Dico AyC: quafi »; D. 

- * Dr- 
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TDemonfir. 
18. |7. jyij 2: quafi CjD. 
22. h. I A'y C: quafi 2 ^ T>. Quod&c. 
Quare &c. 



s 



Theor. 2 p. Pr^i^. 2 9. 
I rotam ad totam quafi proportioflalis fucrit , vt abla- 
ta ad ablatam: & rcliqua ad rcliquam , quafi propor- 
tionalis erit , vt tota ad totam . 

Hypoth. 

A'y S: quafi C:T>. 

Dico A~Cy "B-^^D: quafi At, 

Demonflr. 
hypoth. j A'^ »: quafi C5 D. 
xi.h. \A^C: quafi 2^ D. 
as.h. ! A^ A — Crquafi»,^ — 2). 

21, h. I ^ — C5 quafi ^3 ». Quod&c. 

Quare &c. ' 



Theor. 3 o. Prop. 3 o. 

QVantitatcs quafi proportiona!es,&pcr homologf- 
am y lunt quafi proportionales . 

T>emonflr. ^ 
Namconucrrendo^quafi proportionales fiunt , 2oh 
& colligcndo , 26 , & 27. /?: & squcmalciplicando , & 
arqutpartiendo, 28./?: &permurando, 12./.: &diuidcn- 
do, 24./.': &componcndo, 23./?: &homologasab ho- 

Q mologis 
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mologis auferen Jo yip.h: &cpcr conuerfionem rationfs, 
25./?: &exsequali, ii.fc &coniunais omnifariam ar- 
gumentis huiufmodi, quocunque ordioc, pcr homolo- 
giam , quafi proportionales fiunt. .jx. j: 

Thtor, 3 I . Prop. 3 i? 

QVafi ^qualcs, ad quafi <rquales, rarioncs habcnr^ vel 
quafiinfinitasvtrafquc, velquafinulias, vel quaii 
eafdem inter fc . 

HypotL comm. 
-^, ^ funt quafi arquales . 
C , D funt quafi icquales. 

Hypoth.p. cafus. 
-^i C: cft quafi infinita. 
Dico Di eflc quafi infinitam . 

Pr^par. 

Affumatur e fy qucelibet rario ; vnde fit compo- 
nendo f-+/ad /; deindcpcr conucrfioncmratioms e-^f 
ad f ; & conucrtcndo r ad ^ -*■/. 

Detnonflr, 

^cf.s.b. ^'B;A: poteftmaiore(re,quam e, e-^f. 
def'p' h. A j C: poteft maior cflc , quam e^fyf 

4- ^ i C : poteft maior eflc , quam e 5 / 
def.p.h. S j C: ratio cftquafiinfinita. 
dtf.f.h. S; C: potcftroaiorcfle,quam ^-+/; /. 
dcf.-^.h, C\D: poccll maior cire, qudm r 5 e-^f. 

4. b. I S j £) ; potcft maior efle , quam e 3 /. t' 

3yD: 

, ■ nii C"ioo<7 
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<fef.p.b. \ D: ratio eft quafi mfiQita . QModScc. 

hypoth. 2, cajus. 
-^; C; eft quafi nulla. 
Dico "B-.D: efle quafi nuUam. 

Demonjlr. 
lo.h. lCyA : quafi infinita . 
H' [D'y3: quafi infinita • 
?• 1 2 5 D ; quafi nulla . C;?uod &c. 

Hypoth. 5» fi^» 
C: ncq; quafi infinita,ncq: quafi nulla eft. 
Dico 2j D : quafi eflc >i ; C . 

Defnonjir. 

S ad Dy nequeeftquafi infinita, neque quafi nullcc.: 
j alioquin ^ ad C circt quaU infinjta, vcl quali nul» 
1 Ia,conrrahypothefiai. 
ip. h. I S: quali C; D. 
XI. h. I A', C: quafi Z>; Quod&c. 

Quare&c. ..i 



Theorema 3 2 . Pr(?^. 32. . i 

SI primaadfccundain, rationem habuerit quafi infini«i 
tam, item ad terciam, rationem quafi inrin;caiu; ha- 
bebit&ad vtnufquefummam , & ad vtriufque dilicren- 
tiaai^ rauonem qaaU infinitam. 

Hypoth. 

Ay^: quafi infinita. 
A-y C: quafi infinita* 

Q^ 2 Dico 
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Djco A'j3-*C: qualiinfiaita n eife. 
EtA'y 3 — C: qiiali infinitaQi cflc . 

Dcmonftr* 

hypoth. AyV: quafi infinica . 

^ 2 : qaafi infinita . 

9* A-^^i A: quafi ^quolis . 
hpofh. AyC: quafi infinita . 
II. h. I C: quafi infinita- 

^'h, A-^^-^Cy Ci quafi infinita . 

^-+2h- C; A-^V: quafi^equalis. 

I»p. A-i-^ByA: quafi ;:equalis . 
i8. h. j A-^.jB'^ C; y^: quafi a:qualis . 
i6.h. "B-^C-^A: quafinulla, 

10. h. Ay^B-^C: quafi infinif a . Quod &c. 
lup. A-^ByC: quafi infinita. 

8. i!?. A-T*B'"CiC: quafi infinita . 
7. b. I C; — C:quafinulla. 

11. h. A-^B^A-^^—C: quafi xquaiis • 
fup. A-^^B: quafi requalis . 

18./;. A-^^B — C'j A: quafi f qualis . 
i-j.h. A^+B — Cy S — C: quafiinfinita. 

9. b. \A'yB — C: quafi infinita . QuoJ&c. 
. Ciuarc &c. 



Theor. 3 3 . Pr<?/w/r 5 3 . 

SI fucrinttrcs tcraiini,primus indcterminatus , reliqui 
duo detcrnunaci ; fucritauccm pnmus ad fccundunL» 

i quafi 
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[uaH osqualis: hibcbiC fecufiJLis ad cerciuoi eandem ratio- 
cm, quaoi quafi habecpriaius . 

Hypoth^ 

Tresterminifunc, prioius indeterminatus rcliqui 
luo dcterminati, Sc ci.SicdA jLd quad «qualis . 

Dico y c eandcm cfle r^cionem , quam quaft ha- 
>ct A ad c. 

Pr^par» 

Aflumatur dy arqualis ipfi c . 

Demonfl, 
A 3 ^« quafi a^qualis • 

di icqualis, 
A'^b\ qjafi c \ d . 

-/4, c: quali ^3 </• — " " ^ 

h\dx h'y c. 



hypotb, 
conflr, 
dcf.^, h, 
IX. h, 
8. 5. 



Quare&c. 



A^ c: quafi c. Quod Sic. 



T 



TThcor, 3 4. Prop, 3 4. 
Ota ad vnitatem , quafi ell intinita. 
T>€monflr. 

Nam tota , cum non dicacur, cuiusnumerirota fic 5 eft 
indcrcrminata : idcoque cota: ad vnicatem , ratio eft indc- 
ceniiinaca. Cumqueportirdici, cuius numeri coca fit 3 ell 
dcrcrminabilis ; ideoque totac ad vnicacem , ratio eft dctcr- 
minabihs . Cum denique pofTic dici eius numeri cota , qui 
raaior fit, quam vt advnitacem, habeac quamlibcc racio- 

nem 



ni 
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I ncm datam ; qui numerus , ipfa fui ipfius cft totju 
j erit ratio tots advnitatem ,maior, quim dati, 
def.f.\,.\ qu^Iibet. Ergo tota ad vnitatcm, quafi eftin- 
fimta. 



Theor. 3 5 . Prop. 3 j , 

SEfquitotaadvnitatem,qu3fi eftinfinita. Item fcrai- 
tota . 

Demofiftr, 

34' ( Tota ad vnirarem, quafi eft infinita: ergo com- 
8. I ponendo , fefquirora ad vnirarem, quafi eftinfi- 
8. I nira . Irem diuidendo, fcmitora ad vnirarem,qua- 
Jfieftinfinira. 

Theor. 3 6. Prop. 5 5. 

Ota, fcfquirora,&femirora, quafi funt .Touales 
intcrfe. Demonflr. 
I Sefquirora ad vnirarem, quafi cft infinira : ergo 
9' pcr conuerfioncm rarionis , fcfquirora ad rotam, 
quafi eft^qualis . Rurlum tora ad vnirarem.quafi 
fit infinita : ergo per conuerfionem ratiuni^ , tora 
ad-fcmitoram , quafi Qi\ arqualis . Ergo fcfquiro- 
ta ad femiroram , quafi eft a?qualis . 

Theor, 3 7. Prop, j 7. 

Ora quanrumhbct ordinara advnirarcm, quafieft 
infinita . Itcm fefquirota , & femitota . 

Dico 



T 



34. h. 
iS. h. 



T 
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Dicb tjy u: quafr infinituin . ^ 

Dcmonjir. ^iii^ 
54- I «: quafi infinita. v,XX 
^3 5 «: triplicata r; ». c^.^^ • . ^ 
fj ; «: quafi infinita. Quod&c. 

Similiter oftcn Jetur f 3 > w : quafi infinita ; ' 
I Item ms'y u: quafiiniinica.^ ' 
Qqarc &c. 



def.d.p. 
12« 



Thear. li^Prof. 38. 

TOtarnm inxqualiterordinatarum, magis ordinata, 
ad minusordmatam,quafi dtmfinita. Itcm fefqui- 
tocarum , &femitotarum . 

4 /Jypoth» 
r5 magis eft ordinata^quaintj • 
Dico ^55^3: quafi infiniratn^. 

Demonjlr. 
34. i^. \tyu: quafi infinita. 
drf.6.f. j r5 5 f4: r; «. 

def.6.p. /4; fj : f; n . 

5- '5 > quafiinfinita. 
II' 5- '4) ^3 • qi^afi infinita. 
11. i!;. ^5 5 ^3 : quafi infinita. Quod &c. 

Similicerolkndctur ^ 5 ; f 3 : qu^ifiinfinita. 

Et my, : quafiinfinitai 

Quare &c. 



n 



eor. 
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Theor. 3 p. Prop. j 9. 
2C Qucordinata* , tora , femicota, & fefquitota , funt 

quafi^quales. .1 
Dico ti) qs>^5f quafiacqualeseflrc. 

: Demonflr. 



h» 




3. p. 




zi. /;. 1 




Jup. i 


^3 



Quarc &c. 



Theor. 40. PrfTp. 40. 

TOta magis ordinara, ad aggregatum cx totisminus 
ordinatis , quafi eft infinira . Irem fcmitota, ad ag- 
gregatumex femitotisr&fefquitora, ad aggrcgaturacx 
fcfquitotis. ■ ^ 

Hypoth. 

Efto tota magls ordinata : qua minus ordinatar. 
r2, ty &rationalis u: quarum aggrcgatum 5(2 
-I- 4W . 

Dico 5 5^2 H 3f-f 4«: quafidfe infinitam. 

Demonfir* 



58. h. 


1'^ 


Jl. h. 




38. 




52. /7. 
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37' j tj *y u: quafi infinita. ' ' 

52. h. I ; 4/^: quafl infinita. 
32./^. I ; 5f2-h 5fH- 4i<;quafiinfini*ta. Quod &c. 
Similiter oftenJetur, wjj 5W2 -+ 3w-+iji#; quafiin- 



finita. Quod&c. 

Itcm , {js 5 5^2 -+ 3^-1.4«: quafiinfinita. Quod8<c. 
Quare&c. ' 



Theor.j^l. Prop.^i, 

TOta magis ordinata, fibi ipli,(& alijs miniiS ordinatis, 
addit s, vel fubtradis , quafi eft aequalis. Iccm fe- 
niitota : & fcfquitota . 

Hypoth. 

Tora vel {cmirota , vel fefquitota magis ordinata cfto 
y4:quacumadditx minus ordinat^, funto & fubtra- 
£tx C. • . 

Dico A~C, A-^S — Cy quafi sequales 

cfTo . 

Demonjlr. 

40. I A\ 'B: qijafi infinita. 1 
h. A-i- "B.y "S: quafi infinira . 

A-^^B^Ax quali a?qualis . Quod &c; ^ f 
C: quafi infiiiita. ^^Pi^Y *^*^' 

— C: quafi a^qualis. Quod &c. 
►C: quali infinita*4>j 
yl-+:^-~.Cj 2 — Cr quafi infinira. ' | -^ n 
A-^B — C ; ^ ; quafi requalis . Quod&c. 

, — K >4~f»-— 



40. 

9* h. 

i%. '^. 

8. h. 

9. /^. 



i 
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A-^V — C, A^+^B^ A — C, quadfuntarquftlei. 
Quod &c. 
Quarc &c 



Thcar. 42. Prop. 42, 

QVa^libetquadratrixqualj eftarqualis ad totam vni- 
tate plus ordinatam ,quam fit eius balis. ucoi ad 
..^^ fcmitotam : & ad fefquitocam . 

Eftoquadratrix A: & eftotota », vnitateplus onli- 
nata ^ ^aam bafis qaadratricis /I . |( 
Djco ^ ad 3y quafi a:rqualem cfle. 

DerKonfhr. 

ii- I -^, cft a-qualis ipii dcmptis, additifqje ali- 
qualiter acccptistoDs,non plus ordinatis, quanu 
bafis A . Scd "By cft tota vnitatc plus ordinatio 
quam bafis A • idcoque lota-, non pius ordmatc, 
quambafis A^ funt minus ordinata:, quam 3. 
Ergo A'^ cft^qualisipfi :5,dcnptis, additilquo 
aliqualiter acceptis totis , minus ordinatis , qudiu 
Sed & i9, dcinptis, additifque.aliqualiterac- 
ceptistotis,minusordinatis, quam quali eft 
sequalisipfi » . £rgo Ay quafi cft a^quolis ipfi 3. 
Quod &c. 

ldcm,& eodcm modo dcmonftraretur, fi S 
eflet femitotxnccno /i » cffct lcfquitota.Qi!e &c 



hypotb. 



41«^. 
18. 

32* X. 



Quire&c. ^ 
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• Theor. 45^ Prop. 43. 

QVa?Iibet quadratrix , ad totas non plus ordinatas, 
quom fit eiusbafis, quomodolibet acceptas , quafi 
eft inlioita, itcm ad fcmitotas: necnou ad icf- 
quitotas . 

BypoJh. 

Efto quadratrix yf; & in » fint fumptae toi^e quo- 
modoljbct , vel femitot^, vel fcfquitot;^, 
Dico J ad Squafi infinitamcflc. 

Pr^epar. - 

Sumatur C , tota, vnitatc plus ordinata, quam bafis 
quadratricis A • velfcmitota, vclfefquitota. 

Demonjbr. 

41. ^ j 2: quafi infinita. 

42. b. j A'^ C: quafi arqualis. 

h. \AyDi quafi infinita. Quod&c. 
Quare &c. 

Thtor.^^Prop.^^. 

RAtionisquafi infinita! diuifo anteccdente pcr datum 
numci um, ratio eft quafi infinita . 

Hypoth. 
A zd^y quafi eft infinita. 
Dico lubtrjplam -4 ad ^ , quafi infinitani cflc . 

Aflumatur quaslibct ratio c ^A d. 
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Demonjhr. • 
hypoth, ]A'y*S: quafi infinita . 

def^.h. Ay jB: poteft maior cfle , quam jrj jt 
-jp. h. A'y ic: potcft maior cfle , quim d. 
15. 5. A\ ic: fiibtripla A^ c. 
i^. 5. Subtripla AyC: potcft maior efle, quim 2j </. 
|7. ib. j Subtripla -4; "B: poteft maiorefle,quam c\ d. 
def.p.b. I Subtripla AyS: quafi eft infimta. Quod &c. 
^iuare&c. 



RAtionis quafi infinita? multiplicato confcqucnto, 
ratio cft quafi infinita • 

Hypoth. 

A acl 3,quafieftinfinita* 

Dico A aJ duplam 3 , quafi efle infinitam • 

Aflj natur quslibet ratio c ad d. 
, ^^•^Demonjlr. 

bypotb. lAy^S: quafi infinita. 
drf.pjf. Ay^B: porcft maiorcfle,quam 2Cy d. 

p. h. Ay 2c: potcftmaior cflc,quam rf. y 

15. y. By d: i/By id. 

13. 5. y^; 2c: potcft maiorcfle, quam iB; id. 

p. h. Ay 2B: poteft maior efl"c,quam acj ^d: 

ly. 5. 2^5 ^d: Cy d. 

13.5. 2S; poteftraaior cfle,qu3m fj d. .n. 
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iefjp.h^A\ i^; qjali cftinfinita. Qaod Sic. 
Quare &c. 



Theorema 45. Prt?/?. 45. 

RAliocodiporicacxduabusratioaibuSy alccra jquaii 
quadam propofica, alccra, quafi infinita j qualicft 
intinit^. 

A; quafi qua?dain propofita . 

*B'y C: quafiinfitiica. 

Dico c/^; C: quafi efle infinitam. 

AfTumatur quctlibct ratio , d ad c: item afTumatur 
qujelibec d ad /,minor, quim, cui quafi cadem eflc di? 
ciiur ad S. 

Demonfir. 

bypoth. 

4. h. 
def,p,h. 



!5j C: quafi eft mhnita. 

!5j C: poceft maior cire, quam /5 
Ay poceft maior efle, qudm 

Ay C: poreft maior efle, q 'am «^. 

A'y C: quafi eft iafiaiu. Qaod<^c. 



Quarc^ic 



rry 

Theor. 47. Prop. 47, 

Vadratriccsin eadembaGjaceaces,inicr fc funt qua- 
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Sintincadcmbafiquadratrices c^^, ». 
Dico o^, 2, quali «quales cfle. 

Sumatur C, tota, vnitatcplus ordinata, quimfitU- 

Cs iplarum c^, 2. 

41' h. jv-^; C: quafi ^qualjs . 
43. C: quafiarqualis. 
18. jc^; C: quafiaequalis. CJuod &c. 
-Quare &c. . . 



Theor.^S.Propof.^S. 

SVb quadratrices in cadcm bafi iaccotcs, funt quafi 
arqualcs. 

Sint in cadem bafi fubquadratrices o^, i. 
Dico c^, quafi ^qualcs cflc. 

Priipar. 

Sumantur homonymar quadratriccs C, Z). 

'Demonjlr, 

I C ad cx^, ^qucmultiplcx cft, vt D ad »• 
15- 5- 'C; c^; ». 
1^.5. C; D: c^; ». 
47- C; D: quafifquaKs. 

j /Ij S: quafi cequalis. Quod&c. 
Quarc&c. 
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• Themr. 4 9. P>vp- 4 9« 

IN Jiucrfis baftl^us , q uJratrix in tnagis orJinaca , ad 
qaaJratricem in minus orJmata> qnall eft infinita , 

f/ypoth. 

Sint quadratriccs Ay^By ladiuerfis bafibus: Ay in ma- 
gisordinatabafijquiim 'B, 

Dico A ad 3, quafienrc infinitara. 

Pr^epar. 

AfTumaturtota C, vnirateplusordinata^qtiam ficba- 
fis quadratricis A: & tota vnitateplus ordinata^, 
quam fit bafis quadratricis S . 

Demofijlr, 

hypoth, j Quoniam A elt m bafi magis ordinata, quam^ 
38. h. \B: ergoetiam C cft magisordiQatatoca,quain-» 
42./;. ! D: ergo C ad Z),quaficftinfinita. Sed C> 
3 1. K 1 funt quafixquales : 0 , 2, quali^qualcs . Er- 
I go A ad quafi cft infinita. Quod &c. 
' Quare&c. 



Theor, s o. Propu 5 o. 

IN diuerfisbafibus, qucliber malTa in magis ordinata, ad 
quamlibet maflamjin minus ordinata,quafi cft mfinita. 

Hypoth. 

Sint mafla! A^ S, indiucrfisbafibus: ^ inmagisor- 
dinacabafi, quam 

Dico A ad quaU cfle iafinicam* 
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Pr^par. • 
^ffumanrur quadratriccs C, D: C quidcm homony- 
maipfi & D, ipfi 

Demonjlr. 

hypoth. Quoniam clt in bafi magis ordinata , quara 

^ : ctiam C, eft in bafi magis ord/nata,quanL» 

^D. &iC ad D, quaficftinfinita. Eftautemra- 

tio A ad Cy qu^dam propofita, quam habenc 

propoliri numeri multiplicantes homonymaiTL» 

iir^' fpecicm :ergo cx^quali , ^ ad D , ratio cA quafi 

j infinita. Item D ad 59, ratio cft qui^dampro- 

j pofita , quam habent propofiti numcri multipli- 

4f \ cantcs hononymam fpcciem :ergo ex ^quali , A 

.. .. I ad ratio eft quafi infinita. Quod&c. 
fV.Quarc &c. ' * "^niji* 













i 








Theor. ji.Prop. f . 









s 



portionales, vt numeri , in tabula multipliuum , fimi- 

liter iaccntes . f:fypobt. , — — 

Smt in cadcm bafi fpccics Ay jB: SzTint numeri fimi- 
lircr aaccntcs, intabula multipliciumi c fimilitcr, atque 
A'^ &L dy fimilitcr, atquc ^iiiiin 
Dico A'y'Bi quafi d-^ c. \ 

Pr<tpar. 

Sumantur fubquadratriccs £y F: E quidem homo- 
nyraa ipfi A-^ Si F, ipfi | 



«57 



deff. 1 1? 

Wrjlf . 1 1 . 
p.C?" 2. 
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A\ E: «; c. 
E'^ F: qualia^qualis, 
2?: i#. 

-^; quafi d; c. Quod&c. Quare &c. 



Theor. ^2. Prop. ^z. ' 

MAfla?incadenibafiiaccnces, quafi camdcm habenc 
rationem compoficam,ex direaa fuorum numc- 
rorura ,&rccipiocanumcrorum intabula mulcipliciuin^ 
fimiliceriaccntiam. 

nv hr.' hyfoth. ^ . U 
Sincincadembnfi,maffx Ay quariim nume>r r, i/f ^ 
quidem, qui mulciplicanshoroonymam fpcciem facit 
ipaflam /i; & r/, xjui mulcipiicanshomonymam Ipcciem 
^citmaflam». Ec fint numeri f, /, fimilitcr iacen- 
tes in cabula mulciplicium; e quidem, ficuc Ay &/ ficac 
Dico A^li: quafi c; jfyi^.f^e. 

cjub ' Pr^epar^ t 

Suraancur fpccics homonymx Gy H:C quidcm.; 
ipfi & ipfi,^;f»?n ^ -V^»^ 

ijyp9th..^Ai.ij:c\Hj^ .. ^ 

JI.6. iGy H: quafi/; f. . -^ubnOiodil 

hypoth, \ Hy ^: u; d. ' 

ii. K 1-^5 'B: quafifi d^-^fie. Quod &c. Quare &c. 
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ProplemaprimHm Prop. 53. • 

D\ta rationcj datoque numero paritcr pari : (libto- 
cuplicatam rationcm inuenirc, q jotus c(l datus nch 

mcrus. 

Hypoth. 

Sit data ratio 4 od i: datu(i]uc numerus pariecr 
par. ,x r 

Oportet rationem inuenire,fubtotuplicatam rationis, 
Azd by quotus eft c. 

Conflu 

Subdiuidatur numcrus f, vfquead vniratem:& fit c aJ 
duplus : &c d adfy duplus: & f ad vnitatcm , duplus. 
Dcindefumatur jintcr 4, Z', mcdia proportionaiis £: & 
inccr 4,^, mediaproportionaljs h: 6ijnter4, /?, mcdia 
proportionalis / : vt fiant fumptioncs totidem, quot 
funt,numeri c diuilioncsbitariam, vfquead vnitatem, 
Dico i: fubtotuplicatam quotus ci\ c. 

DemoH[hr. 

conflr. 45 t: duplicata a^ ficut t; d: duplus. 
conflr, a-y g: duplicata a^ hy ficut dy f: duplus. 
confir. a-y h: duplicata a-y 1, ficut fi u: duplus. 
f . a-y k multiplicata ai ij ficut q u: multiplus. 
a-y i: fubtotuplicata 43 quotus dl f • Quod crat 
facicndum. 

Qiiarcdata ratione, datoque numcro paritcr pari, 
/ubtotuplicatam rationem inuenimus, quotus eft datus 
Dumerus* 
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DAta rationcinicqualitatis; &propofito nuraero or-» 
dinis potcftatum: numcrum inucnirC} pro quo 
fciquitora>& rcmitota arqucordinat^y funcad inuiccnL> 
propiorcsaqualitati . ---^ 

. . -Hypoth i»i 

Sic daca ratio in^qualitatis 4| ad^: & fic maior, 
quam l? \ fitque datusnumerus quinarius. 

Oportet numcrum inucnirc , quo quo fcfquitota quin- 
tayadfcmicotamquincamyminoreftjquimvc a zdk&i 
fcmirota quinra, ad (cfquitotam quintam , maior , qudrrL» 
vt b ad a. 

^ Cenjhr. ^ 

Sumaturnumcrusparitcr par,no mihor,quftm 
5j. h. datus quinarius : &: llt fumpcus octonariu$;S< fub- 
oduplicata ratioinucuiatur>ration;s azdki qu; 
fic a adf: &fumarurnumcrus maior adbi- 
narium,quam vt 4.ad.4 — r: qui,dcmpto bina- 
rio,rclmquatur intcr </, r> fumatur numc- 
deffA%. I rus/: proquo,vtradicetot3;fcmitotacft r; fcf- 

^: 'f-^ [quitota^/. ' 

Dico ey. minorcm€(Ie,quam a-y L 

Et cyy dy. maiorcm, quam /^j a. 

Dcmonjk. ' s 

fon^r. j 2: maior,qaim a\ a—.c. j ^ 

3. /?. <ij minor>quam a^ c. \ 

4, fc. ^5: n)inor,qucm ^15^ ^5. ^ 
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1^5; cj: minor, quam «8j cS. 
coi?/lr. a8'y cS: 4; 

ey. minorjquim 4j QuodSic; 
3.*. ^5; d$: maior^quam a. Quod&c. 
Quarc &c. 



DAta ratione^ & propofitis ordinibus poteftatuiTL» 
inarqualibus; numerum inucnirc, pro quo, plu s or- 
dinata potellas, ad miniis ordinatam , maior eft , quam ia^ 
dacaracione. 

Hypoth. 

Sitdataratio, 4 ad lintpropofltiordines potefta- 
tum ina^qualcs^ quinarius,&bmarius . 

Oporret numerum inuenirc , pro quo, potcftas quinta 
ad lccundam , maior cft, quam vt ad ^ . 

Conftr, 

Sumatur numcrus r, in ferie tertiarum poteftatum ab 
omnibus numeris, maior advnitaiem, qudinvt a ad k 
numeri autem fit radix d. 

Dico,pro d radice, dy^di: maioreme/fcjquam 4; L 

T>emonJir. 

conlhr. I 



dcf.6.p, 
conjlr, 

II. y 



Quarc &c. 



u: dsy u: ^5; di^ 
Cy u: maior,quam L 
dy, dzi maior,quam a^ h. Quod &c. 
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• Pfohi 4, Prop, 5 6. 

DAtaratione; propofitifquc ordinibus poteftatum 
ina^qualibus: numeruminuenire, pro quo, femito- 
ta pius ordinata , ad rcfquitotam minus ordinatam, niaior 
cft , quam in data ratione . 

Hypoth. 

Sit data ratio ^ ad i : fintque propofici ordincs pote- 
ftatum , quinarius, atquc ternanus . 

Oportei numerum inuenire,pro quo, femitota qiiinta 
ad fcfquitocam certiam, maior ell , quam vt a ad b. 
. .... oliup . Conftr. 
Inucniatur per 5 numerus r, pro quo,femitota d: & 
fcmitota quinta (/5, ad fcmitotam tcrtiam ^/5, maioreft, 
quam vt 4-+i^.^ad h. Inueniaturdcinde per 54A numcrus 
f, nonminor,quam c 5 proquo,fcmitota my & (efquico- 
ta & mi ad ^5 , maior cft,quam vt 4 ad ^h- 

Dico,pronumero e radicc, ^5; ^3: maiorcmcflb, 
quam^; Demonjlr. i> 

^on/?r. I r: non minor , qudm r. 
rff/.i8.x w non minor,quam </. 



5. fc. 

f. i^. 
eoftdr. 



my^ ds: nonminor ,quam j 
my^ mi'. non minor, quam d^i di. ' -i 
^/5; ^3: maior,quam a-^by k 
13.5. |w5j w3: maior,qudm 
eonfir. ^l' maior,qudm a^ a-rL 

4.K I ^»55 ^3 - maior,quam a^ k Quod Sc. 
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ProbL 5 . Proj>. 5 

DAtisduabus rationibus^ &:propofitis duobus inie- 
qualibus ordinibuspotedacum.numcrum inuenirci 
pro quo, ratio compofita cx vr^a data ratione, & cx ratio- 
nc femitorce plus ordmat^e, ad fclquitotam minus ordina- 
tam, maior eft, quam altera data ratio . 

Hypoth. 

Sintdarse rationcs, 4 ad i^, & f ad &fintpropofid 
ordincs ina^qualcs, quinarius, & binarius. 

Oporrct numcrum inucnirc, proquo , ratio compofita 
cx by&L cx femitoti^ quinta: ad fcfquitotaoi fccun- 
dam,maior eft, quam r ad 

Covflr, 

h. Fiat vt b ad <f, ita d e: &inucni3tur/* nu- 
merus,proquo,fcmitota fefquitota fc^ & 
ad /75, niajor, quam r ad 

Dico,pro /radice, rfi ^>-+^55 ^JJ maiorcin efle^ 
quam d. 

Demonjhr. 

^fl^' ^3 ' niaior,quam 

"tflr. j 4' . 

4. fc. I ^*"^^5> ^^35 maior,quam rf, Quod&c. 
Quare&c. ^ :K« 



D 



Ata rationc inaequalitatis j & propoG^is duabus in^ 
eadcmbafi iaccntjbus quadratricibusmimerunLi 
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inuenirc 3 pro quo quadrarrices propofitse , fiint propio- 
rc3 a^qualican 3 qudm jndata rationc* 

Hypoth^ 

Sitdataratioinxqualicaris a ad k &fit a maior,quani 
h: fintque propofit^e in quinta bafi, dua: quadratriccs Cy d. 

Oportetnumerum inucnirc, pro quo, f, & dy funt ad 
inuiccm, minores, quam vt a ad maiorcs, quam vt 



b ad a. 



Confhr. 



54. ib. j Inucniatur nunierus r, proquo,femitota f] 
\ fefquitota f6 ad ^6", maiorcfl:, quuTi vc h 
I ad ^i; g6 ad f6y minor,quim vt 4 aJ 
DiCo,pro € radicc, quadratnccs r, dj cfle ad inui- 
ccm mioorcs, q jam vc a a J maiores , quam vt h ad a, 

Dcmonflr. 

Cy cftmaior,quam /5. minor, quim gC. 
dy cft maior,quam f6, minor,quam £6. 
c-y d: maior,quim f6.g6. minor,quim £6; f6. 
dy c mmor,qudm g6. f6. maior,quam/5i ^6. 
f6y ^6: maior, quam hy a. 
g6y f6: mmor, quam h. 
Cy d: maior^ qudm by a. minory quam a^ L 
^ Juod &c. 

d', c;mmor,quim d-y h. maior,quara hy a. 
Quod &c. 
Quarc &c 



50. 2. 
JO. X* 

8. 5. 

X. h. 
tenflr. 
sonftr. 
5. 

IJ i. 



PrO' 
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PrchL 7. Prof, 59. * 

DAta rationc; & propofitis duabus non incadcni. 
bafi iaccntibus quadratricibusrnuaicrufn inuenirc, 
pro quo, quadratrix , qux iacct in plus^rdinata bafi, ad 
alteram, maiorcft,quann in data rationc^ 

f/yjMh. 

Sit data ratio a ad b: &c propofiro! fint quadratriccs 
dua? f, djC, inquintabafi;/, infccunda, 

Oportetnumcruminucnire,proquo, c ad d , maior 
cft , quam vt a ad L 

^6. h. j Inucniatur numcrus Cy pro quo , fcmitota 
' fcfquitota & f6 ad ^3, niaiorfir^quam vi 

l a ada, 
* 

Dico, pro e radicc, c; d: maiorcm cfic^quam a; h, 

Demonjk. 

50.1« j r, maior cft, quam /6". 
30.2. j minorcft,quam ^j. 
8. 5. I di maior cft, quam /^^; ^j. CJuod &c. 



Quarc &c. 



/'r(?/'/. 8. Prop. 60. ^ j 

DAta rarionc^&propofifisduabus non in eadcm bafi 
iaccntibus manls: numcrum inucnire^ pro quo, 
maHa,quxiacetinplusordinatabafi', ad alteram , maior 
eft, quam in data ratione . 

Hy. 
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• Hypoth. 
Sic data ratio a ad^; (incque dux mafTac 0 ^ ^> 
dcm, in quinta bafi i in tertia . 

Oportec numerum inucnire, proquo, c ad maior 
eft,quam vc 4 ad i 

Conflr, 

Fiac, vcmafla c adfibi fynonymam quadra- 
tricem fic ^ ad f: Szvt fynonyma ipfi qua- 
dratrix ad ipfam d, ficfiat ad &inucnia- 
turnumerus 1, pro quo, quadracrix ad qua- 
I dratricem maioreft,quam vt / ad h. 
Dicopro i radice, maflam c admaflaoi maiorem 
cflc 5 quam vc 4 ad ^ . 

Dtmonfbr. 

conflr. ^c^ c: f 
iflr. \ei g: maior,quim f h. 
- iflr. \ih d: k L ^ 
4. h, I <*; d: maior,quam k Quod&c. 
Quarc 5:c. 



5P. /;. 



Prcbi. ^.Prcp.6l. 

PRopofitis ineadcmbafi iacentibusduabusmaffis; & 
datis duabus rationibus , non ijfdem , quam quafi ha- 
bcntadinuiccmmaflcr, kd maiore vna,minore aliera^: 
numcruminiici.ire^proquo^maflor propoficx rationem 
habent mmorcm)quamdataroaior,& maiorem,quam da- 

taminor. 

t By- 
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Hypoth. • 
SintmafTf 4, d: &fic ratio 1 ad x, quiiii quafi habet 
ad d:iL fit ^ ad /?, maior,quam i ad Ji& » adr,minor. 
Oportctnumcrurainuenire,proquo, <t ad ^f, cftmi- 
nor,quam ^ ad fc^ & maior,quam » ad r. 

Conjirr. 

Sumaturipfi <i, {ynonymaquadratrix by &ipfi fy- 
ronyma c, Fiat deindc. 

45 fi ty k «> 

/5 ^> -f' p> 

Demonjlr. 
hypoth. I ^i: quafi /; j . 

«/e/.iy.j j ^i; /'j-^^^i O"*-^'^ qUilfi 4.»-+^ ^"^^J 

Cy d: ly X. 

c; quafi 4j /. 
by c: quafi asqualitas . 
kj, /.* a^qualitas. 
e-y h: maior, quam /, j. 

fi-^fi ^,-^^5 /?: maior, quam ky-+k} 
e\ f: ty k. 

fi ff, maior,quam k; /. 
( \fi maior,quam g. 
hypoti). tiy r: minor, quam /; x. 

r; minor,quam /; k^-vk; />-*-/5 

«3 0: fi k. 



conflr. 
conflr, 

X-J. h. 

hypotb. 

conflr. 
conjlr. 



conflr. 
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p: minor,quam k; /. 



^S. h. 



0: minor,quam p. 

Conjhr. 

Aflumaturaltcrutra / ad gy vcl p ad Oy mi- 
nori&fit afliimpta f ad^ . Et inueniatur numc- 
rus f, pro quo, quadratrix h ad quadratricem c, 
^ fit minor, quam / ad maior, quam ^ ad / 
Dico, pro f, maflam 4, ad maflam d) miaorcm eflc, 
quam ^ ad /75 &maiorcm, quim n ad r. 

Demonjir. 

a-y k ei f. ^ 
l?l c: minor, quam 
f3 d: £y h. 

4; d: minor, quam f; fc. Quod &c. 
/• £: minor,quam py 0. 

f: maior,quam o-y p. 
h'y c: maior , quam ^; / 
hy c: maior,quam p. 
^; /<: «; «^. 
Cy d: p\ r. ^ 
a\ d: maior, quam w; r 



cdtjflr. 
conjlr. 
conHr. 

4. /7. 
affumpt. 

X. 
CQtfir, 

13. 5 

CQnfir. 
conflr. 



4« i;. 

Quare &c. 



Quod &c. 



Pc- 




Petms Mcngolus, D. lacobo Tefino Philofophiac 

Doftori S. D. 

ll^i primHm ex mea fchoU , Vir Ex* 
cellentijs. atque alieri e fchoU Excel* 
lentifsimi Cafsini ^ amico noflro lo, 
Galeaiio Man^io ^ contigtt hoc cle- 
mentum communtcari : quod non^ fh 
ne ttiOj atcjtte illius no^nme ^ pyMtcari oporttbafy 
quoniam ipfi mthi tnm pUcere CApit , cum ^tram* 
cjtie vefirum obtinutt approbationem . PofluUbam 
honefit furis Uudem . cjuod^ctim hniufmodt conten> 
pUtionis aliena fit materia , eorti videltcet , cjutbus 
logarithmos debemus j cumcjue altena fit ettam for* 
rna , ^ contempUtionts mocl^s , tpffsimus Eucltdts 
in quinto : meum fecertm ex vtracjue compofttHm. 
quemadmodum^prAcedenttum elcmentorum in 'vtra^ 
cjue ftibiefti, ^ modi nouitategloriabar : ita pr^fen^ 
tis in vetufiate^ nouam Uudem quArcbam . lUe, vi* 
fsdefinitionibus^ ^audtta prtmarum octo propofi* 
tionum , ex Eticltde , traduiitone fdelt \ flattm om- 

niius 
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mhHrtitHlispropofithnum, k me cnrftm leiiis y^ffi- 
ne demonjlrationc factlernyproftii acamine irigenij, 
prAjlabat ajfenfum : (f ff^ggefsit , potuijfe totam^ 
hanc Iticubrattonem , vnica propofttone comprehen- 
dt. Q^\x deinonftrac Euclidcs in qiiinco clcmcn* 
toiuni, dcmagniciidinibus maioribus, minonbus, 
CEqaalibus,ccqiicmuItipIicibus, &camdcm, veloia- 
iorcm racioncm habencibus : po/lc dcmonftrari dc 
racionibus aIcioribus,deprc(rioi ibus,9quealc/s, (jquc- 
mulciplicatis , &:camdcm, vel maiorcm logarith- 
micam racioncm habencibus . C ogttabamf pojfem 
htiiiifmodi "vti confilto : ttbicjue intertm rure fuperuc-* 
mentt C£pi commumcare . Itacjue fmgultspropofitto^ 
nibus^ demonflrattombus ^toto ammotntendebas^ 
^ cum cjutnto Eucltdts dtltgenter conferebas , cumq\ 
duo tnctdenmusy in traducendo, dt^ctltora^ ( vnum, 
minoris inicqualicacis rationcs , quac , quo minores 
funceoaltioresdicuntur ,pro maioribus magnicu- 
dinibus vfuuenirc. alterum, racionem cx racionc 
fubcrahi, vel dccoinponi, perfux compoficionem 
conuer(x:) intellextnon effe operts dtfpendiumj^ 
tnutatis mutandts , ex Euclide tntegram tradu^to- 
nem perfcere , exhibere . Tuque tpfe iujiwm^ 
furtum , honelttjstmum probajit : quod non ab 



emntbtts facile probarentur peculiares propopriones, 
quA fub iUa ^mca contmentur . ^ certe a 
nonpojfentcommodeallegari , adalia m fecjuenttbus 
elementts demonfiranda . Quos ergo femel approba- 
Jli tabores meos, vt amtcis ^ communtces, 
commendes , enixe rogo : nam non 
mihi foli , non paucis^fed 
omnibus laboro . 
FalLJ. 




5 
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DlLI 





GEOMETRli^ SPECIOSiE 

ELEMENTVM QVARTVM. 

T>EF ITIO^ ES. 



2. 




Varum racionum ina?qualitatis,vtraruraquc 
maioris,vcl vtrarumquc mjnons, Altior, 
dicctur, ab arqualitatc rcmotjor. 
Et Dcprcfl[ior,a?qualitatipropior. 
Submultiplicatacft ratiorationis,dcprc(tior,aItio- 
ris , cun deprcflior , aliquotics compofita , facic altiorcm. 

4. Mulnplicata vcrO altior, dcprcffioris 5 cum dcpref- 
fior, aliquoticscompofita, facic altiorcm . 

5. Ratio logarithmicadicecur, duarum racionum inf- 
qualitatis , vtrarumquc maioris , vcl vtrarumque minons, 
mutua quardamj fccundum alticudinem , vcl dcprcfnoncni 
habicudo . 

6. ProporcioIoi?arichmica,djcccur, fimilicudo loga- 
rithmarum racionum, vcl ad iuuicem, vcl ad alias raciones. 

7. Racioncm logarithmicam habcrc mcerfe racioncs 

diccn- 
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dicentur , qux muIciplicata?,po(runtfe mutu5, altitudinc 
fuperaie • 

8. Ineadcm rationclogarithmic^jdicuntureflcratia- 
nesdu^jprima, adfecundam^atque duarquantitates,pri- 
ma, ad fecundam; cum prim« rationis, qudibcc multipli- 
cata ratio , &prima! quantitatis ^quemultiplex, i fecundf 
rationis qualibct multiplicata, & a fccundx quantitatis 
eqncmnltiplici, vel vna deficiunt , vcl vna a^qualcs funt,vel 
vna cxccdunt 3 ratio quidem, altitudinc ,& quantitas ipfi 
quantitatc. 

9. Et dicetur prima ratio ad fccundam , proportiona- 
lis logarithmice, ficut prima quantitas ad fccundam . 

I o. Cum vero prim? rationis niultiplicata ratio,altior 
fucrit, quum multiplicata fccunda^; multiplcx autem pri-nj 
quantitatis, nonmaiorfuerit, quani multiplex fccundr. 
diceturlogarithmica ratio rationum ,maior, quam ratio 
quanticatum. 

I !• Cumquc c contra,muItipIex prima^^quantitatis, 
maior fuciit multiplici fccundc^ ; multiplicata aucem ratio 
primaerationis,nonaltior, quam mulciplicaca, fccund^: 
dicctur ratio quancitatuin , maior, quam logarithmici^ 
ratio racionum . 

. 1 2. Rurfum in eadcm ratione logarichmice, diccn- 
turefle rationesquatuorprimaad fecundam,acquecertia 
ad quarca: cum prim^, cie tcrci^^cracioncsxqucmulcip^i* 
catar, a fccundsc , & quartcT, rationibus arqucmulciplicati^ 
quaJifcunquc fit h^ec mulciplicatio , vtraque , ab vcraquc/, 
rj vel 

le 
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vel vna akiorcs func, vel vna a^quealtse , vel vna deprcflrio- 
rcs,G Cffumanturjqu^intcr fe re/pondenc . 

15. Eamdem autcm habcntes rationcm logarithmi- 
cam , rationcsj logarithmicc proportionales vocentur . 

J 4. Cum vcro squemultiplicatarum , multiplicata^ 
prima: rationisaltior fuerit,quam multiplicata fecunda?5 
roultiplicata autcm tcrtia:,non altiorfuerit, quam multi- 
plicata quarra? : runc prima ratio ad fccundam , maiorem-. 
rationemlogarirhmicam haberedicetur, quam tertiaad 
quartam . t 

15. Hoiuolog^ rationesrationibus^aut quantiratibus 
dicuntur, antccedentes quidcm antecedentibus , 3i confe- 
quenrcs confcqiicntibus. 

16. Homologia logarithmica eft fumptio homolo- 
garum rationum, aut & quantitarum, vt in alia quadam lo- 
garithmicaproportionaljtare, fianr homologx. 

1 7. Alterna ratio logarithmica, cft ratiouum fumptio 
antccedentis comparatas ad anccccdentcm, &confcqucn- 
tis ad confcquentcm • 

j 8. Inucrfarario logaritmica, cftrationum fumptio 
confcqucnris,ccu antecedcntis, comparatx' ad antcce- 
dcntem, vclut ad confeqnentcm . 

ip. Compofitio rarionis logariihmic^, eftfumptio 
compofitc-e ex rarionibusanteccdcnti, &:con{cquenti^ceu 
vnius ad ipfam conlequentcm . 

2 o. Diuifio rationis logarithmiCcP , eil fumptio ratio- 
nis, quacum compofita confcqucns facit antcccdcnteni--, 

V ad 
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ad ipfara confcquentcm-,. 

2 c. Conucrfio rationis logarithmicar,eft fumptioan- 
tecedcntis ,ad eam,quacunicompofita confequens facit 
ipfam anteccdentem « 

2 2. Ex ^equalitate ratio logarithmica eft, fi plures 
duabus fint rationes, & his, vel quantitates , vel aliar ratio- 
nes> multitudinc parcs, qua? bin^e fumatur, & in eadem ra- 
tionc logarithmica ; cum vt in primis rationibus , pnmi, 
logarithmic^fchabet advltimam, fic in fecunJis velr^ 
lionibus, velquancitacibus, primaaJ vlrima n fcfc habue- 
rit. Velaliterfumptiocxtrc.narum,pcr fubdu^fiioncni» 
tnediamm . 

2 5 . Ordinata proportio logarithm ca efl, tribuspot 
tisrationibus,& alijs,vel quantitatibus,vcl raTionibus,q'Jf 
finthis multitudineparcs: cum , vtin primis rationibuS) 
logarithmic^ (e hibct antcccdens , ad confequentcfn ; it^ 
in fecundis, vel quanticatibjs, vcl rationib is , antcceJcas 
adcon/equcntcm :&vt in primis,Con(cquens, adaliain 
quampiam; fic in fccundiSjConfequcns,3d alia quampianrt. 

14. Pcrtuibata autem logarithmica proporiio eft: 
cum vt inprimis > logarithmicc fe habet antecedens^ad 
confequentcm; ita in fecundis, antecedcns ad confcquen- 
tcm : & vtin primis, confcquens, ad aliam quampiamjfe 
infccundis^aliaqu^-epiam^ ad antcccdcmein . 



V 



I 



Thcor. 
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Theor. l • Prop. I . 

Slfint quotcunque rarioncs,quoccunquc rationum-., 
aequalium nuaicro,IinguIjE fingularum f quemultipli^ 
cata: : quam multiplicata eft vna j vnius i tam muldplicataJ 
cft compofica omnium, compofitar omniuni . 

f/ypoth. 

43; hy. multiplicata 45 h. 
cj-y dy. a^quemulciplicata Cy d: 
Dico 43; /'3,H-f33 ds: afqucmDltipIicatam 43 hy 
--i-Cy d. 

T)emonJir, 

hypotb. 
hjpoth. 
p. p. 



hypoth. 



4ef*^.h, 



43; by. a-y ^,-+4; hy-^ h. 

C35 ^3: c; c/j-fCj dy-^c\ d: 
^3) hiy-^ci^ dy. 4; dy^a-^ hy-^c\ dy-i-a-, 

hy'+Cy d. 

Multitudo rationum 45 h^ Si h, &c 43 h: 
I sequalis cft multitudini & q & f; 
necnon multitudmi 4j h^-^Cy dy & 43 
-+f; (/, & 4; i,-^C3 d. 
^3; ^3)-*^^3j ^3- a^quemulciplicata 4; h,-^ry d. 
j Quod&c. 



Quare &c. 



Thcor»2> Prop.2. 

SI prima racio, fecundx/ucric ^quemultiplicata,3tque 
prima quanticas, cftmulciplex fecund^ejfucric auccra 
& tcitia ratio , fccund», a:qucmulcipHcata,atquctertia^ 

V a quan- 
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quanticas, cft mulciplex (ccunda? : cric conpofita racioez 
prima, & cercia, fccundx, cTqoemulcipIicaca , acquc aggrc- 
gata quancicas cx prima, & certia, cft mulciplex fccundje. 

fifypoth. 

di; bii mulciplicaca b. ficut iCy Cy mulciplet. 
43; bii mulciplicaca b. ficuc jc; mulriplex. 
Dico 423 bzy-i-d^^ b$i mulciplicacam a-y b. ficut 
jc; Cy mulcipliccm . 

Denwnfir. 

1)yp6tb. I bi: a-y by^+dy b. ficut 2a c-^c. Et quot 
funtrarioncs b^ & b: tocfimc 0 &f) 
quancicaces . 

hyfth. 43; by. 4; ^,-^-4; ^,-+4; ^ ficUt 3f.-fH.f-ff. 

Ec quoc fiinc rationes 4; & 4; & 
totfunc quanticaces, f, & c, & f. 
f . f . 42; bz^-+aiy by. ^; ^,-^^1; ^,^+4; ^>-+ 4; 

ficuc 2f-+3f: f-ff -ff -ff -+f, &quot 
fiint rationcs 4; & 4; & 4; ^; & 
by & 4; toc fiant quantitaces, f, & 0 
f, & f, & f . 
dtf,^.h. ai'y biy-i-ayy by. mulciplicaca 4j bi ficut 
-f^f; f, mulciplex. QuodScc, 
Quare&c. 



s 



Theor. i.Prop. 3. 
I prima racio,fi?cund^e, a!quefuericmu!ciplicat3,af' 
quc ccrcia, quarcaej fueric aucera & qumca; lccui^ 
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d ar, «quemultiplicaca , atquc fcxta , quartac : crit & com- 
pofita cxprima,&quinca,fecunda;arquemultiplicata,atq; 
compofica cz ccrcia, 5c fcxca, quarca: . 

Hypoth. 

42; hii multiplicaca 4j b. ficut fi; di: mulcipli- 
caca Cy d. 

435 hi: mulciplicaca ai h. ficuc cy^ dy. mulcipli- 
caca d. 

Dico 425 hi^^aSy is' raulciplicacam a; h. ficut 
C2', diy-^cy, dy mulciplicacam rj d. 

DerKonjir, 

bypoth. ai; hi: 4; hy-^a-y h. ficut f2,- ^/i: q rf,-ffj rf. 

Ecquocfunc 43 hy & 43 coc funt ci d, 
U Cy d. 

aSy hs: a^ hy-^a; h,-^a; h. ficut fj^ ^3: c; d, 
-ff, dy-^Cy d. Etqjotfunt 4; hy & ayh^ 
a-y h: tocfunt c; d, 6i Cy d, 6c Cy d. 

aiy hiy-^as\ hS' ^j+^ ^y^^y ^y-^^y ^> 
j h. ficuc ci\ di^-^cyydy. Cy dy-^cy dy-^Cy d^ 
I dy-^c\ d. Ec quocYunC a^ hy a-y hy S:l 

\ a\ hy ^ a\ hy ^ a;y h^ tot funt Cy d, & f j 
1 5i ^Z, & 6c 
42J i2,-H.43; hy. mulciplicaca a^ h. ficut f2; 
diy-^cyy ds: mulciplicaca Cy d. QioJSo:. 
Quare &c 



hypotb. 
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Theor. 4. Prop. 4. 

SI prima ratio, fccundar«quemultiplicata fucrit, atquc 
primaquantitas, fecund^; fumantur autcm ratio,& 
quantitasj&fumptarario, fit jquemultiplicata prim^ra- 
tionis, atque fumpta quantitas,multiplcx primar quantita- 
tis : erit & ex sequo, fumpta ratio , fquemultiplicata fecun- 
d^ rationis, atquc furopta quantitas, fecund« quantitatis. 

Hypoth. 

ay^ hi: multiplicata /i; h. ficut r, multjplcx. 
45; h6\ multiplicata 43; ^3. ficut dr; jr, mul- 
tiplcx. 

Dico a6y hS: multiplicatam 4; ficut Sc; r, 
multiplicem . 

T)en2onJlr. 

43; hy. multiplicata 4; h. ficut jr,- r, multi- 
plcx: 

43; ^3,-+43, multiplicata 4; ficut jc 

-^}Cy Cy multiplcx. 
a6y h6: 43; i3>-+43; /^3. ficut 6c: ^c-^ic 
Ecquotfunt, 43'; ^3, & 435 /»3: tot funt 
ic^ &t 3^ 

45; ^»5: mulriplicata 4; i. ficut c, multi- 
plex. Quod5ic. Quare&c. 



hyfotb. 



S 



I prima ratio,fccunda:3equcmukiplica€afuefk,at<y^ 
tertia,quartxj fumaniurautcm arquemultiplicat^ ra- 

tiones, 



Diq 
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tiones, prim»T, & tcrti^e: erit &cx ^kjuo, fumptarum vtri- 
que, vtriyfquc, arqucmultiplicata 3 altera quidcm fecundg, 
alccra autcm quart.r • 

Hypoth, 

dj^ ij; multiplicata a; L ficuc ^35 dy. multipli- 
caca Cy d. 

a6'^ b6: multiplicata ai^ b^. ficut c6'y dS: multi- 
plicaca rj; d^. 

Dico 45, b6\ multiplicatam 4; b. ficuc r^^, ^/5"; 
tnultiplicatam c; 

Demonfk, 

hyp9th. \ ayy hi: multiplicata ai h. ficucrj; d^i mul- 
tiplicata r; d. 
g. fc. 43; /'3,-+<i3; hy. multiplicata 4; ficut cn 
dly-^ci-y di: multiplicata c\ d. 
bypoth. a6'y ho: 43; h^y-^^ay^ h^. ficut c5; ^d": fj; 

i/3,-i-f3; ^3. EtquotfunC 43; hjy & 43; 
^3; totidcmfunt cj; cj, & r^; (/3. 
, a6y h6: mulciplicata 4; h. ficut c 5; </<J; mul* 
tiplicata c; Quod&c. 
Quarc Sic. 



Theor, 6 . Propof 6* 

SI fuerinc , in cadcm rationc logarithmica , prima./ 
ratio, ad fccundam, atque primaquanritas, ad fccun- 
dam-.^tiam multiplicara prim.i! rationis, & sequemulriplex 
priaiarquanutaiis; ad m jltiplicatam , fccundx racionis , 54 

«que- 
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^qucmultiplicem fecunda: quanciratis > in eadem er unt Ic 
garichmicaratione. 

Hypoth. 

Sint rationcs i^, & 2; & quantitatcs & & fii 
ratio Ay adrationem logarithmicc; ficuc quantitji 
ad quantitatem L Sitqueratio 3^, multiphcata ra- 
tionis Ay ficut quantitas 34, mulciplex quantitatis < 
itcm ratio 42?, mulciplicara racionis ficuc quanuCB 
miiltiplexquantitatis L 
Dicorationem lA, adrationem 4!?, eflelogariclj- 
mice ficot quancicas ^a, ad quancicatem 4^. 

Pr^par. 

Accipiatur ratio 6Ay mulciplicata rationis jA-^ S 
quancitas 54, .Tquemulciplcx quanticacis 34; iteinra- 
tio 20^, multiplicatarationis 4^3 & quantitas 2oi, 
cquemulciplexquantitatis 4^. 

Ratio a:quemuitiplicata cftrationis 
acquequancicas mulciplexcrtquantitacis x 
iccm racio lo^B^ xqucmulciplicaca cft racionis 
S; acqucquancicas lo^, mulcipiexcllquannta- 
cis h. Suncautctr.racioncs A ad 2 lo^arichmi- 
ce, ficutquantitatcs ^ ad h. Ergo fi ratio 6J, 
eft alriorratione 20^; etiam qiuntitas ^^i, nu- 
j ioreflquanticace 20^: fifqucalta^^equahsili Jr- 
! preffiorjminor. Scd e(l rario 6Ay ^equfmulci- 
I plicaca racionis 5 //5 acque quancicas 60^ raut 

tiplcx 



h. 



hypcth. 



cottfir. 



1— 
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tiplcx quantitatis &ratio 2o2f, rationis 
squemulriplicata efl:; atque quantitas lohy quan- 
def.i.b. titatis 4^ . Ergo rationes sA 42^, funt lo- 
I garithmicqficut quantitates,^ 4, ad 4^. Quod &c, 
Quarc &c. i 



Theor, 7. Pr<;/?. 7. 

SI prima ratio , ad fecundam , camdcm habuerit ratio- 
ncm logarithmice, atquc tertia , ad quartam : eriam-» 
ipquemuliiplicatse rationcs prima:, & tertiae, ad ^equcmul- 
tipIicatasfecundiE, &quartaj,iuxta quamuis multiplica- 
tionem, earndcm habebunt rationcm , fi prout intcr l*e rc- 
fpondent, ita fumpt;e fuerint . 

Hypoth, 

Suncorationcsquatuor A ad 3,&CadD,Iogariihini- 
ceproportionalcs: & funto ipfarum C, iequcmulri- 
plicatasrationes 3^, sC. necnon ipfarum Z>, xquc- 
multiplicatx, 4'^; 4D. 

Dico quatuorrationcs 3^ ad 4^, & jC ad 4Z),Io- 
garithuiice proportionales cfTe . 

Sumanrur ipfarum 3i^, 3C, a^quemultiplicatx ratio- 
nes 6Af 6C: &iprarum ^'By 4D, xquemulriplicatr, 
2o'£y 20D. 

Demonjl. 

4. h. Rationcs 6/^y 6Cy acquemultiplicatse funtra- 
tionum, C:-& 20^, aoD, apquemultiplicaraj 

X funt 
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hypoth. j funtrationum D. funtque A ad », logarith- 
miceproportionaIcs,vt C ad D. Ergofi 5^,al- 
tiorcft,quam 20^3 ctiam 5C, alrior cft,quam 
20D; fi arqucalta; cequcalta: fi dcprcfliorjdeprcA 
fior. Etfunt ^A^ 6Cy ipfarum sAy ^C, «quc- 
mulciplicatasj nccnon 20:^, 20D, ipfarum 4^, 
4D,fquemuItipIicata?. Ergo 3^4 ad 4», & 3C 
ad 4D, funt logarithmice proportionalcs* 
j Quod &c. 



hypoth. 



Jef.ii,h 



Quarc 8ic. 



T^^r^^r. 8. Prop, 
QI fuerint dua? rationcs, fingulc-CjCxbiniscompofita:, 
O altiorcs , cx dcpreffioribus , & quodammodo totse^cx 
abfciffa, & rcfidua ; fuerit autcm vna tota ratio, ad alccram 
totam, ^equcmulciplicata^ atque fua abfci(ra,ad altcrius ab- 
fcifTam: crit & icqucmultiplicata^ atqucfua rcfidua , ad al- 
tcrius refiduam . 

HypotK 

Ratio A-^^By exrationibus Ay & altior, ex deprcf- 
fioribus,componicur;iccm C-+D racio, cx racionibus C, 

&D, componitur:&efto^-+2?, ad C-i-Z^, flequemulci- 
plicata, atque adC. 

Dico A-^^B ad C-+D, «quemultiplicatamctiameffc, 
atquc » ad D. 

Pr^tpar» ^ 

Fiat ratio G ad Z>, a^qucmulciplicata, atquc A ad C. 



I 
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T>€monJhr. 

p. h. A-^G ad Ch-D, a?qucn^ultiplicata cft , atquc 
ad C 

A-^-^B ad C-f D, ?quemultiplicata eft,atquc A ad C. 
A-^^B ratio, eadem eft, qu^t A^G. ^ ^ 
Et compofita vtrimqucconuerfarationis A, 
S ratio, cadem eft, quac G. 
"B ad xquemultiplicata eft, atquc A ad C. 
A-^B ad C-+D, ;3equcmultiplicata eft,atquc B ad 
D . Quod &c. 
Quare &c. 



hypoth* 

p. p. 

p. p. 
f. h. 



Theor, 9. Pr^Tp. 9. 

SI ratio , & quantitas , cuiufdam rationis , & cuiufdam^ 
quantitatis, xque fint mulriplicata , & multiplcx ; 5c 
abfcifla ratio, &: abfciflaquantitas, eiufdcm rationis 
eiufdem quantitatis , arque (int multiplicata , & niultiplex: 
refidua rario,& refidua quantiras,eiufdcm rationis, Sc eiuf- 
dem quantitatis, vcl funt arquealta , & a:qualis 5 vel arque 
funt multiplicata , & multiplcx . 

Hypoth. 

Ratio A-^By rationis C, «quemultiplicata eft, atque 
quantitas a-\-b^ multiplex quantitatis c; &ratio Ay ratio- 
nis C, cequcmultiplicata eft, atque quantitas multiplex 
quaniitatis c. . . ^ 

Dicoquod jvel 3 arquealtaeftipfi Cj ficut arqua- 
lis ipfi f : vcl S aequcmultiplicara eft ipfius Cj ficut b 

X 2 mul- 



hypotlfl 
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roultiplcx ipfius c. 

Demonflr. 

hyfoth. Numcrusrationum C, cxquibus A-^V coro- 
ponitur, idcm cft qui quantitatum c, cx quibus 
colligitur: item numerus rationum C cx qui- 
bus A componitur,idem e(l qui quantitatum r, 
exquibus 4 componitur . Quorum numcrorum, 
vcl cll diftercntia vnitas, vcl numcrus . 

Si vnitas eft diftcrentia j vnaeft ratio C, qua- 
cum compofita ratio A^ facit rationcm ^-^»; & 
vnacft quanticas r, quacumcompofitaquanritas 
ay facit quantitatem a-^b. SedSi » ratioe(J,qua- 
cum compoJira Aj facit rationcm A-^^B^ & h 
quantiraseft^quacumcompofita facit quanti- 
tatem a-^h. Ergo S cquealta eft ipfi Cj arquc 
i arqualis ipfi c. 

Si vcr6 numcrus eft diffcrcntia , tot funt ratio- 
ncs C, quibufcum compofita ratio A^ facitra- 
tioncm A-^*B'y totidcmquc funt quantitatcs r, qui- 
bus cum compofita quantitas 4, facit quantita- 
tem a-^y, Sed S ratiocft, quacum compofir^ 
ratiofacitrationem A-^B^ & h quantitas, qua- 
cum compofita quantitas 4, facitquantitatcm^ 
a-^h . Ergo quot cx C rationibus componitur 
totcx f, quantitatibus componitur Ergo 2 
ad C, 2equcmulriplicatacft,atquc t ad c, mul- 
tiplex. Ergo S ad C, vel a^qucalu cft: atquo 

h ad 



hypoth. 
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b ad Cy a^qualis : vd a^quemulciplicata eft i acque mulci- 
plcx. Qaod &c. 
Quare 5cc. 











Theor. 


lo. 



SI dux rationes, duaruin rationuin, lint ^equcmulcipli- 
caiaej & abfcidar qua?dam,fint carumdcm a^quemulti- 
plicata^: &refidu,je, eifdcm,autxquealta: func,aut a;que- 
mulciplicac:^ . 

Hypoth. • - 
Ratio y^-fj^, rationis C, xqucmultiplicatacftjatquc 
ratio Dn-iS, rarionis F^^ratio rationis C, xquemul- 
tipIicataelt,atqueracio rationisf. 

Dicoracioncm racionis C, ^quealcam efrcjatque ra- 
tio E racionis Fi vel sequemulciplicatam . 

— — Demonjk. 
hypoth. Quotex C rationibus, ratio A-¥*B componi- 
tur, idem numerus cft, indicans etiam, quot ex F 
rarionibus, componitur ratio V-^E. & quot ex 
C rationibus, ratio A componitur, idemnume- 
ruseft,indicansetiam,quotex F rationibus, ra- 
^ tio 0 componitur: quorum numerorum vel eft 
I differeniia vnitas, vel numcrus . 

Sivnitaseftdiffcrentia: vnaeftratio C, qua- 
cum compofita ratio Ay facit rationcm A-^B^ Sc 
vaacrtracio Fy quacum compofica racio D, fa- 
byfotb. j citrationem D-^£:. SedSc S cum A,&cE cura 

Z),fa- 



I 
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Py faciunt raciones compofitas -^-+2, & D-^M. 
Ergo S ad C eadem eft, & ^equcalta, atquc ratio 
E ad F. fienirabinae non cflent aequealtf 5 cflet 
vna binarum , arqualitati propior, quam altcra, & 
non efTent ej dem inter fc . 

Si vero numcrus cft differentia: totidcm funt 
rationes C, quibpfcum ratio A compofita, facit 
c^-^S rationem^ quotctiamrationes quibuf- 
I cum ratio D compofita , facit D-+£ rationcm^. 
hypoth. I Sed& » cum S£ E cum Z>, faciuntrationcs 
ilef,^.h. I compofitas ^-*»,& D-^F. Ergo :B ad Cfquc- 
I multiplicata cft, atquc E ad F. Ergo 2 ad C, vel 
I sequf alta eft, vcl xqucmultiplicata, atquc E ad F. 
I Quod &c. 
Quarc&c. 



T/?f or, 1 1 . Propof. 1 1 ; 
Qucaltar, adcamdcm, camdem habcnt rationcm 
logarithmicam : & eadem, ad equealtas. 

J^ypoth. 

Rationcs S^^B funt a^qucaltae. 
Dico A rationem , ad C, cfte logarichmice, vt ad 
C. Et C rationem, ad Ay cffc loganthmicc, vt C, ad 

Pr<epar. 

Sumaniuripfarum A^ 2, a^quemultiplicatce rationcs 
Eii & fumaiur ratjo multiplicara, rationis (?. 
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Demonflr, 

def.yh. Quonum A ratio eft logarithmica; cu- 
ius inc^qualitatiscft ratio C, eiufJe eft & A: item 
quoniam 'B ad Cy ratiocftlogarichmica^cuius 
inaequalitatiseft C, eiafdcmdt& S: crgo Ay 
rationes,eiufdem interfe funt ina^qualitatis ; & 
funt ^«quealtae.-ergofuntexdcmintcr fc. (i 
enim non elfcnt C3edeminterfc,c(rct vnaremo- 
tior ab cqualitatc,quam altera,& non edcnt eque- 
altae . Sumptae autcm funt Dy B arqucmultipli- 
cata: Yationum Ay earumdeminter fc: ergo 
/>. etiam D, funt ea^dem inter fc rationes, & 
sequeakf. Ergofi D cft altior,quim ctiam E 
altiorert,quam F;-fi ^ iuealta5.equealta: fide- 
dtfAi.h I preiriorjdeprcfTior. Ergoratio A ad C^ eftlo- 
garithmicd, ficut ratio B ad C. Q:iod &c. Nec- 
nonratio C ad i^, eft logarithmice, ficut C ad 
». Quod&c. 
Quarc&c. 



Theor.ii. Prop. li. 

RAtionum non ;equcalfarum , altior ad candcm, ma- 
lor cft logarithmici, quam deprcnTior : Si cadem ad 
deprcfTiorem y maior cft logarithmice , quam ad alciorcm. 

Hypoth. ' ^ 
Efto ratfo A -r3 altior, quam K * 
Dico yl-tS, ad C,m3ioremc(Tclogarithmice,quam3, 
ad C. Ec 



cotra p 
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Et C, ad !By maioreni logarithmice, quam C, ad ^-+2. 

Pr^ar. Dcmonftr. 
Sumatur A ratio , quas cum », compom*c ra-' 
tionem A-^^Bi & duarum rationum Ay fumi- 
turalteranonaltior,qu^efity4: &rationi$ Ayt(y- 
dcfqh. ! tuplicata£>,quoticsoportcc, vcfiataltior, quam 
C\ & rationis iequemultiplicatafumatur E. 
Quoniam A^ non eft altior,quam & D,f 
j funt aqueraultiplicatafipfarum A^ oporret D 
non efie altiorcm, quam ficnim effet aIcior,-ci 
ijfdem, vcl ex propioribus «qualitati , vtrifq; roa- 
ioris,veI vtrifque minoris incqualiratis rationibus, 
P-^P*3- 1 effet rcmotior ab cqualirate ratio compoficxer^ 
' Z), cft aItior,quam C: ergo £, eft alrior, quam C. 
Sumatur ipfius C, bis,ter,quater,vcldcinccps, 
quocicsoportet,mulciplicataratio Z', vc fiacpri- 
mo altior quam E. Quarc ratio F, non eft altior, 
quamratio £h-C: eft aurcm D altior, quam C: 
crgo T>^E altioreft, quam E-*C. alioquin cx 
remotioribusab xqualitacc rationibus, vtrifquc 
maioris, vcl vtrifquc minoris in.-equaliratis , non^ 
altiorfiereccompofita ratio, idcoque nonrcmo- 
tioraba:qualitate, f<?;;rr<< (g;-^. 3. Sed F.noa 
eft alcior, quam £-+C: ergo X>h-£, ell altiori 
j quim £: & cft £ dcprenfior, quamf: & func 
\ Oy E rationcsa'qucmultipIicata^,rationum 3: 
/>. h, \ 6^Z)-+£ racio,efi9quemultiplicata,racionis>4-f2: 



itfq.h 



Ergo 
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def,\^h I Ergo ratio, adrationem C, maior eft lo- 
def.i^Jh garithmice, quam ^ ad C. Quo J &c. Et ratio 
1 Cyiil rationem 'B^ maior eft logariihmice, quam 
C, ad QuodSCf,, 



Quare &3c. 



Theor.il» Prop.i^, 

QV^ , ad eamdem, eamdem habent rationem logari- 
thmicam;interfe funtexdcm rationcslogarithmi- 
— • — xx: &adqu3seadem,eamdem habet logarithmi- 
cam; inter fe funt eardem rationes logarithmic^E • 

Hyfoth.i. 

Ratio A adrationcm C, eftoJogaritamice^.-ficut ra- 
tio "B ad rationcm C. 

Dicorationcs ^^.clTceafdcminterfe. 

o h . Demonjhr, . , 

Quoniam ad C, .& >9 ad C, funt rationcs 
Iogarirhmic3e;cu:usingquaIirariscft C ratio,ma- 
ioris, vcl minoiis^piufdcm funt Ay&LB rationes: 
qiixJi non ca^demefllii^ jnter fc,non eflenr sequc- 
aUas afftgnarerur carum a'tcra altior. Aflignctur 
fifieriporcft,altior, quam S: ergo A ad C, 
maior cft logarithniiccjquam B. contrahypoth, Er- 
go rationcs !5, funt ea?dcm intcr fe. Quod &c. 

Ratio C, JM rario^em /4^ cftologarithmicc,ficut ra- 
tio C, ad rationem 2. 

Y Dico 



dcf.^.h. 



12. 



h. 
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Dico rationcs A, dfe cafdcin iritcr fc . 

Demonjir. 

11. h. j Aflignerur (i ficri poteft deprcflior, quam 
S: Ergo C ad Aj maiorcHlogarjchniice, quaoi 
ad S; contra hypoth. Ergo /4 non eft dcprdfior, 
quam 8: ircm dcmonftrabirur , quod ncquc8 
II. cft deprcfliorj quam A: fiinc ergo Ay S racioncs 

^Equealtx, & ca^dcm intcr ft • Quod &c. 
-« Quanc&c, 



RAtionum, adeamdemrationcm,qux maiorcftlo- 
gariThmic^jilla eft altior: & ad quam,eadeiM maior 
eft logarithmice, illa eft dcpreflior. 

Hypoth. I . 

Ratio A^ maiorcftlogarithmicead C, quara '£> 
Dico Ai aItiorcme(Ie,quam 

DinrmJIr. 

Efto A non altior, quam fi ficri poteft.-crit 
itaquc vel a^qucalta , vci dcpi cflior . Sunto A) 2 
fi. fc, I a?quealt3e,ri ficri potcft. Ergo A ad C, cftloga- 
rithmicejficut ®. r<>wfr4 Ajfwfc. Efto A dcprcf- 
11. 1 fior, quam S, fificri potcft . Ergo 2 ad C, mi- 
I nor eftIogarithmicc,quam A. contra hypotk Er- 
I go c^, non eft ajqucalta , ncque dcprdSor, 
I quam S: crgocftalcior. Qyod&c. 




II* h. 



IX. h. 
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Ratio C ad cx/, traiorcft logarkhtnict>qiiamad T. 

Demonflr. • •n-;\ 

Efto -4 non dcpreflior, qu^m 2,fi fieripoteft; 
crit iraque velajquealta, vel altior . Sunto Ay 
afquealrxjfifieripotcft. Ergo C ad eftloga- 
rithmice,ficutad contra h^ath. Efto^ altior, 
quam fi ficri poteft . Ergo C ad Ay minor 
eft logarithmice , quam ad !5. cprjtrd hypoth. Er- 
go non eft arqucalra, neque altior, quam 2: 
ergo eftdeprertior. Quod&c. 
Quare 5ic. 



Q 



Theor. 1 j . Pr(?/7. i J . ^ 
Vie eidcm funt e^edem rariones, inter fe funt eedem, 
tiim logar ithmice, tum abfolute . 

Hypoth, i . 

Ratlones A ad S,.lQgarjthmiccfunt ,vtquantitates c 
d: $ic ;iJi^d ^quaniitaics , vt qu^ntiratc^ e ad / . ^ 
Picoratjones ^ aJ 2, logarithnaice cfle, ikut quatK 
titatcs e ad f. ' 

Hypoth. t0 

Rationes A ad 2, logarirhmicefijnt, vtquantitatcs c 
^ad</: & ad ^ quantitates, funt ficut Jog^jrithmice ra- 
cioftcs £ zd > 
. ^ Dico ration<:s A ad cfTc logarithmice,ficut rationes 
£adF. ' Y 2 
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ffypotk s . 

Quantitates a ad funt intcr/c, ficut logarirhmic^, 
rationcs C a^ © : & ratjoncs C ad logariclimice funt, 
ficut quanritatcs ad / 

Dico a ad hy efle vr e sid f. 

Bypoth.^ 

•r Quantitatcs a ad funt intcrfc, ficut logarithmice, 
rationcs C ad D: & racioncsC ad £),logarithmiccfunc, 
TVtrationes £ ad F. 

"Dicoquantitates a ad l? cfle, ficutlogarithmice', ra- 
tioncs £ 3id F. 

Rarioncs c^ad logarirhmicc funr, vt rariones C 
ad Z): &ration€s ^ ad 2>, logarithmicc, V€~«iiones 
£ ad /^. 

Dicoratidnes A ad logarithmice dfe, ficut rario- 
TiZ%£zdF. ■..jfi:i:- ^''fn.i! 

Pfiepar. comm, 

•> Sumarturipfarum rationum,vel<juafitiratum C, 
arqucmu'tiplicat^ , & aequcmulriplices^, fc, i£\ 
nccnon ipfaium Z?, D, aqucmultiplicata?i &ieque- 
mulriplices , 4», 4D, 4F. 

Demonflr. comm. 
def,8yel | Si 3 altior cft, vcl maior , quim 4^; etianL» 
'"'^ j 3 C, altior eft, vel maior, quam 4D. Quod fi 3 C, 
. aIrioreft,veImaior,quam 4D; ctiam jZ^altior 
2- 1 cft, veIraaior,quam 4F. Ergofi 3^alriorcft, 

i . vel -^. 
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I vel maior,quam 4:^3 ctiam ?£ altiorcft,vcIma- 
ior , quam . Ircm fi sequealta , vel arqualisj 
etiam ^-equealta, vcl a?qualis : fi deprcflior , vel mi- 
ief Svel nor, etiam dcprclTior , vcl minor . Ergo propor- 
^jy.-pei tionalcs funt fiuc rationcs, fiucquantitates, vel 
] mixtim A ad 'By ficut £ ad F: tum logarithmi- 
I fi^, fiqux funt rationes^ tum abfolute, fi nulix lunc 
j rationes , fcd folum quantitates . Quod ikc. 
Quare &:c. 



Thcor, 1 6. Prop. 16. 

SI fint quorcunque rariones logarithmice proportio- 
nalcsjquemadmodumfc habuerit logarithraice vna^ 
anrcccdcntiunvad vnam confequentium , ita logarithmice 
fc habcbit compofiraex omnibus antccedcntibus,ad com- 
poiitam ex omnibus confequentibus . 
. ' Hypoth. 
Rationes ^ ad », & C ad & £ ad F, funt loga- 
rithmice proportionalcs . Ex rationibus Ay C, & E com- 
pofitacft A-^C-vE : Sccxrationibus D,bi F compo- 
fitaeft »-^D *F. ^ 
Dico A^C-^E ad "B-^D-tFy & ^ ad S, cffc logarh 
ihmic^proportionales. t 

Pr^epar. 

Rat-onum Ay C, £ funiantur arquemukiplicatx' ratio- 
ncs iAy jC, iE: cx quibus compofita ratio J^-^-jC 
^3£. Itcmuiionum 2?, F, fugantur xqucmuItipU- 
— ' catae 
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cataerationes 4i?> 4£>, ^F: cx quibus compofita ratio 

42-^40-^4/^- 

T>€monfk, 

def.n.h Quoniam A sui, "By &c C snd D, funtlogari^ 
thmiceproportionales: fi jc^ altior eft, quam 
4^; etiam 5C altioreft,quarn 4D: fi sequealta; 
5quealta:fideprciriorjcleprcfrior. Itcm quoniam 
C ad T>y & £ ad f , funt logarithniic^ propor- 
. tionalcs; fi 3C altior cft,quam 4D; etiam j^, 

altior eft,quam ^F: fiafqucalta^^quealta . fidcr 

] prefliorjdeprcflTior. Ergofi 3^,aItioreft,quam 
4^: etiam ^A-*- -i- sF altioreft quim 4^-^ 
4D-^4f . fia^quealra; a?qucalta.- fi dcprcflior j^c- 
preffior. Sccft sA-^sC-^iE ad A-^C-^£y totih 
plicata,quotuplicatacft ^A ad A: item 4»-^ 
4DH^4f, ad 2?-fD-+/'. totuplicataeft,quotupIh; 
def.ii.h j cata 4^ ad Ergo^-HC-f£ ad S-hD-^£, & 
-,^r.T ^ f^^^ logarithraice proportionalcs. 

Quod &c. 
Quarc &c. 



f, h. 



Thor, ij.Propof.ij. 

SI fcx vel rationum, vel & quantitatum roixtim ,prima 
ad fccundam eamdcm habuerit rationem , quam ter- 
tia ad quariiim: rcrtia vcro ad quartam maiorem habuerir, 
^uam quinca ad fexrara: ctfani prima ad fccuadara , tnaio* 
TC^habcbp , qoira quinta ad lcxtam. 
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HyfQth.i. 

Quanticates ^ aJ Z', & f ad dy funt proportionales; 
fcdquantitatum c ad d ratio, maior cft, quioi logari- 

thmica, £ ad f rationum . 

Dico quantitatum a zd h rationcm maiorejncll:-', 

quamlogarithdiica £ ad rationum. 

hfypoth.i. 

Quantitates a ad &ranones C ad Df func lo- 
garithmice proportionales : fcjrationum logarichmica^ 
ratio C ad D, maioreftquamquantitatum f ad / 
Dico a ad h maiorem eire,quaiti i zd f. 

Hypoth. 3 . ^ i 

Ritioncs A ad », &qjaacitates c ad funtlo. 
garithmiceprop^ciOQalcs-.fedquantitatum ratio c ad 

J,nia;or€ft,quam e ad f. 

Dico rationum logarithmicam A ad », maioreiu> 

c(rc,quam e zd f 

Quanticatcs a ad i, & ranones C ad D, funtlo- 
gariihmiceproportionalcsiledrationum C ad D loga- 

:nthmicemaioreft, quam £ ad f . 
' Dico quantitatum a Vid h rationem maioremelle<, 
quamrationumlogarithmica £ ad f . 

Hyvoth. 5 . 

Rationcs ^ ad % &quantitatcs c ad ^ /untpro; 
po.tiona!esloaarithmice:fedqoantitatum c ad rf, mat 
iorefttato,quimlogarithmic3ratioaum £ ad^. 
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Dico A ad !5, maiorem cfle logarichm ice,quim E ad F. 

Hypoth,6. , 
Rationes ^ ad 2, & C ad D funt proportionalcs: fcd 
C ad D ratio,Iogarirhmicematoreft,quam e 2Ld fi, 

Dico rationum -4 ad S logarithmicam racioncai> ma- 
iorem cfle, quam quantitatum e zd f. 

Hyfothrj. 

Rationcs ^ ad C ad D, funtproportionales:fed 
C-ld D rationum ratio logarithmice maior cli quam E 
adF ratio logarithmica . 

Dico ^ ad ^ logarithmice maioremcfle, quani. 
E ad F. 

Praeparuomm, 
Sumantur aequcmulriplicat? rationum rationes,&fque- 
mulriplices quantitatum quantitates, anccccdcnrium i4, 
'C, antccedentes s Ay .^Cy & confcqucntium 5?, 
F confcqucntcs 4!^, 4Z), ^F: fccundum cas multi- 
plicationes^quibus 3C, aItiorquidcmert,veImaior,quam 
4D5 fcd sEy non altior,vcInonmaior cH-^quam ^F. 

T>emonjir.commun. 
Quoniam 5C eft alrior, velmaioryquam 4D: 
crgoctiam cftalcior,veImaior,quam 4^:& 
dcf^io. intcrim zE non altioreft,velnonmaior,quaiiL. 
Veh^Jh 4^^- crgo A ad 2, maior eft , quim C ad £), 
>e/8.j. ^ u^l6garithmice,fiueabfoIuce. Quod &c. 
Quare&c. 



def%>tl 
6. 



I 
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Tho)\ 1 8. Prop. 1 8. 

RAtionum Iogarirhm'ce propoitionalium , fi primit^ 
fueric altior, quam terria; erit & fecunda altior, 
quim quarta: fi ;equca!ta ; arquealta : fi dcprcflTior j deprcf^ 
fior. 

I^fypoth. commHn. - • 

Rationcs ad & C ad />, funt logarirhmicc pro- 
portionalcsr 

Altiorcftratio rationc C. 
Dico ,qu6d altioreft ratio rationc D. , 

Demonjk. 

I Eftojfifieripoteft, nonaltior ^ ratio, quim 
D; crpo vcl cft c^qucalta , vel dcprefTior . Efto ft 
la. b. ficri potcft ajQUcalra. Ergo A ad ^5, maior eft 
kr. b. Iogarichmicc,qudm C ad "B: fcd C acJ 7> eadem 
ly. eftlogarichmicc,qua! C ad V. Ergo^ad Sma- 
icrcft logarithmicequam C ad D, f(?;;rr^ fc^/^^yrfc, 
Non funtergo D rationcs.^quealt.-e. 
II. b. Eftojfificripotcft, !5 dcprcffiorjquamD. Er- 
go C ad roaioreft Iogarithiiiice,qu:\m C ad 
hypoth, D, Sed ad i5>cftlogaruhmicc,vt C ad D. Er- 
17. go C ad maioreft logarithmice,quim y4 ad 
14./;. Ergo C altior eft, quam A. contra hyfoth. 
Non cft crgo dcpre.Tior, quam D; ncqu;i^ 
ajqucalta : crgo S eftalt!0r,quam D. Quod&c. 

Z : fJy^ 
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itquealrar funt rationcs Ay C . 
Dico quo J «qucaltac funt rationes 2f, Z>. 

Dewtmfi. 

I Sunto D non xquealta:, fifieripoceft.-i 
it^b. I efto S altior,quam T>. Ergo C ad D, maior 
j cftlogarithroice, quim C ad S. Sed A ad 3,ca- 
17. ! dem cftlogarithmice,qu3B C ad D. Ergo -4 ad 
14. >. I maioreft!ogarithmic^,qu2m C ad Ergo 
I -^, altior cft , quam C. contra hypcth. Sunt crgo 
I D ;rquC3li2. Quod&c. 

Hypoth. 
DeprdTior cft Ay quam C. 
Dico quod & 2 deprcfTior cft,quam D. 

Dcmcnflr. 

hypoth. j Altior cft C quam //: & eft C zd D logari- 
/«p. ' thmice, vt A ad S: crgo altior cft D, quam f: 
defx.h. I ergodcpreiTior cft S, quam D. Quod&c. 
Qujrc&c. 




Thear. 1 9. /^rt?/?. i 9. 

SVtmultiplicata? rationcs, cum pariter multiplicatis,in 
cadcm funt rationc logarithmica , fi prout fibi mutuo 
rcfpondcntjitafumantur. 

Hypoth. 

Rationij^S,funtafquemuItiplicate rationcs lAyi% 
Dico A ad S, atquc 3 -4 ad 3 cfle logarithmicc pro- 
orticnalcs, Oe- 



6. h. 
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Dmotjjir. 

Rationes ^ ad S,& -4 ad B,&-4adB5quot- 
cunquc oportet,acccpr.^, funt proportionalesier- 
I gocxanteccdentibuscompofita -^Ay ad cx con- 
! fequcntibuscompofitam 3B> eft logarithmicc, 
I vt i4 ad B. Quod &c. 
Quare &c. . >^ 



T/7ft>r. 2 0. Prt?/». 2o. 
Ariones logarithmicc proportionalcs , permutan- 
do, funtlogarithmiccproportionalcs . 

Hyfoth, 

Sint rationes logarithmice proportionalcs , A ad B, 
n C ad D. 

Dico permutando 5 eflb logarithmicc proportionalcs, 
^ ad C, vt B ad 2?. 

Pr^par, 

Rationum A^ 2, fumantur apquemultiplicat? 3-^, SB: 
& rationum C, Z), ajquemultiplicatc^ 2C, 2D. 

Dcmonjlr. : . 

15^.^. I Rationes 3^ ad 3% & -4 ad funtlo- 
trjrporib. garichmiceproportionalcs.itcm ad "By &L C 
\9*h. aJ D. itcm C ad D, & 2C ad iD. Ergo 
15./;. 3^4 ad 3», & 2C ad 2D funt logarithmice 
1«. /7. proportionalcs. Ergofi 3^, cftaIcior,quani-» 
2C5 ctiam 3S, cft alrior, quam 2D: fi xque- 
dcf,i2,h altajasLquealta.fideprefrior^dcprefrior. Ergo A 

TL z ad C, 
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ad C, & 3 ad func logarithmice proportionalcs, 
Quod&c. 

Quare&c 



Theor. 21. Prop. 21. 

RAtiones inter fe , vcl & cum quantiratibus , logari- 
thmicc proportionales, diuidcndo, funt logari- 
ihmice proportionales . 

hfypotki. 

Rationcs A-^^ ad 2>\ & C-^Z) ad D, lant loga- 
rithmice proportionales . 

Dicodiuidendorariones -4 ad & C ad D> eflc 
logarithmiceproportionales • 

Pr^par. 

Sumantur ipfarura .4, C, D, xquemultiplicatar 
3-^» 3^y SC, 5D: necnon ipfarum C, Z>, alia^ qu«- 
libet cequemultiplicatas 4C, 42>. 

Demonjiu . 
Rationes 3^, 3 2, equemulciplicata? funt ra- 
p.h. tionum S: Ergoratio 3 ^-+5:5 totuplicata 
fonfr. eft rationis ^-+!^, quotuplicata cft 3/4 ipto 
p. h. c^: nccnon 3C, & s'^^ ipfarum C, & 

nccnonratio ^C-f^D rationis C-+£). 
ww/?r. Rationcsquoquc 3C, 3D, rationum C, 

& rationes 4C, 4D, earumdcra C, D ratio- 
i.h. » num funt flequcmultiplicatie : ergo etiam 7C, 
, 7D, carumdem C, 2? rationum lunt sequemulti- 
j plicatat. 



4- J 
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hyp»tb. Et quoniam rationes ad & C-^D 

def.iz.h ad D, funtlogarithtniceproportionales: fi 3^ 
-4-3», altioreft,quirn 7^; ctiam 3C-+3D, al- 
I tioreft,quam jD: fi sequealta^ cqucalca; fide- 
preflior; deprcrtior. 

Scdfi 3 c>c/ alcior eft , quam adcompofita 
communi rationc 3^; ctiam ^A-i-i^B alcioreft, 
quam 7S. nam ciufdcm maioris, vcl eiufdenru 
minoris inscqualicaris , ex remotioribus rarionibus 
ab ajqualitare , compofita ratio, eft remotiorjSc 
cxpropioribus, propior. &oftenfumeft,qu6d 
fi 3i4-»-3:5, alcioreftquam 7^3 cciam 3^^-30, 
aItiorcft,quam 7D: Sc fepofita commuai racio- 
nc 3 A alcioreft 3C, qudm 4D. namfi 3C, 
noncfietalrior,quam 4D; compofica, 3D5 tie- 
rct racio 3C-t.3D,nonalcior, quam 7D. contra 

Jitperius prohata. 

Ergofj 3/i alcioreft,quam 4B, etiam 3C al- 
tioreft,quam 4D: fimilitcr oftcndetur , fi^que- 
drfM.h 1 alcaji-quealca.fidcprcfrior^deprcirior.Ergo ^ad 
1 B, eftloganthniic^, vt C ad D- Qyod &c. 

hypoth.2. 

Rationes A-^l^ ad B, &quantitates a-^b ad hy funt 
logarichmic^ proportionales . 

Dico diuidcndo,rationes A adB, Scquantitates 4ad 
k clTc logarithmice proporcionalcs. 



4- 3 



Vr^ 
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. Pr^par. 
Rationum & quantitatum 4, fumanturfquc- 
nnultiplicatfrationes ;Ay j», & ^equemultiplices quanti- 
taics s^> 3^- itemrationis & quantitatis multipli- 
cata ratio 4S, &aequcmultiplcxquantitas 

Demonjlr. 

j». j Ratlo lA-^i^By lotuplicataeftrationis A-^^B^ 
quotuplicata cft j^, ipfius A^ &quantitas 34, 
quantitatis &quantitas j/', quantitatis & 
quantitas 34-H3/^,quantitatis 

Quantitates quoque 3^, 3^, quantitatum 4, 
hy & quantitates 4^, 4^, earumdcm 4, funt 
^equcmultiplices: ergo 7^1, 7/», earumdem 4, 
funt a^quemultipliccs. 

. Etquoniamrationes -^r+S ad & quanti- 
tatcs A-^b 2ii\ hy funtlogarithmice proporriona- 
Ics: fi 3^-+3!S, altiorert,quam ^Jj ctiam 34 
-^3^, maiorcft,quam 7/: fia^qucalraj sequalis. fi 
deprcffior^ minor. 

Sedfj 3,-^>altiorcft,quim 4B; etiam 3 -4-^-3 B, 
altior cft, quam 7I3: &:fi t^iaiorcft, 
quam jhy ctiam,deinpta communi ^hy rclin- 
quirur 30?, maiorqu^m 4^. Ergofi 3ii, alt/or 
crt,quam 4S; ctiam 3^, maiorcft^qudm ^i'.' 
&iimHitcr pftendctur , ii acquealta^ajqualj; fi dc- 
def.s.h. dreflior; minor.. Ei^go rauone^ A ad By & 
I quantitatcs a ad h, funt loganthmice propor- 
I tionales. Quod &c. Quare &c. 



.cmfu 
ff. 5- 

, \o 
\ponflr. 

2« 5. 

hypoth. 
^defS.h. 
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The9r.li. Prop. ii. 

RAtiones interfc,vcl& cum quantitatibus , logari- 
thmice proportionales, componenJo,funt logari- 
ttiihice proportionales . 

Hypoth. I. 

Rationes ^ ad & C ad D, funtlogarithmice pro- 
portionales . 

Dicocomponcndo, rationes A-^^B ad & C-+/> ad 
D, eflc logarithmiceproporrionales. 

Pr^par. 

Affuraatur E ratio, adquam C-+D fit logarithmice, 
ficut ad li. 

Quoniam ^-B ad B, & C-4-D ad £, funt lo- 
garithmice proportionalcs: crgo diuiJcnJo 
ad B, diC-^D--^E ad £, funt logarithmicc 
proporcionalcs. Sed ^ ad B, 5c C ad Z> funt 
loganthmice proportionales. Ergo C ad D, 
C-i-D — E ad £, funtlogarithmicc proportio- 
nalcs. Ergo D, «quealta cft, ideoqtJC cadcm^ 

atque E. ' - 

Nam fi D, cffctaltior,quim cflTet C altior, 
quam C'*D--E. Scd contra, effct C-+D altior, 
quam C-^£: 5i C-^-D— £,altior,quam C. quod 
cllcontradicbo. Rurfum fi D, elfctdepreirior, 
quam £: ellct C, dcprcfnor, quam C-^D—E. 
Scdcontra, effct C-tD, depreiriors quim Ch.£: 

& 



conllr. 
II. 

hypotb. 
15. /». 



18. 
4. 3. 



/ 



i8. h, 
ecnflr, 
15. h. 
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4- & C-^D — Ey dcpreffior, quam C: quod eft 
contradiftio . 

Ergo 7> eadcm cft,atque E. Ergo C-+D ad 
D, & C-+£) ad Ey funtproportionales logarithmi- 
ce. Sed A^^B ad !B ^{[vtC-^D ad- E: crgo A 
-^'B ad cft vt C^D ad 2) logarithmice. 
Quod &c. 

Hypoth. 2. 

Rarioncs -4 ad & quantitates ad funtloga- 
rithmicc proportionales . 

<Dicocomponendo, rationes c^H-B ad B, &quanti- 
tatcs a-^h ad eflelogarithmice proportionales. 

Aflumatur e quantiras, adquAm, a-rl^ eftlogarithmi- 
cc, Ccut ratio ad rationem 3. 

Demonjlr. 

conflr, Quoniam A-i B ad B, & a-^h ad r, funtlo- 
garirhmiceproportionales:ergo diuidendo A ad 
S, & a^lf — c adc, funt logarithmice , propor- 
.hypoth. tionales. Sed ^ ad & ad h, funtlogari- 
thmlce proporrionales . Ergo 4 ad & a-^h 
— r ad r, funt proportionales. Ergo h, c, funt 
quantitates a^quales . . 

Namfi maiorefTer^quim c: eflTcr a^ maior, 



15. h. 



14. 5 



I 



14. 5. 



quam ^-f^» — c . Sed cpntra, cflct 4-+^, maior, 
quam it-+f:& ^»1-+/'— r, maior,quam ^: quod 
ell contradiCtio. Rurfum fi/', minor eiret,quafli 

c: eflet 
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c: cflet ay minor, quam a-rL — c. fcd conrra, eC- 
fet a-^by minor, quani a-^c: & 4-+^-— c, minor 
quam a: quod elt contradidio . 
7.5.. Ergo c, funtxqnales. Ergo a-^ty ad by 
copflr. eftvt ad c: Scdratio 4-^'^ rationem 
r5- 1 2?, eft logarithmice, vt quantiras a-i-lf ad quan- 
) titatcm c: Ergo etiameftlogarithmicc, vc a-+h 
I ad h. Quod &c. 
Quare &c. 



SI quemaJmodumtotaratio,ad totam,italog3rithmi- 
cc fucrit ablcifli ratio, ad abfciiram: crit & rcfi Jua , ad 
rcfiduam , ficu: logarithmice tota ad totam. i 

' Hypcth. 

Rationcs ad C-+0, & i4 ad C, funt pro- 

portionalcs logarichmice . 

DicoCtiam ad Q-iD, & 3 ad Z>, cfle prO'- 

portionakslog.irichmice . ^ 

TDeyronflr» . 

hypoth, j Rationes A-+'B ad C-4-Z), & ^ ad C, funt 
zo. proportionalcs logarithmicc: ergopcrmurando, 
21. K funt proportionalcs logarithmice y4-fS ad 

& C-f7J> ad C: ergo diuidcndo, » ad y^, & 
xo. /7. I /) c, funtproportionalcs: crgopermutan- 
• jdo*S ad D, ^ ad C, funtproportionales: 
I Scd A ad C, & A^'£ ad C-^D funtproportio- 

Aa ' nalcs. 
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r^.h. nalcs. Ergo ad C-^-D, & 3 ad D, funt 
logarithmiceproporcionales . Quod &c. 
Quare &c. 



Theor. 24. Pr^jp, 24. 

SI rintcresrationes^atque trcsquantitates, qUc-ebinar, 
& in cadem ratione logarithmica fumantur : ex arquo 
aucem prima ratio , quam tercia, altior fiierirj eric & priraa 
quantitas,quam tcrcia,maior;quodriprima ratio, fuem 
arqucalta terri;r; crit&prima quantiras, rEqualis tcrcise: 
fin illadcprcfrior^hccquoqucminoreric. Eteconuerfo. 

Hypoth. commun. 
Tresrationes 'By C, & tres quantitas 4, bi- 
njTj&bina?, funtlogarithmiceproporcionales: A ad 
vr a ad 'B ad C, vc h ad c. 

Hypath.i^ 

Alcior eftracio c^, quam C. 
Dico, maiorcmeflequancitatem 4, quam c. 

T)emonJfr, 

12, b, Ratio S ad C, maioreftlogarithmice,quam 
» ad ^: fed ad c cft logarirhmicevc ad 
C: & S ad eftlogarithmice, vc iad 4: cr- 
go ad f, maior eft, quam h ad a, Ergo 
maioreft 4, quam c. QuodSic. 

Hypoth, 2. 

^quealta: funt rationes y^, C. 
Dico ) ^quales efte quanucat^s c. 



hypoth. 
def.^Jh. 
17. h. 

10. 5. 



fup. 

9. 5 
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Demonjlr. 

IX.'». Ratio » ad C, cftJogarithmxe,vt 3 ad 
-/4. Ergo y ad cftvc b ad 4, Ergo acqua- 
lcsfunc 4, f. Quod&c. 

Dcpreffior cft ratio quam C. 
Dico, niinorem dlc quantitatcm quJm c, 

TDcmonfir, 

iief.p.h. Alcior eft, C, quam A: crgo maior cft c, 
/if. quam Ergominorcft quam c. Quod&c. 

Eodcmmodo demonftrabitureconucrfo: quod fi a 
quantitas,maiorcftquancitate r: ctiam ratio Ay ratio- 
ne C eft altior : fi «qualis ; afquealca: fi minor , deprcflTior. 
Quod. &c. 

Quare &c. 



Theor.z^. Prop. 2 j. 

SI finc cres raciones, aliarquciplis .Tquales numero, quf 
bina?, & in eadem racionelogarichmica fumantur: ex 
a^quo autcm) prima quam cerria altior fueric ; eric & quar- 
la,qudmfcxtaalcior. C^odfiprima .certiaefucric a^que- 
alca^ent &quarcaaequealcafcxta?; fin illa deprefTiorjkTc 
quuque dcprcffior eric. 

Hypoth. commun. . — 

Tresraticncs Ay », C, aliaquetres D, £, Fy bi- 
na?,&bin«funtlogaritliniicc proportionales; A ad 
vt ad » ad C, vt E zd F. 

Aa 2 Hy- 

y Digitized by v^oq^ 
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Hypoth. i . 

Alcioreftracio quam C. ' 
Dico alciorcm eflc D, quam F. 

Demonji. 

I Maioreft ad C, logarichmice,quani ^ ad 
hypoth. I SeJ 2 ad C eftlogarichmice, vc £ ad F: &c 
dcfAzJj i*B 2Ld A, logarithiDic^, vc E ad D. Ergomaior 
17. b. . eft £ ad logarichmice, quain £ ad Ergo 
144 b.] alcior cft D, quam F. Quod&c. 

ffypoik^. 

ytquealca^func rationcs Ay C. 
Dico , aequealtas efie rationes Z), F. 

Demonjhr. 

ti. h. I Eadcm eft 2 ad C, iogarichmice, qu;E S 
ad^. Ergoeadcmeft £ ad F logaricbmice qua: 
£ ad D. Ergo a^quealca: func rationes F* 
^ Quod&c. fdypoth.i. ' 
DeprelTioreft quam C. 
Dico , dcpreffiorem efle D, quim F. 

Demonjhr. 

defp.h, I ^tloreft enim C, quam A: ergo alcior eft F, 
^ ^"^* I quam D: ergo deprclTior cft D,quam f.Quod 6ic. 
Quare&c. 



i^. h. 



Theor.26.Prop.26. 

<^ I finc trcs quantitates, atque trcs rationes,quf binse, & 
O ine4dcmracioncIog.arithmica fumantur^ fuericquc/ 

per: 
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crturbata earum proportio : cx «quo autcm prima quan- 

casjquamtertia, rnaior fuerit; erit&prima ratio ,qudiTU 

^rtia,altior. Quod liprima tertia:fuerit ^qualisquanti- 

as5 eric & prima terciar, ;rqucalta ratio: fin illa minorjhfc 

[uoque depreffior eric . Ec e conucrfo . 

rjyffth. commHn. 

Tresquantitates 4, hy r, arquc trcs rationes ^4, 3, C, 

31115, & binx, funt logarithmicc, proportionalesj & earum 

pcrturbataeft proportio: quanritates cnim 4 ad 8C 

rationes S ad C, funt logarithmicc proporiionalcs: 

nccnon quantitates i ad c, & rationcs A zd^By func 

logarithmice proportionalcs . 

Hypoth. l . t 
Maioreft quam c. .^;-»:.^ - 

Dico alciorem elTc Ay quam C. 

Den;onjhr, 

8.5. Maioreft i ad c ratio, quam ^ ad /ij Sed 
iie/.8.fc. ^ f, eftlogarithmice, vt ^4 ad & i ad 
17- Idgarithmici , vc C ad 2. Eigo A ad 
14. fc. maior cft logarirhmice, quam C ad 3. Ergo 
|altiorcft quam C. Quod&c. 

ffypotki. 

iEqualcsfunt r. 

Dico ajqueakas cflTe Ay C. 

Demonflr. 

7- J. j Eadcm cft h ad f, quac ^ ad 4. Ergo cadcm 
i^^X logarithmice A ad S,qu3eCad3. Ergo ^,C 
I funt arquealcas . Quod &c. Hy- 
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Minorcft 4, quam c. 

Dico deprefliorem cflc Ay quam C. 

Demofjjir. 

fup. I Maioreft c, quam a: Ergoalcioreft C, qtian! 
dcf.i.b. j ergo dcpreflior eft quim C. Quod &c, 
Eodem modp demonftrabitur e conuerforquod fi ratio 
Ay rationc C, eftaltior^ctiam quantitas 4, quantitatcf, 
eft maior; u a^qucalca^ ^equalis: /1 deprefTior ; mn^or. 
Quod &c. 
Quare 6^. 



Theor. 27. Prop. ij. 

SI fint trcs rationes, & aJi^ ipfis aqualcs numcro , quae 
bina*, & in cadem ratione logarithmica fumantur/uc- 
ritque perturbata earum proportio logarichmica: ex fquo 
autcm prima, quam tercia altior fuerit;crit & quarta,quini 
fcxta, altior . Quod fi prima tcrtia: fuerit ^equcalca j crit U 
quarta arqucalca fext.-e ; fin illa dcprcifior^ bxc quoqucdc- 
preffiorerit. 

Hypoih, xmmun. 
Tres rationcs C, ali^que tres D, /*, bi- 

naf,&binx,funt logarithmice proportionales; &carofT) 
perturbataeftproportio:funtcnim A ad'By&c£ ad F) 
logarithmice proportionales: nccnon » ad C, & 0 aJ 
£ , funt proportionalcs logarit hmice . 



12» h. 

hypoth. 
def,\z,h 
17. h. 

14. h. 
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hfypoth. I . 
Altiorcft quatTi C. 
Dico alciorcmcilc Z), quam F. 

T)emonJhr. 

Maioreft logarithfnice, *B ad C, quam 3 ad 
fcd S ad C, e(l vt T> ad £: wSi » ad ^ eft, 
vc F ad £5 loganrhmice : crgo D ad £ maior 
cft l(>garirhmice,quam vt F Sid £ : Ergo D al- 
tiorcft, quam F, Quod&c. 

Hypoth.2. 
^qucalt^B funt Aj C. 
Dico iequealtas eflc D, F. 

Demonflr. 

ii. h, * Eadcmeft!5 ad C logarichmicc, qua? ad 
fttp. A. Ergocadcm eft D ad £ logarithmice^quce 
i-^, h. F ad £, Ergo D, F funtarquealc^. Quod &c. 

Hypoth.i. 

Dcprcflior eft A^ quam C. ' -^ 
DicodeprefTiorem cflc /), quam F. 

Demonftr. 

dtf.pJb, j Altior cft C, quam Ai ergo altior eft £, quam 
/«p. ( D: crgodeprcffior eft D, quam f. Quod&c. 
Quare &c. 



s 



TW. 28. Prop, 28. 
I fint quotcunquc rationes totidemque quantitates, 
qu£ bin<e; in eadem ratione logarithmica fumantur: 



Oiniti 
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& cx sequaliratc in eadcm erunt ratione logarithmica . 

hypoth. 

Sintquotcunqucrationes Ay C, D, totideitiqii 

quantitates hy r, di bina^&bincTlogarithmiccpr^ 
portionales; A ad vt a ad ad C, vt adr 
Cad D, vt c ad 

Dicoexa'quaIitatc,^ad C, & 4 ad r, eficlogaritfiavi- 
ce proportionales . 

Itcm ^ ad D, & 4 ad cfTclogarithmice propor- 
tionalcs. 

Pr^par. 

Rationis A^ &quantitatis ay fumantur fqucmuItipB- 
caraj&multiplcx, 3//, 34: itcm rationis,&quantitans, 
», /^, Yumantur, 4S, 4^: & rationis, &:quantitacis,C, 
r, fumantur, 2C, 2f. 

Dcwonflrm 

Quoniam A ad & a ad /^, funt log> 
rithmice proportioTiales: ergo ad 42, u\ 
3^1 ad 4/^, funt logarithmice proportionalcs. 
Itemquoniam S ad C, & i ad r, funtloga- 
rithmice proportronalcs; crgo 4» ad 2C, & 
4^ ad 2f, funtiogarjthmiceproportionales.fr 
go cx rrquali, fi 3^ cll altiorjquam 2C5 etian: 
3^ eftmaior,qunm ir. fi a^quealtaiitqualis.I 
dcpreflior^ minor/ Ergo ^ ad C, & ad « 
funtlogarithmice proporrionales. Quod&c 
Sunt autem C ad Z>, & c ad r/, loganthnih 

ce prc- 



6. b. 
hypotL 

6.h, 
14. h, 

dcf.S.h 

hypoth. 
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fup. ccproportionales. Ergo -4 ad D, & 4 ad rf, 

funt logarithmice proportionalcs. QtiodScc 
Quarc &c. 



Theor. 2 p. Propojl 2 9. 

SI fint quotcunquc rationcs, & alix ipfis xqualcs numc- 
ro,qu3ebin;E, Sc incadem logarithmica ratione fii- 
mantur: & cx ccqualitatc,incadcm cruat logarithnaica* 
racionc . 

flypoth. 

Sint quotcunque rationes, & ah'^ totideni, Ay C, D, 
& £y Fy Gy H\ (^x ^1^0!, & \w cadcm rationc fumantur: 
vidclicer, A ad », & E ad F\ item S ad C, & f 
ad - G: nccnon C ad Z>, & C7 ad 

Dico ex aequalitatf A ad C, & £ ad C, dfc logari- 
ihmic^, proportionales . 

Itcm o^ad D, & £ ad //, eflelogarithmicepropor- 
tionalcs • 

Prapar. 

Rationum Ay fumantur aequemultiplicatar , jA, 
i£: itcm rarionum sequcmultiplicatx 4^, 4/*: 

&rationunm C, (7, a?quemultiplicatie iC, iC. 

Demo}i(lr. 

hypotth j Quoniam ad & £ ad f, funtloga- 
7.*- j rirhmiccproportionalcSjetiam 3^ ad 4!?, & 
! 3£ ad 4/^, funt logarithmice proportionalcs. 
fcypoifc. I item quoniam » ad C, & f ad G*, funt lo- 

B b gari- 
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7. h. 



15. h. 



garithmic^ proportionales ; criam 43 ad aC, 
& 4f ad 2(7, funt logarithmicc, proportio- 
nalcs. Ergofi jA altior cft quam 2C; etiam-» 
1 sE altiorert,quam 2(7. fiequealtaj ^quealca. (j 
defA2.h j deprcflion deprclTior . Ergo ^4 ad C, & £ ad (7, 
j funt logarithmicc proportionales . Quod &c. 
Quarc&c. 



Theor, 50. Prc^. 30. 

SI fint trcs quantitates, totidcmque rationes, qux binx 
incadcm rationciogarithmicafumanrur^fuerir aurcm 
pcrcurbata earum proportio : &cx xqualitatc ^in cadcmj 
eruat rationelogarithmica. 

fjypoth» 

Sinttresquantitatcs 4, 1, f, totidemquc rationes i4, 
S, C, bin^,&binilogariihmicc proportionales , &ca- 
rumfitpcrturbataproportio : nempelint <i ad & S 
ad C, logarithmicc proportionalcs :&c b ad Cy A id 
S, logarithmice proporcionalcs . 

Djco, a zd Cy ic A C, cflc logurithmicc pro- 
porcionalcs. 

Pr^epar. 

Suniantur ipfarum 4, qaantitatum arqucmultipli- 
ccs 54, 3^, rationis .4, ctquemultiplicata 3/4. ip- 
farum quoque rationum 3, C, &quantitatis c, fu^mn- 
tura?qucmuIriplicatarrationes 4C, & ajquemultiplci 
quantitas 
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Demonfir. 

bypoth. j Qiioniam ^ ad.f, & ^ ad 2?, funt logarithmi- 
h. ccproportionales: etiam 3^ ad 4^1 & ^s^^ad 
i '5. 5. 4'^, funt logarithmic^ proportionalcs: funt au- 
hypotb. tcm 3^ ad 3^, ficut 4 ad & ^< ad ficutlo- 
19. h. garithmicc S ad C: & S ad C logarithmic^, fi- 
17. cut^iS* ad 4C. Ergo 34 ad 3^,eft vt 4^ ad ^C. 
I Sedoftcnfumeft, 3^ad ^c, effelogarithmice, vt 
' 4i5. ergocx ^quali, fi }4eft maior,quam 

4f; ctiam 3^ eft altior, quam 4C: fisequalis; 
4^r/.8,/7. . iEqucaIta;fiminor;deprcflior. Ergo 4 ad c, ett 
I logarithmice>ficut -4 ad C. Qyod&c. 
Quarc &c. 



1 htor.li.Prop.il. 4 

Slfinttics rationcs,alixqL!Cipfisarqualesnumcro , qua? 
bina: in eadem rationclogarithmicafumantur,fuerit 
autempcrturbaraearumproportio lognrithmica: etiaiTL* 
cx sequalitate, in cadcm erunt logarithmica ratione. 

Hypoth. 

Tres rationes Ay 2?, C, alicequc trcs £), £, Fy binx 
funtineadcmrationelogarithmica, &earum eft pertur- 
bata proportio logarithmica ; funt enim ad 2, & £ 
ad F logarithmicc proportionalcs : necnon S ad C, & 
!Dad £ funtlogaruhmiceproportionales. i 

Dico,cx:tquali, A ad C, & D ad /^, cflb logarithmi- 
ceproportionalcs. 



Bb 



Dici 
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Pr^par. 

Rationum c^^, D, fumantur rquemultiplicatx 
3^> }D: &rationum C, 5, aliarfumanturjquc- 
mulciplicat^ 4C, ^Ey 4F . 

Demonflr. 

Rationes 3^ ad 3», &^ ad funt logari- 
thmiceproportionales:rationcs ad & £ 
ad Fy funt logarithmice propoitionales: ratio- 
ncs E 2id Fy Sa /^E ad ^F, funt logariihmicc 
proportionalesrcrgo rationes s-r^ad 3S, &:4^ 
ad ^Fy funt logarithmice proportionalcs. Et 
quonia S ad C, 32 Z) ad £ rationes, logarithniice 
b. j funt proportionules: eriam 3!/? ad 4C, & 
ad 4£ rationcs, logaritmicc funt proportiona- 
lcs. Ergocxaequah,fi 3^ eft altior,quam ^C; 
etiam 3D cfta]tior,quam ^F: fi f qucaltaif quc- 
alta: fidepreflior^ dcprcffior. Ergo ad C, S 
D ad £ rationcs, funtlogarithmicc proporcio- 
nales. Quod&c. 
Quaic &c. 



ip. bt 
hypoth. 
ip. h. 

17. 

hypoth. 



Z7. fc. 



T*/:'tfcr. ^i.Prop. 32. 

SI prima ratio ad fecundam , Iogarithmicefuerit,ficut 
prima quantitas ad fcoindam ^ tcrtia quoque racio ad 
fecundam, logarithmice fuerit, ficut tertia quantitas ad fc- 
cundam:etiam compofitaex prima , & tcrtia rationc,aJ 
fccundam, crit logarithraice, ficut aggregata quanticai 

cx 
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cx prima , & tcrtia , ad fecundam . 

Hypoth. 

Sint A, "By C rationes,& quantitatcs: & & 

i4 ad S logarithmice, ficut a ad item C ad S logari- 

thmice,ficut c ad h. 

Dico ^-rC ad 3, effc logarichraice, ficut a^c ad 

Demonflr. 

Quoniam C ad cft logarithmicc, ficut c ad • 
conuerredo, 55 ad C, eftlogarithmice, ficut h 
ad f : Sed ad 59, cftlogarithm!ce,ficut ^ ad^: 
crgo ex cquali A adC,eftlogarithmice, ficut a ad 
2x. fc. I c. crgo componcndo A-^C ad C, eftlogarithmi- 
I ce,ficut a-^c ad r. Sed C ad » cftlogarirhmici, 
a8. i^. ficutf ad ^: ergo ex a^quali o^-^C ad S eftlo- 
garithmiceAcuc 4-*-^ ad i^. Quod &c. 
Quaic&c. 



bypoth, 

hypotb. 
a8. b. 



Theor. 3 3 . Prop. 3 3 . 

SI prima ratio ad fccundam , eadem logarithmicc fiic- 
rir, quae terria ad quartam^ fucric autem , & quinca ad 
fecundam, eadcm logarithmicc , quae fexta ad quartam-c 
crit&compofiraprimacumquinca ad fccundam^ cadcnu 
qu*e compohca tercia cqm fexta ad quartam. 

Hypoth» 

Rationcs ^ ad S, & C ad D, funt proportionalcs: 
iccm £ ad 2, 6i f ad £>, func proporcionalcs. 
Dico ad 2J, & C-^F adZ?, cffe proporcionalcs. 
' Dc- 



ip8 

lyfoth, 
hypoth. 
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Demonjir. 

Quoniam £ ad & ad ZP, funt logari- 
rhmice proportionales: conuertcndo S ad £, 
& D ad f , funt logarithmice proporrionales: 
fcd ^ ad & C ad D, funt lo^ariihmici 



2p. fe. ' proportionalcs : Ergocx ^rquali A Ey&i C 
2x. ad Fif funt logariihmice proportionales ; crgo 
componcndo A-^E ad £, & C^F ad £, funt 
hyfoth. logarirhmice proportionales . Scd E ad 'B^d 
■ h: F ad Dy funt logarithmice proportionales . Er- 
^o A-^E ad C-f£ ad D, funt loGarirhmi- 
ceproportionalcs. Quod &c, 
Quarc &c. 



- TW. 3 4. Frop. 3 4. - 

SI rationesquatuorfucrintlogarithmice. propbrtiona- 
lcs : compofjta ex duabus, alciore omnium> &c depref- 
fiorc omnium, altior eft, quam compofita cx rdiquis 
duabus. s 

Smt raiioncs A ad '£y & C aS D logarithinic^ 
proportionalcs : Et cfto A altior, quam 2^, necnoib 
altiorquim C. Et quoniam A aItioreft,quim C: cr- 
go 2 alriorcft,quam D. Ergo A alriorcft omnium; 
Sa D dcprcfTioromQium. 

Dico rationcm c//-+T>.. altiorem cfic utiooo 
S-fC. 
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Pr^par. 

Quoniam A alaor cft , quiin furaatur £ ratio 
quacumcompofira facicrarionem A: vcitaratioyi 
ficeaJcm, qug Icem qjoniam C alcior eft, quam 

Di fumcjr F ratio , qjacamcompofiti D, facic ra- 
tionem C: vc ica racio C, fic eaJem , quac D-i-F. 

"'Demonflr. 

hypoth. Quoniam ^ ad & C ad D, funcloga- 
confir. richmice proporcionales ; &eft Ay eadcm , quas 
II. h. jB^E: &C, eadc,qjai D-+f. crgo ^-^Ead^B, 
8£ D+F ad O, funt logarichmiciproporciona- 
II. fe. I les: crgo diuidendo, £ ad », & ad funt 
h poth. loganchmice proportionales. SeJ S altior cft, 
18. h. qjam D: ergo £ alcior cft, quam F: compo- 
4. j. rmfquecommunicer S, Z) racionibus^ crgo 
fof</?r. 3H-£r*Z> ratio,aItiorcft,qtidTi B-rD-^F. ScJ 

ratio eadem cft, qua? -^; 5^ D-fF, ca- 
1 dcm quo» C: crgo A-^D alcior cft, quarau 
I S-+C. Quod &c. 
Quarc 6dc. 



RAciones proporcionales, pcr conuerfioncm ratio- 
nis , func propoi tionalcs . 

Bypoth. 

Rationcs ^ ad 5?, & C ad D funt logarithmice pro- 
portionalcs : &cft /4 alcior, qudm 2; iJeoquc ctiam C, 

altior 
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altioreft,quam D. 

Dico A sid A~S, cffc logarithmice , ficut C ad 

Demonjlr. 

hypoth. I A'y 2: C; D. 

%i.h. A^S-y »: C— Z); D. 

dcfdiJf 3; D; C. 

C — D; C. 
rfc/.uJ; A'y A — ^Bi C5 C---Z>. Quod&c. 
Quare&c. 



R 



Theor, 3 6". Prop. 3 6". 
Ationcslogarithmice proporcionales,pcr horaoio- 
giam funtlogarithmice proportionales. 

Demonjk. 

dcf.\i.h j Nam conuertendo , rationcs fiimt proportio- 
15. h. j nalcs:item homologas dcprelTiores ab homologis 
II. h. ! altioi ibus decomponendo : & adcomponendoj & 
55. I per conucrfionem rationis; & diuidendo; & cque- 
' multiplicando, &a?querubmulciplicando: &per- 
mutando ; & colligendo : & ex a?quali in propor- 
tione logarithmica ordinacarconiundiirque omni- 
fariam argumcntis huiufmodi, quocunquc ordi- 
nc, per homologiam, logarithmice proportiona- 
les fiunt. Quod &c. 
Quare&c. 



21. /;. 
ip. h. 

10. h. 
16. h. 
2S. h. 



Petrus 
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Pccrus Mengoliis, lo. Galcatio ManziO) iuucni 

ftudiofiflimo. S.D. 

Vinium hoc elementum , ^e?/^//, (5* 
ndturaltbus logartthmts , ctitufqiiL^ 
rationis infeparMiter proprus^ijuo^ 
ctirn commumcarem , nemtncm in 
weay autcuiufmamaltcrius Mathe- 
tnatictfcholafatisnoui dtfpofiiumyprAter te^ omntum 
bonarum artium ^ ^ in primis MathematicaruTru 
fiuJtoftfstmum . ^t hac profecio infignis fxltcttas^ 
in comparahili virttitt accefsit^ ^ mcritis Excellen- 
tifsimiprAceptoris ttu Cafstni: quod te , tum frecjucn - 
tem tn Mu^ao auditorem, tum in futs jdjironomicis^ 
^quaticis laborihus^omitem tndtuiduum ^ (^f^ 
Jertem naBus fuerit adiutorem . Itaqtie cum tua rru 
mihi confuetudinem^ rarius boc annOyquam ante con^- 
fueueras^ offerres *, mandaui , meum tui de/iderinm, 
ttbi fignificari : vt meorum etiam fludtorum particeps 
feres^(^ confultor .Gratiam Itberaltter fect/ii,quam 
wlebam : mcquc domi aliquottes conuentfit , huiu^ 

Cc fcc 
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fce opufchlipartem hanc fcriptitanicm . Et ex me, 
tum defmtioncsprAcedentium clementorum, 
tionesnominum ,(fpropriam cmufcjHc vtilitatcm^ 
clcmenti , necnon (juafdam nohiliorcs demonjiratio^ 
ncs audijiifparfm\ tum vel maximc numcrofam^ 
mcthodum : qua hypcrlogarithmorum , ^ hypologa- 
rithmorum 3 logarithmorum rationes mihiconttgtt 
tnuenirc . tuquc inuentifuhtilttatcm laudajli 3 quod 
mthi Deus Itbcralitcr trtbuit : atcjuc vttittatcm trigo^ 
nometricam^adfacilioremlogartthmici canonis con* 
firuffioncm^ optimc prmidtfit . £x laudc tua^ pluri^ 
mum profectjje me fateor: nam alacrior fadusy ^ cx 
tccum communicationc vegetior y multarum conclu'- 
fionum , quas prdnoui cutdentifstmts artthmettcts ar-^ 
tificijs y qui, mihi fupererant demonjiranda ^mcdia 
lcmmata reperire cspi^ longc faltctus . Libelluntj 
igttur hucufqtic non finc tuo admintcuio perfe^ 
clum , o^cro : vt fermones indemonjiratos , quos in- 
uicem habebamusyper te tpfum legendo pofsiscomple^ 
TC . y %le. mequcy laborcs mcos , tn prtmis Excel^ 
lentifsimo Cafstno^, deindc alijs tuis^ confcholanbus^ 
amicis > vt commendes , rogo^ 

GEO- 
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GEOMETRliE SPECIOSiE 

ELEMENTVM QVINTVM- 

T> EF ITIO ES. 

Iffcrcntia duarum quantitatum, quando pri- 
ma fupcrat fecundam , dicctur , ExcclTus 
primor&fccundx. 

Quando vcro prima fuperatur d fecunda,di- 
cctur, Dcfcdus primae,&fccund3e. 

3 . Similcs diftcrcntiic dicentur, cxccffus cxcc^Tibus , & 
dcfcclus defcdiibus . 

4. Diflimiles vcro, cxceffus defcdibus . 
j . Quatuor quantitatcs , dicentur, A rithmctice difpo- 

fit<ei cumprim^&fecund;c,terti*x& quarta: , fucrinc fi- 
inilcs , & xqualcs difTercntix . 

6. Inuerfio Ariihmetica, dicctur 3 cum quatuor quan- 
titatcsarithmetic^ difpofitx,prima & fccunda, tertia& 
quarta, rurfum difponentur arithmetice, fccunda &pri- 
<na,quarta&tcrtia. 

Cc 1 
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7. Pcrmutatio Arithmetica, dicctur: cum quatuor 
quantitatcsarithmetice difpofit^^prima &fecunda ,tcrtia 
& quarta , rurfiim difponentcr arithmetice, prima if< tcr • 
tia , fecunda & quarca . 

8. Sifucrintaliquot quantitates,atquc aHaftotidcm, 
& fiicrint prima & fccunda primarum,item prima & fecun- 
da fecundarum, dirpofit^ arithmetice ; lucrint quoque fe- 
cunda & tertia primarum , itcm fccunda & tertia fecunda- 
rum, arithmetice difpofit^j&fic deinccps vfqucadvlri- 
mas: diccntur prrmcC fimiliter elfe difpofitie arithmctice, 
atque fecundf . 

p. Quod fiprima & vltima primarum , itcm prima & 
vltimafecundarum,fuerint arithiiietice dilpofitse ; dicen- 
iur,itadifpofit2e,cx arqualitacc arichmctica . 

10. Tresquanticatcs,diccntur, arithmeticc ordinate; 
cum primse & fecunda?, fccund«e & tcrtia?, fimiles,& f quu- 
lcs fuerint difTerentia! . 

11. Pluresquantitates,dicentur, arithnietice ordina- 
tse^cum terna? dcinccpsfucrint arithmetici ordinatgiidclt, 
cum primar & Cccandx , fccund^e & tcrtix, lertia: & quar- 
ta?, & deinceps vfquc ad vltimam , fimiles , & arquales fiie- 
rintdiffjrcntise. 

1 2. Serics naturalis arithmctica, dicctur,- cuius ordi- 
natarum arithmcticc quantitatum prima , dimidu eftfc- 
cundx. 

1 3. Quatuor quantitatcs,diccntur, Harmonic^ difpo- 
fitce , cum diffcrcntia primx & fccund.e ; ad fimilcm diflfe- 

4 tcn- 
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rentiam tertiae & quartse , rationcm compofitam habucrit 
cx rationibus , primx ad tcrtiam , & fccundar ad quartam. 

1 4. Inucrfio H3rmonica,dicctur; cum quacuor quan- 
titatcs hormonicc difpofitar, prima& fecunda, tertiaS: 
quarta, rurfum difponentur harmonice , fccunda &pri- 
ma, quarta&tertia. 

I 5. Pcrmutaiio Harmonica, dicetur, cum quatuor 
quantitatcs harmonicc difpofitx, prima & fecunda,tcrtia 
&quarta, rurfum difponentur harmonice,prima& tcrtia, 
fecunda&quarta. 

1 6. Si fuerint aliquoc quantitates, atquc alice totidcm; 
&fucrinc pnma & fecunda primarum, item prima&fc- 
cunda fccundarum ,di/pofit2eharmonicej fucrintquoque 
fecunda&tertiaprimarum,item fecunda & tcrtia fecun- 
darum, difpofitf harmonice; & fic dcinceps vfque ad vltj- 
mas: dicentur primx fimiliter cfTcdifpoficajharmonic^, 
atque fccundx . 

17. Quodiiprima &v]tima primarum, iccm prima^ 
& vltima fccundarum, fucrint harmonice difpofitgjdicen- 
tur , ita difpofitre, ex a?qualitate harmonica. 

1 8. Tresquantitates , dicentur , harmonice ordinatf^ 
cum prima2&fecunda!difFcrentia,ad fimilemdifterentiam 
fecunda* & tcrtise, fuerit ficut prima , quantitas ad tertiam. 

1 9. Plurcs quantitates diccntur harmonicc ordinat^, 
cum terna^ dcinccps fucrint harmonicc ordinatae: ideft 
cum pnmx&fecundxdiflfcrcntia, ad fimilemdiffcrcntian 

fccunda£&ccici«e^tuericvcprima ad tertiam ; diffcrentico 

' - ■ quo^ 
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quoque fecundac&tcrti3e,adfimilcm diffcrcntiam tcrtia! 
&i quartse, fucric ficuc fccunda ad quarcam i 8i(\c dcinceps 
vfquc ad vltimam « 

20. Series naturalis harmonica,dicetur, cuiu5 ordi- 
natarum harmonice quantitatum prima,dupla eft fecand;: 

a I. Sia rationah", feries harmonica naturalis fucrit or- 
dinaca;&aquotoquouis ordinatorum tcrminorum quot- 
cunque fucrint deincepsafTumpti , & aggregati ; fumma^, 
dicetur, Prologariihmus . 

22. Porro prologarithmus , dicetur Hypcrlogari- 
thmusearum rationum , quas hatx:nt inuicem , primus af- 
fumptus terminus, & proximuf vltcriorvldmo ,nonaf 
fumptus. 

2$. Ec earum rationum HypoIogarichmus,dicetur, 
quas habent inuiccm, vltimus anhmptus terminus, &pro- 
ximusprior primo , non affumpcus • 

24. Quancicasomniminor hypcrlogarichmo carum- 
dcmracionum,&omni maior hypologarichmo , carum- 
dem Logarichmus, dicetur . 

2 5 . Ex totcnis dcinccps Prologarithmorum ferics,di- 
cctur:inqua,cx prionbus,dicetur, Primus; cx totidcm 
immcdiatefequcntibus,Sccundus;cxalijs deinceps toti- 
dem, Tertius Prologarithmus j & fic deinccps rcliqui . Vt 
proIogarithmorum,ex ternis a fecundo, dicetur , Primus, 
qui cx iecundo, tercio , & quarco fic collciS-is j Sccundus, 
qui cx quinto, fcxto, & feptimo ; Tcrtius , qui cx o^^lauo, 
«ono, & dccimo 3 &ita dcinccps. 

t6. Si 
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2 6. Si duo prologarichmi , ex in;equalibus mulcitudi- 
ne tcrmimscolle^fli fuerint; &cuiusmaior eftmultitudo 
tcrminorum, eiustcrminifinguli, peraltcram multitudi- 
nem fuerint arqualitcr diuifi : fiquidcm hOiz parces ordi- 
natim fumptxmaiorum primum terminorum, dcinde mi- 
norum, & collcctse totenar, quota cft fua maior multitudo 
cerminorum, maiores fuerinc fingulis terminis alterius 
prologarith Jii : maiorprofedo prologarithmus eric,ex 
maioribus partibus \ & dicctur , Perfpecle maior . 

ay. Si vcro fadifi parccs cotenae , minores fuerint fin- 
gulis : crii profcao minor prologarithmus , cx minoribus 
parcibus ; & dicetur Perfpcsfle minor. 

28. Si quatuor proportionalium, rationalis fuerit pri- 
ma;quarta,dicetur,Produi^us fecunda* & tertix.Etfi- 
gnificabitur chara6tcre, ex vtrifque fccunda:, ac tcrricC 
chara^acribus deincepsconfcriptis compofito . vtpote ad 
quam , rationalis habet rationem compofitam cx ratio- 
nibusadtcrtiam,&ad fccundam. Excmpli gratiam. »ad 
^ eft vc ^ ad . Itcm. 1« ad 4^, eft vt r ad ahc. 

1 9* Si vero quatuor proportionalium, rarionalis fuc- 
rit lccunda : quarta , dicetur, Fraclio. & fignificabitur 
charaderc tcrtise , ante chauacrem prima: fcripto , & 
patrenthefesclaufo. Exempligracia ^ ad « eft vr ^ ad 
y (4). Iccm. ah ad M eft vt c ad c (^). Ec c ad uy cft 
vc 4i ad ah (c). 

3 Tertiaautcm , dicctur^Numerator frailionis: cu- 
ius chara^cr, fcribctur lupra lincolam . vt in chara.l. ic 

fra- 
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fraaionis, l? (a)y numcrator eft 

3 1. Et prima, dicetur, Denominator fradionis; cuius 
charaaer,fcnbetur infra lincolam.vt in charadcrc frav2io- 
nis b (a)f denominator eft a. 

52. Numerofaratiodicctur, cui eandcm habct nu- 
mcrusadnumerum. 

S S • Non numcrofa ratio dicctur , cui nulla nuraerofa 
eft eadcm . 

34. Non numcrofie rationis logarithmus, djcerur, 
quantitas,minoromnilogarithmo altions numeroffera- 
tionis, Sc raaior omni logarithmo depreflioris . 
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Thcorema priwa Propoftio priwa . 

SI trium injcqualium quantitarum, minima, non cft mi- 
nor, quam fccunda potcftas diflfercntif extremarum: 
ipfa differcntiacxtrcmarum^minor cft, ad rationalcnu^ 
quam v t minima , ad dcfcftum minim;t, & media? . 

ffypoth. 

Suntotrcsinaxjoalesquantitarcs tf, a^t^ <i-vi-^ c:5i 
cfto a, nonminor,quam ^iH-afc-fri. 
Dico h-^Cy^u: minoremeflc, quira a; k 

DemonjL 

hyfoth. ^i-+2tf-i.c2 : nonmaior, quim 4. 
S.5. hi-^ih-^cx^ i-K^; non maior,quam a^ k-^c. 

i|. y. iHrCy u: non maior, quam 4,- i-fc 
8. 5. ai h^r. minor, quam a^ 

«5-5. I^^> minor,quam 4j L Quod&c. 
Quare&c 



Thm.z.Prop.i. 

CVm trium in«qualium numerorum , minimus, non^ 
eft minor,quam fecundapoteftasdifFcrcncif extrc- 
morum;fidcfc(ausmedij& maximi denominetur d mini- 
mo;dcfcclus vero minimi & mcdi j auflus vnitate dcnomi- 
netur a maximo: fiunt du^ Fraiaioncs; quarum fumnia-,, 
minor cft , quam djfierentia extremorum , vnitate auita^, 
denominacadmcdio. 



Dd fdy^ 
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Hyfoth. 

Sunto tres inc^qiiales numeri A-^by 4-4-^-^ a & cilo 
^ non minor>quain hi-^ibc-^-cz . 
^ Dicor {a)^-Kb-^u {ar-^b^c)i minorcm eflTe, quam ^^-fc 

'Demonjlr. 
; />. fe» minorcrt,quam 4; 

3. • /'H-c-fi^3 u: mjnor,quaOT Ar^b', k 
j.j. I b-^c-^ui f''^^ maior,quam 4-+*; 4. 

Itaque /pcr 19.7. produdus b-^c^ pcr 4-+^: minor 
cft quam produvlus b-^c-^Uy pcr^ii/ '^-^ 

Additoquecomrauniproduclo 4, pcr a-^k produ- 
(Xm b-^c-^a^ pcr a-hbi minor, quam funiraaproduviio- 
rum b-i-c-i-uy pcr 4; 4~t^, per 4. 

Et communitcr multiplicandoper r. produc^us ^H-r 
-4^4, per 4-H^^ pcr c minor, qudm fumraa proda^ao- 
rum b-i^c-^uy pcr 4, pcr r, & a-t-b^ pcr 4, pcr r. 

Additcque communi produ5o 4, pcr ^w, per 4-i4. 
fumma produv3:orum b-^c-tay per 4^4, pcr r 5 & 4, 
pcr pcr 4-i-i: minor, quam produvaus 4, pcr4 
H-^-^f, per iM-c-+«, 

Etcommunitcrdiuidendo,per^> pcr 4->^-h-, per 4 
-i-i. c {a^y^b-iu (4-fi-ff): minor,quim b-tc-^u 
Quod &:c. 

Quare &c. 
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Theor. 3 . Prap. 3 . 

Sl triiim ina:qualium numcrorum , dcfeclus medi j ic 
maximi, au^us vnitatc , dcnominetur a minimo 5 de- 
kStas vcro minimi & medij denoniinetur a maxirno : fiuat 
duar fradboncSj quarum fumma eft maior , quam difFcrcn, 
tia extreaiorum,vnitate auLta,denominatad medio. 

Hypotk 

Sunto trcs ina:qualc5 numcri, 4, 4-+^, a-^-k-^c. 
Dico (a-vb-^c): maiorera cfle, quani i 

Dcmonjlr. 

Produdus c-i-w, per 4-fA-+c, pcr i: maior eft pro- 
duuio pcr c, per - 

Additoquc communi produdo 4, pcr Z', per a-^k 
fumma produciorum c-<-m, per 4-^i-fc, pcr ^5 & a, 
pcr ^^, per 4-^^. maior cft,quamproduclus 4, pcr 
per a-^h-^c. 

Addrtoquccommuniproducto r-+«, per 4-+A-*-c, 
pcr a. fummaproduLlorum c-^tty pcr a-^b-^Cy pcr 4 
M-t^ & 4, pcr /^, pcr 4-+fc maior cft quam productus 
4, pcr h-^c-^Uy pcr a-fh-rc. 

£tcommunitcrdiuidendo,pcr 4, pcr a-^h-^c^ per 
4-*-/>. c-+<# (4)-*-/^ (4-ftH.c): maiorcft,quam i^-vcH-w 
{a-^h). Qyod&c, 

Quare&c 



Q 
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Theor. 4. Prop. 4. 
Vatuor tcrmini arithoietice di(po(ici , pcraiucan 
funt arithmetice di/pofiti • 

fJypoth^ 

Quatuor tcrmini ^> r, ch-^, funt arithixictjcc 
difpofiti . 

Dico pcrmutando 4^^, c-fi elTc arithmeticect 

Ipofitos, Demonjk. 

I Siquidcm 4, maior cft, qu^m tantumdoii 
dtf.^.h. j 4«+^, maiorcft,quam c-^k fi minor, minon £n 

' go 4, f, a-i^hy^ funt arithmcticc diipoCn^ 

|Quod8cc. Quarc&c. 



ThetJT. 5. iVo^. 5. 

SI fiierintaIiquocquancitaces,invnafcrie,fifnihccr ari- 
thmcticcdifpofita?,atquc totidem, in altcra: eruntcr 
ccqu jliratc arithmctica, prima & vlrima, in vna fjric , iccax 
prima & vlcima, in altera, difpofitx arithmccic^ . 

Hypoth. 

Sint 4, h fimiliter difpofitx arithmcticc , atqut/ 
alia? totidcm e^ f. ' 

Drco ex f quaIitatearichmetica,e(Te difpoficas arithine- 
ticc, cy dy f. 

Demonftr. 

dcfS.h. Suntenim 4, l?y dy arithmcticedifpofirc: 
^h. crgo pcrmutando a, ^> ^> ^> func arichmcricc 
<^<.y./?. difpofitg: crgodiffcrentia 4, diftcrentig r, 

fimilis 
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I (imilisef^, & a?qualis. Similitcr oftendetur diffc- 
rentia Cy differentia: f, fy fimilis, & arqualis: 
crgod^fferentia ^ dy differentia:, c, fy fimilis 
rfe/l^i^. cft, 6£ xqu jlis crgo 4, rf, c , ^ funtaritlimeti* 
4. /!r. Jifpofit jc; crgo pcrmutando, <i, c, d/, ^ funt 
arithmctic^ difpofitae. Quod&c. 
Quarc &c. 



Thcor. 6. Prof. 6. 

ARithmcticedifpofitarum fqucmultiplices, funtari- 
thmctic^ difpofitar. 

ffypoth. V 
Sint arithmctice difpofita? 4, a^hy c, c-hb. quorum 
arquemuliipliccs 54, s^-^i^y 3h S^-^S^- 

Dico i^-^^b, scy ic-^jty elle difpofitas ari» 
thmeticc • 

Demenjlr. 



Diffcrcntla 3<<+3^, aJ diffcrcntiam <f, 
, a?qucmultiplexcft, atque 3^1 aJ <i; feJ 34 
rp. y. ' aJ <i, afqiicmuliiplcx cft , atque aJ r: & 

ad r, xqucmultiplcx; atque 3ch-3/> aJ f-f£: cr- 
go differcnria 3^, sa-^^k^ ad diffcrcntiam ^ 
^H-i, arqucmultiplcx eft, atquc differcntia 3f, 3c 
-^■3^ addifferenriam c, f-»i. Sed differentia ^ 
a-^lf, asqualis eft differcnti^e r, cH-i: crgo diffe- 
rcntia 34, 3^3^> a?qualiscft differcntiar 50 3 r 



Rur- ^ 
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Ruriiim JifFcrentia 30^ fimlliscft dif- 

fcicmije/i, a-ik: &diflfcrentia a-^h fimilis dif- 
fcrciuix cy c-^b: &c diftcrentia f, r-+A fimilis dif- 
ferentix sc, ^fr* 3/»: Ergo diftercniia 3^ 
j -+3^», fimiliscft,&:cqualisdiffcrentif ^fj ic-^^i^- 
def.s.h. Ergo 3^, 3^^3^> 3^-*-3^>funJ^arithmcticc 
difpolita? . Quod &c, 
Quare&c 



1 14 

17. 7. 

-1. 



Theor.j.Prop.j. 

IN fcrie arithmctica naturali,aliquotcniabvno,&ali- 
quotcni ab altcro, per numerbs altcrutrorum mukitu- 
dinis terminorum multiplicati ; ficuc primi prodiicli, firai- 
litcr fccundijfunt arithmeticc difpofiti: item tertij,c< quar- 
ii,&ficdeincx)ps. 

Hyfoth. 



4-^3, a-^^y 



ty b-^ly h-*r2y /^-+3. ^-v4,i'-*-J,^-^-6'> ^-+7. 

4<f, 4<«^4> 4^-*-8« 4^-«-i2, 44-*-!^, 44-^20. 

i^>3^-^5> S^^^^j 3^-^^9. ^/'-«-li,^/'^-! j,3^-i-i8,3/'-+2i, 
-1- Sintinferiearithmetica naturali duoterraini, 4, &: 
iinc ab tcrni^&tcrnorumprimi a, a-^iy 4-+ 2; fecun- 
di^-*.3,r4-4,<«-+j:&c a t, fmt quatcrnis & quatcrnorum 
.primi^,^-*fl3t-+2, ^-+3; fecundi, i'-»-4,fc-+j>i-^<^>^r*'7- 
Quoniam in fcric arirhmctica naturaii proximorum-» 
diflcrcnti^ , funt vnitatcs ; ergoalternorura >func binarij; 

tcrtiorrm,ternarij; quartcrum, quaternarijj&ficdein- 

ceps. 
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ccps. Suntautcmprimu$pri:iioru:nextcmi5, 8ipri;nus 
fccundorum,ab inuiccm tcrtij; &: primus primorum cx 
quaternis,&prirausfccuRdprura,ab inuiccavquarri:cr- 
go diffcrcntia 4, ^r--^, cft tcrnarrus 35 &d)ffercnti3 
b^+^y &quatcrnariuS4. Multipliccntur itaquctcrni,pcr 
4: &quatcrni, per^: Sifiantmultiplicesccrnii&quacer- 
ni primi; item tcrni, & quaterni fcamdi • 1: i ^-4;:. 

Dicomultipliccs primorum 44-*-8, 44-4-4, 4^, 3^> 
ih^Sy 3*-^<^j ji-fp, cflbfimilitcrarithmericedifpofi- 
tos, atquc fecundorum, 4<j-+2o, ^a-^iS^ ^A-^iiyik 
^ix, 3^-^15, 3t-+i8, 34-^-21. 

Demonftr. 

Tcrmini ^-4- 2, ^ ftnt dcinceps in^ 



hypotb» 



6.h. 

5. $• 

j 



fcric anchmctica naturali, inqua funteriamcer- 

mini 4-4.5, ^-^4» ^^§^ f^-^^ ^"^'^ 

funt fimiliter arithmerice ordinati,atquc 4-f 5, 



4> 



8, 



14. 7. 



3: &eorumajquemultipliccs 44 
44-4.4, 4^1, atquc 44-4-10, 44-4.15,44-4-12. 

Dcfcdus fimplicium 4, 4-4.3, cft tcmarius; 
crgo carumdcmquadruplicium dcfectus 44, 4^ 
-4-12, cftproduOus 3j p^*' 4- itcni dcfedus 
l.fimplicium 4, «eft quatcrnarius : crgo ea- 

I rumdem triplicium defcdus 3^-4-12, cft 
jproduaus 4 per 3. Scdpfodu:^us 3 per 4, 
1 cftarqualisprodu^o pcr 3. ergo dcfcaus 44, 
5 4^1-4.12, ajqualiscft-dcfcctLy ^t,;^^-* 1 2* Er- 
' 12, ^h, 3^-4-12, fuiU arith.ncu- 

ce 



1 



go 44, 44 
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i-fj. i-^-^ji-*. 5,^-^.5, 
44, 44-4-4, 44-4.8« 44-4-12, 44-4-15, 44-^20. 

4J^. I cc difpofiti . Ergo permutando 44, 3^,4^1-+ ii^ 
5. fc. 3i-4-i2,funtarithmcricedi/pofici. Ergocxpn»- 
def,^.h. litatc arichmecica, 44^ 8, 44-4.4,44,5^^ /untfi- 
militerarithmcticedifpofiti,atquc 4^-^20, 44 
^l6y 44-4^12, 3i-*.i2. 

Oftcndetur autcm fimiliter vt fupra , quod j 
3i-»-3, jh-^^y i^-^Q, funt fimiliccr arithmeti- 
c^diffofiti, atquc 3^-4-12, ji-+i5> ji-+i8, 
3^-4-21. Ergo ex fqualitate arithmcrica 44^8, 
44-4-4,44, 3/», 3^-4-3, ib^6f 3^-»-P, fiintt 



5. 

def.t.h. 



20, 



4^ 

18, jt 



militer arithmerice difpofiri , atque 44 
-^i<;, 44-».i2, 3^-^12, ib-^ij, 3I7 
-^21. Quod &c. 
Quareprimitcrniab 4, & quaterni a funt fimilitcr 
ariihmericedifpofiti,atqucfecundi. Eteadcm demon- 
ftrat,oncoftendcmu$,tumfecundos, tumprimos, cflcC- 
militer arithmcrice difpofitos,atquc tertios, & atque quar- 
tos,3ificdeinceps. 



p 



Theor. 8. Prop. 8. 

Rodu^i, compolitam habent rationcm produccn- 
twnu. 
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Hypoth. 

Efto quantitatum produ^us at?i & quancicatum 
c> d, produAus ri. 

T>emonJlr. 
defxSh j <fi; ^; <#. 

f. I /f^,- f^- 4; c,-t-i3 Quod &C 

Quare&c. 



Theor. p. Pr^^. 9. 

PRo Juc^i communein habentes producentcm, funt vt 
produccntcs non communcs. 

fJypoth. 

Efto quantiratum 4, produ^^us ^4^; &quantitatum 
ii, r, produdus 4f. 
Dico 4/^5 ac: 

Demonpr. 









5 f- Quod&c. 


C^uarc &c. 




T/?f(?r. 1 0. Propof 10. 



F 



Raiaiones cumdem habentcs denominatorcm , funt 
intcr fe, vt numeratorcs . 



V. * E c 
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, Frailionum communis denominator cfto ai funto nu* 
mcratorcs c 

Dico h (a)'^ c (a): r. 

Demmfir. 

def.i^h j 4; w: i (4). 

a. p. 1 1 (a)y c (a): ^; r. Quod &C. 
Quare &c. 



1 

Q 



T/^^^tt. I l.Prop. II. 

Vatuor proportionalium quarca cft fradio » in quau 
numcrator cft produiSus fccund.T & tertise , dcnc)- 
fjn. minatorcftprima. 

Hypoth. 

Suntoproportionalesprima <i> fecunda tcrcia c. 
Dico ^3 h: c^ ch 

Demorj/Ir. 

ief.i9^) j 43 «: c; c (a). 

defiSh j h: ch 

10. f^. I f; f^; f (^); fi (a). 
,11.5. «; ^: f (a)^ ch (a), 

p.f. 1^3 h: f; f/i (4). Quod &c. Quarc&c. 




F 



Radioncs,quarum nu ncracores Jtquales, redproci 
func,vcdcnoauaatgres. /^- 
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Hypoih. 

Efto fradionum numerator communis a: & funto dc- 
nominatores f. 

Dico c: a (c)^ a (f?). 

Demonjir. — 
ief.i^h I hi u\ a; a (h). 

def.zc^h j Cy tK a-y a (c). \ 

].u^c:a (f); a. 
p. p, c: a (f)3 a (h). Quod&c 
Quarc&c. 



Theor. i j. Prop. I 3. 

DVorum produLlorum,quoxum producentcs partim 
communes, partim funt non communes,primo al- 
tcrum dcnominantc, fit eadcm fra^flio 5 qUcX, non commu- 
nium producentium , primo alterum denominantc . 

Hypoth. 

Suntoproduvfli ahcy dhc: quorum communis pro- 
ducens, h c^ noncommuncs, 4, d. Et dcnominanto 
ah Cy numeratorem dh ci necnondenominantc <i, nu- 
meratorem hy fiaot fradiones dhc (ahc)y d (a). 

Dico dhc (ahc): d (a). 

Demonjhr. 

defi^hjahc; u: dhci dhc (ahc). 

%.p. iahcy dbc: u'y dhc (ahc), 

9. la^ d: ahc^ dhc. 
11. y. [ d: dhc (ahc). 

£e 2 a^ u: 
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ilef,z^h j u: d', d (a). 

5?. 5« l^hc (abc): d (a). QiJod&c. 
Quare &c. 



Theor, 1 5. Prop. i 

FRadliones, quarum numeratorcs 2cquaIes,&dcnoraf- 
nacores arithmetice difpofiti , funt harmonicc di- 

Hyfoth. 

Efto quatuor fraclionum numcrator conimunls 5< 
funtodcnominatorcs arithmcriced fpoliti dy e. 

Dico 4 (A)^ 4 (r), ^ (^/), 4 {e) cfle hatmonic& 
difpoficas . 

Demonjlr, 

ix.h. Si diffcrentia hy c, eft defcdtus; crgo rcci- 
proce differentia a (^), a (c)y eft exccflus: 5i 
cft dificrentia ^i, r, dclcaus:& reciprocedif- 
ferentia 4 (^/), a (e) cftexcefliis. Quodfidif. 
fercntia r, cft exccfliTsrctiamdiftcreniia 
Cy cftcxceflusr&differentia a (h)y a (r), rcci- 
procceft defcdus: nccnon diffcrentia a (d)y a 
(e)y eftdefeftus. Quarefasflionum a (h)y a (c)y 
& a (d)y a (e)y fimiles funt diffcrcntise . Efto 
diffcrcntia hy Cy dcfccius. Ergo diffcrentia^ 
^ (^) j ^ (0 cxccflus; itcm diflereutia a (d)y a (e). 



Ijypctk, 



pro- 
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I produccndo pcr adcf S ahc . 
k \acde — ahdc^ ahce-^ahcd: adcy ahc: dc^ hc. 
denominandocomaiunitcrper hcde. 
'i- a {h)"-a (0; a {d)~a (e): de\ hc. 
des hc: d; hy-^e; c. 
d'y h: a (h); a (d). 
!»• e-y c. a (f)5 a {e). 

dey hc: a (h)-, a (d^yi-a (c); a (e). 
a (h)-a (c)'y a (d)^^a (e): a (hy^ a (d)y 

-+4 (r); a (e). 
a (h)y a (c)y a (d), a (e) funt harmonice di- 

fpofitse . Quod &c. 
Similiter oftcndctur, fidiffercntia h, Cy eftcx* 
cedus • 
Quare &c. 



p. p. 

def.\i.h ( 



Theor.i^. Prop. i j. 

FRa(Sioncs,quarum numeratorcsa^quales, &denomi- 
natores. arithmctice ordinati^ funt harmonicos or- 
Uinatx. 

Hypoth. 

: Eftofraclionum numeratorcommunis 4: &funtodc- 
nominatorcsarithmeticeordinati, hy Cy dy e. 

Dico a (hjy a (c), a (d)y a (c) elfe harmonice or- 
dinatas. 

T)emonflr. 

kypctb. 1 hy cydy funt arichmctice ordinati» 

h. c. . 



222 E L E M E N T Y M 

def,^Jj. b yCy Cy dj funtarithmcoc&difpofiti. 
i4>. 4 {b\ s (c), 4 (r), a (i)^ fiMKharmoniccdi- 
fpofttx. 

. Diftcrcntia a (i), 4 (c), aJ fimilem difie- 
i/f/.n/;! rcntiam 4 (c), 4 (^), rationem habet compo- 
</f/.5.<^^ fitamexrationibus, a (h) ad 4 (c), & 4 (r) 
* " ad 4 (^: ideft camdcm, quam hobct a (h) if 

4 ( A 

itf/.i8^ 4 (Z'), 4 (f), 4 funt harmonice ordinataL 
jup. a (c), 4 (if), 4 (f), funt harmonice ordinatf . 
dcf.if^h a (i), 4 (f), 4 (<i), 4 (^), funt harm OQiccor- 
I dinata!. Quod&c 
Quarc&c. 



Theor. 1 5. Pr^?/?. I (T. 

Slaliquot fravSioncs, alixquc totidcm , communcnb 
habentes nuraeratorcm, dcnoininatorcs habucrim t 
niilitcr ariihmeticc difpofitos, erunt & ipfx fimilitcr luh 
monicedifpofit^, 

Hypoth. 

Sunto trcs fradioncs, akxque trcs, quarum commu- 
nisnumcrator a: fint autcm denominatorcs c, d^fi- 
militcr arithmeticed]rpofiii,atquc denominatorcs r, 

Dico 4 (i), 4 (f), 4 (^), fimiLcer harmoniccdh 
fpofitasc(rc,arquc a (^), 4 (/), 4 (f). 

TDemcnjir. 

hypcth. I r, funt fimihter arithmctice di/po/iri,ai- 



22J 



Q V I N T V M. 
def.s.h. hy Cf f, funt arithmctice difpofiti. 

c, d, fy £j funt arithmeticedifpofiti. 
14. a (J?)y a (c\.a U)^ a (/), funt harmonice di- 
fpofitar^ 

a (0> d (d)y a (/), a (j), funtharmonicedi- 
fpofitae . 

def.i6h a (h)y a (c), a (<^), funtfimiliter harmonice di- 
] fpofitse, atque a (^), a (/), a (j). Quod&c. 
Quarc &c. 



Theor. ij.Prop. 17. 

IN fcricarithmetica,nonmaior,quam dimidius termi- 
ni proximi, non eft mcdius . 

Hypoth. 

Suntoinfericarithraetica, trestermini 4, c. 
Dico hy maioremefle,qudmdimidium, ad c. 

Demonjir. 

Efto hy nonmaior,quamdimidiusad Cy fipo- 
teft; eritquc hy fquaIis,veIminor,quimdimi- 
dius ad c: ericqucdifferentia hy r, defe^lus: cuius 
fimihs differcntia erit defedus. 
hy c: nonmaior,quaradimidius. 
2^: non maior,quam f. - v 

j hi non maior, quam c — h. 
dcf ,10 Jy. c~hi h-^-a. 

b: non maior, quam h — a. 
h-^a: non maior,quam h. quod cft abfurdum. 

h noa 



dcf 10. 

hypoth. 
Jj?. 7. 
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I h non eft diniidius ad c. Quod Scc. 
Quarc &c. 



1 



Theor. iS.Prop. i8# 

N fcrie harmonica, ccrminusnon minor, quam duplus 
tcrminiproximi,noncft medius . 

Hypoth. 

Sunroinferieharmonicatrestermini 4, c. 
Dico minorem effe^qjamduplum, ad c. 

Demonflr. 

I Efto non minor, quim duplus ad f, C\ po- 
rf<r/.i8./; teft • eritque diftcrcntia c, cxceffus: itcm dif- 

fercntia ^> eritcxceffus. 
</p/.;8.fc ^ — i>j h — r. a*^ c. 
hypoth. hy c: nonminor, quimduplus. 
ic;. 7. non minor, quam 2c. 

h — f : non mmor , quam c . 
a — h: non minor, quam a. Quod eft abfurdunu 
hy minor elt, quam duplus ad c. Quod &c. 
Quarc&c. 



14.5 



QV3c!ibctquanritas,&omncs eius mulriplices ordi- 
nata: , lunt in feric arithmetica naturali. 

Hypoth. 

Efto quantltas r^, cuius multiplices ordinatac 2f/, 

J^4y & r. -.J 



Dico 
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Dico uy 2«, 3«, 4«*> & c. cfle in feric arithmeciaL. 
naturali. 

Omncs differentia; I», 2«, & 2w, & jw, 
4«, &rcliqua^,func fimiles,& xqualcs ipfiratio- 
def.ii.h nali u: & eft n ad xu dimidia. Ergo 2//, jw, 
1 4«, & funt in fcric arithmetica naturali. 
I Quod 8CC. 
QuarcSic .u^ ^--tf) 



Theor. 20. /'r^?^. 20. 

QVaelibct quantitas , & omnes eius fubmultipiices or- 
dinatic, funt in ferie harmonica naturali . 

Hypoth. 

Efto quantitas cuius fubmultipliccs u (i)yu (3), 
u (4), &c. 

^ Dico u, 14 (2), u (3), u (4), &c. cfrcinferic harmo- 
nica naturali. 

» Demonjl. 



19» h. 


u, : 


15. h. 




. hypoth. 




def.ioh 









monica. 



monica naturali . Quod Scc. 



Ff 



Th 
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Theor. 2i.Prop,2i. 

IN duabus feriebus arithmeticis naturalibus, termini 
funt faiiilitcr proportionaIcs,in proportione ordinaca. 

Hypo^. 

Sintdua?fcricsarithrrietica?naturales:viia 2<f, 54, 
4<i, &c. altera ity 3^, 4^, &c. 

Dico Sy %dy soy 4ay cfle fimiliter proportionalcs at* 
que by ihy sby inproportioneordinata . 

Demonjir. 

def.wh. \ Defecius deinceps 4, la^ 34, 4/1, fijntaequa- 
lcsinter fe, &ipfi primo tcrmino a. item dcle- 
aus deinceps /'^ a^ 3^> 4^ funt fquales iiitcrlc> 

& ipfi y. 
def.\i.h 4^ y^ ly. 

I xa; sar li^ 3^ ^** 
3^. p- 3^5 44; 3^>3 4^.. 

icfjS.^ I 2<ii, 3<i, 44, funt finiilicer proportionalc^ 
! atque 2t, 3^, 4^, in proporribnc ordi- 
I nata. Quod&c. ^ • 
Quare Ssc. '» «^^^ <l 

Tfcf^r. 22. Prop. 22. 

IN duabus feriebus harmonicis hatuf;<libus,termff>i {bnc 
fimilicer proportionalcs , in proporcioiie ofdinata 

Bypoth,. 

Sintdua? rcricsharmonicxnaturaIcs: vna> d, a-(i)y a 
Ki)> ^ (4>altcra^, Ki)?K3)>^ (4>. ' ' 

Dica 
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Dico 4, a (2), a (3), a (4), elTc fimiliter pro- 
portionales,atque l^, h (2), h (3), ^ (4), inproportione 
ordinata* 

Demonjlr^ 
a^ a (2): hj y (2). 

4,-4 (2); a (2): /^, — (2)5 i (2). ^ .7 

Efto,fipote(l, 4 (2)3 4 (3): maior, quanu 

4 (2)5 4 (2) — 4 (5): rajnor,quam i (2)3 (2) 

— 4(2); 4(2) — 4(3): minorquim — K^)> 

— ^ (2)5 4(2)~-4(3): 4j 4.(3). 

i,-K2)5KO-^{S):i5^C3). 
4j 4 (3); minor, quim (3). 

4 (2)5 4; ^ (2)j ^ 

4(2)5 4 (3); minor,quam ^(2)5 ^(3). comra^ 

fuppofitum . 

^(^)5^(3>KO> ^5)- 

^ (3); ^(4): K3)>^ (4)- 
4, 4 (2), 4 (3), 4 (4) fuat fimiliter proportio- 

nales^ atque 1? (2), h h (4) inpiopor- 

tione ordinata . QtK)d &c. Quarc&c. 



4- 3' 

de/.iSb 
def.iU 

defioh 
P-3' 



jup. 



D 



Prop.ll, 

Varum fcricrum naturalium arithmetlcf, &:harmo* 
nice,intcr ;):qucordinatos tcrminos, mcJ^j pro- 
il^i Ff 2 por- 
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porcionales funt (cqualcs . ' : c 

Sintduisfericsnaturales: vnaarithnetica, ab a; alcc- 
ra harmonica, a L &fint quartitenninij inarichnccica, 
4^ inharmonica, ^ (4). fit autem inter a, media pro- 
portionalis c. 

Dico cy mcdiaa3proportionalcmc/rc,inter4^,Sc^(4). 

TDemonJhr. 

I Quoniam 44, ^ (4)> ^untquarti tcfaiini,i£L 
ip. /7. j fuis fcriebus : 44 ad cftquadruplus: SA b (4) ad 
h fubquadruplus • 



10. h. 



hypoth. 



p. p. 

Quare &c. 



4^> a: h b (4). 
^3 ^ 

4<l5 f; q ^ (4). Quod 5cc. 



Their.^j^,Prop.2^. 

IN fcric arichmecica duo cermini, cum a^qucordinatis in 
harmonica , funt reciproce proportionalc^ • 

Hypoth. 

Sint in fcriearichmeticaduo termini 3^ 44; Siin har- 
monica duo a^qucordinati b (j), b (4). 
Dico 543 44: ^ (4); ^ (3). 

A/rumarurinterxqucordinaco5 34, -Sc^^^), medius 
proportionaiis c. , 



confir. 



2. p. 



P' P 
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Demonflr, 

S^y c: Cy y (3). 
c t (4). 

c'y 4^: ^ (4)5 

44; ^ (4)j h Cs). Quod&c. 
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Quare &c. 



10. 9. 



SEries naturales, arithiTietica,8c harmonica, plures rer? 
minos habcnt, quam quot quifquc dixcric , & cuiufq^ 
numerofas rationis . 

Demonfhr. 

" Namnumeri plurcsfunt,quam quotquifqu 
dixerit, fecundum quos acccpti mulciplices ad 
primum terminum in feric arithmctica , &: ful> 
multiplices ad primuminharmonica,funtp!urcs 
termini, quam quotquifquedixerit. 

Quod fi multipliccs accepti fuerint , fecundum 
numeros numcrofar rationis:erunt inarithmcti- 
ca ferie tcrmini, camdcm numerofam habentes 
rarioncm . itcm fi accepti fucrint fubmulciplices: 
crunt ift harmonica , termini , eamdcm rcciproce 
numerofam habentcs rationcm . 

Dcinde numeri bini , eamdem numcrofam ha- 
bcntes rationem, minimi omnium, 3c mimmorum 
xquemukiplices numcri,fccundijm plurcs, quam 
quot quifquc dixcrit numeros, poffuac accipi : fe- 

" " cuu- 



14. h. 



ao. 9.\ 
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fup. \ cunJum quos acceptos binos numcros, termini 
niultiplices in arithmetica, & fubmultiplices in^ 
liarmonica , poflfunt accipi bini plures,quatn quot 
quifque dixerit , camdcra nuinerofam habentes 
rationcm-r. 
Quare&c. 



Thcor. 2 6.Prop. 25. 

INferie arithmctica naturali ab vnitatc^ termini fur!r> 
vnitas^&omnesnumeriordinatim accepti, 

Dernonjh'. 

I Nam in feric arithmetica naturali abvnitatc, 
ip. h. omnes termini funt, ipfa vnitas, &omnesmul- 
tiplicesadvnitatem, ordinatim accepti : fed nu- 
mcri funt mulriplices ad vnitatemjSc eorum ordO| 
eft idcm mulciplicium. Quod &c. 
Quarc&c. 



Theor. 2 7. Prop, 2 7. 

1N fcric harmonica nnturali a rationali>tcrmini funt, ipfa 
rationalis,&fraNaioncs, pro communi numeratorc», 
habentes raiionalem , & pro denominatoiibus , habenies 
ordinatmi cmncsnumercs . 

Dcmcriftr, 

\ Nam in ferie harmonica naturali ^/ationali, 
20. h, tcimini funt,iplarationalis,& cmncs cius fub- 
dcf.i^h I n)ultiplices ordinatim accepti. Scd fraLlioncs, 
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in quibus ipfa rationalis cft numcrator communis , & oiu- 
ncs numcrifuntdenominatorcs, ipHEfunt fubmultiplices 
ad rationalem; Si earum ordo, cft idcm ordo numcrorum, 
per quosipfsefubmultipliccsordinamur. Ergo&c, 
C^jare &c. 



Theor. 28. Prop. 28 . 

SI fuerint dux feries totidcm tcrminorum ; & inter pri- 
mos, idcmfucritmcdiusproportionalis, qui inter fc- 
cundos , inter tcrtios, & deinceps inter a^queordinatos: fi- 
quideminprimaferie,fiintquatuor arithmetice difpofiti; 
in fccunda fcrie, funt quatuor harmonicc difpofiti. 

H^poth. 

SintJnprimaferie,quatuor arithmcticeordinati, 4, a 
Cy c-vhi fitmcdius d\ &fint in altcra fcric ordinati 
rfa (i*), di (a-^)y di (<:), di {c-vb). 

Dico di (a)y dz (a-^l^), di (c), dz (c-vh) cfio 
harmonice difpofitos . 

Demonjlr. 

Quoniam a ad dy cft vt d ad dz (4); 
idcft quatuor proportionalium prima quantitas 
cft 4, fccunda&tcrtiacrt^:crgoquaita cftfra- 
,fiio, cuius numerator, fccunda potcftas dj deno- 
minator , prima quantitr.s a. Similjccr oftcnde- 
turquod di (a-th)y cft fccuuJjpotcllas dc- 
nominatapcr a-ik & di (c)y ftcundj poic- 
[tcftas dcnominara pcr c: 6i dcn:(]»ic c^z 



bypoth, 
II. h. 



14. h 
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(c-ti),fecundaporcftas dy dcnominataper 
Ergo dz{a)y d^ {a-^y)y di(c)y di{c-vh)y funt 
quaruor fradtiones : quarum numerator commu- 
nis, fecunda poteftas dy denominatores vera, 
funt quatuor arithmctice difpofiti, Oy a-^h^ r, c 
-^d. Ergo di(a)y di(a-+l?)y di(c)y di(c-+y)j 
funt harmonicc difpofitx . Quod &c. 
Quarc &c\ 



Theor. 2 9. Propof. 2 9. 

QVorum productorum quidam funt communes, qui- 
damnon communcsproducentcs, aggregatum,eft 
productusproducentium communium , & aggre- 
gati produccntium non communium . 

Hypoth. 

Duorum produdorum aby acy communis produ- 
ccnscfto ai non communcs funto hy q quorum fum- 
nia d. 

Dico ah-i-ac: ad. 

Denjonjh. 

9. /;. aby ac: c. 

X, p. ab-+ac'y ac: ^-+f; c. 

hypoth. b-irc: d. 

7. 5. ab-tac\ ac: dy c. 

p. ad'y aci dy c. 

II. 5. I ab-^ac^ ac: ady ac. 

p. 5. \ab-¥ac:ad. Quod&c. Quare&c. 



J Q V F/N T V M.a isi 

Theor. .3, o. Prof. 5 o. 

QVorum produitorum quidam funt communes > cpU 
dam non communes , & in^qualcs producentes^dif- 
fcrcntia , cft produdus produccntjs c6mmunis , & 
diffcrentiaeproducentium non communium . i . > . . 

Hypoth, 

Ouorura produdorum ahy acy communis producens 
cfto 4, nop communes funto k c &cMko M m4ior,quam 
C3 quorum difFcrentia .i^.m^T 

. jinoqoiq inul ^friHfiMr0;y?r. . oiqeilEUpx 

^'p* i^.-^-^Cy ac: h — Cj^iT. fnu'oxiimi3l lOUJfiuC^ 

7. 5. ab~ac*y ac: dy c. n c Q 

b. I ad^ ac: dj c. . \ 

XI. 5. \ab"-acx ad. Quoa &Cijflobociq ■ A 
Quarc&c. 

, _^ ^ ■ _ ^ ^ ^ ' ✓ 

Theor.ii.Prop.ji. 

QVatuorpropoitionalium produ^lus extrcmorunv, 
ett iequalisprodu^o mediprum . 

Sunto proportionalcs a^ h: c, d. 
pico adx bc. ^ii^.ii^ . . 

Afrumaturproduclusalternorum ^f. 

* * Gg De^ 
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Demonfir. 



p. h* 
9. h. 

'hypoth. ' 

II. 5* 

9' 5' 



aq ad: c; (L 

4; ^ r; ^ 

adi ac'y bck 
ad: bc. Quod &c. 



Quare&c, 



Theor.ji.Prop. ja. 

QVatuor termini^quorum exrremorunTprodfK^cfl 
squalis produ(5lo mediorum^ funt proportiona/cs. 

Hypoth. 

Quatuor terminorum 4, c, rf, produdus cxcfC' 
morum ad, &produdusmediorum /^c, funtjpijuaks.^ 
Dico a-, h: d. . , * -^' 

Pr^par. 

Aflumatur produAusaltcrQorum ac. 

Demonjlr. 

7. 5. J acy Ui ac^ ad, . ^ . — 

* 9. fc. j ac\ bc: ay b, ^ i . 1 . 
p. ^?. l 4q ad: Cy d. 
II. 5. I QyodScc. 1 1 

Quare &c. 



s 



, Theor. 5 3 . Pr(?/;. 3 5 . 

I rucrintduxfericstotidcm termmorum j& interpri- 
mos idcm fueritmedius proportionalis ^cjuiinicr 

cun- 
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cundcSvioterccrcioSi&xJcioceps intcr a^eordinacos ; fi- 
quidcm in prima feric^ func quatuor harmonice difpofici; 
in fecunda fcric/uncquacucM-arithmecicedirporici. 

SincinprimaferiequacuorhafnfiOHice ordinacf hy c, 
di Sc ficmcdius e: &fmcinalcerafwcordinaci cz 
€i(c), e2(d). • 

Dico ^2(4), ^z(^), e2(c)^ 00> cflc arithmccice 
difpoficos. 

8. h. alp\ cd: a-y c^-^h^ d. ^ . . 
,jr^5. 4-7-^3 c-^dx cd. ^^- 
30. cS^ acd — hcd: ahc-^-abd. 
3^*^ l adhibico communiproduccncc ci^ . 
9*^>' ezacd — czkdi eiatc^^-^e^ahd. 

communicerdcnominandoper akd. ' ^ 
lo.&i^. ei(^hj~txXa): ei(d)-^e2(c). >inoT> 

-rf^/.j./;. ^^W> ^'(^)> <f2 (<0> ^unt ^ritfin^^^c 

I difpofiti. Quod^cc. 
Quare 8cc. 



X/^ri^r. 3 4. Prop. 3 4. 
Vatuof cermini harmoniceAii<pofiti,permucando, 
func harmonicc difpofici . 

Sint quatuorccrmini ^3 hy cy dy harmonicedifpofui. 

G g 2 Dico 



Vac 



ELEMENTVM 
Dico pcrmurando a, c, d qSq harmonici difpa 
fitos. 

Aflrumaturquxlibetquanticas & fiat 

h ^5 

Cy e-y h. • 

Demonjhr. 

bypoth. I cy d funt harmonice djTpofiri.' 
33-'^. j/i ^> ^> / Tunt arithmccice difpofiri. 
4. l/i hy £y l func arichmetic^ difpofici. 
i^.h. \ay f, ^ funtharmonicedifpoficf. Quod&c. 
Quare &c» 



7/7#(r; 5 y. PrtTp. 3 y. 

SI ftierint aliqaot quantitaccs in una ferie,fHTTiIicer har- 
moniCcT difpofirar, acquc alia^ tocidem, in alccra.-enint 
cx.a^qualitacc harmonica, prima&vlcima, invnaferic, 
iiem prima & vlcima , inakera, difpoficaf harmonice . 

Hypoth. 

— Sint c fimiliccr harmoniccdifpofKsexatqucaic 
tociJem. dy ey fr < 

D2C0 cx a^qualitace harmonica , efle difpoficas harmo- 
nice, ay c, S< d, f. . 



Anumaturquarlibecquancicas^. & fiac 
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4; i\ h 
h 3 ^ 

d', £1 i', m 

c?- i5 
Denionfh. 

d€f.i6h ay hy dy € fuHt harmonicc diTpofita? . 
S3.h. hy li w, funtarithmeticedifpofitae. 
def.idh cy Cj f funtharmonicedKpofita!. 
33 h. /, tj, 0 funtarithmeticedifpofirar. 
def.z.h. hy k> l 'unt fimiliter arilhmeticc difpofit^, at- 
I que w, 0. .1 
5.b. hy ly nij 0 funtarithmcticedifpofit^e. 
a8. ^> / funtharmonicedifpofit^. Quod&c. 



Quaic &c. 



Theor. 3 5. Pr(?p. 3 6. 

HArmonice difpofitarum ?quefubmultiplicc$, funt 
harmonicediipofir^. 

Hypoth. 

I Sint harmonice difpofir.-e c, quarum ^equc 
fiibmultipliccs a{i)y ^(3), f(3)> ^(3)- > 

Dico 4(3), K3)> K3)> ^(3) ^'fe harmonice di- 
fpofiias. 

Alfumaturauaelibetquamicas e. 6< fiat ^ 
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4; e: fi f 

h ^> £ 
Cy r. h 
di e: L 

Etqiiotupliccsfunc^, hy c, d ad ^(j), ^(3), r (5), 
d{i)y lotupliccs accipianrur ipfarum fy /, quz 
qucefinc 3/, 5^, 3/7, 3/. 

T>ewonflr. 

4, r, ^ funt harmonicf&difpofirajy 

/' ^> K ly funtariihmcricedifpofitf . 

3/> 3^3 3/, funtarithmecicedifpofitae. 

^(3)3 fi 5fi 
a\ e\ e-y f. 

^(3)5 ^5 3/^ 
K3); ^> 3^. 
^(3)3 ^^i 3^. 

/«p. M(3)> 3^- 

i8./^. |^(3)> ^3)» d(}) funt harmonice dif- 
I pofica:, Quod&c. T 
Quare&c. ^ " 



liypoth, 

35' '^- 
6. /j. 

pr£far. 

prxpar. 

p. p. 



Tfcf^TT. 3 7. /^rfl»^. 3 7. 

SI fucrinr aliquot primar quaritateSjarithmeticc fimiliccr 
dilpofitcT,atqucalia: lotidcm fecundse, vcra^qje in^ 
vnaferie:fucrincauccm&ali2e tocidem quancicaccs primc, 
ajia:quc cotidem fccund^e in alccra :&fucric vnacadem-» 
quai;titasmediaproporciona!is inccrprimas primarunL/, 



& in- 
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& inter fccundas primarum , & deinccps inter icqueor Ji- 
natas; item inicr primas fecundarum , & inier fecundas,&: 
deintepsintersequeordinatasierunt in fecunda fericpri- 
m X fimiliter har monicc ordjnat^, atque fecund^ . 

Demonflr. 

I Quoniam cnim primarum inprima fencpri- 
ief,%J3. ma, & fecunda ; & fecundarum inprima feriepri- 
x8. h. ma ,& fccunda, funt arithmetice difpofir^E : con- 
ftat,quod etiam in fecunda feric primarumpri- 
nia, & fccunda; & fecundarum prima, & fccunda, 
funt harmonice djfpofic^ . conftat fimiliter , quod 
in fccunda ferie , primarum fecunda , & tertia j 5^ 
fccundarum fecunda, & tertia funt harmonic^ di- 
fpofitas . Et ica deinceps vfque ad vltimas prima- 
i^.\6}) rum, & fecundarum . Qqarc prima? in fccunda-r 
' ferie,funt fimilitcr harmonice ordinatf, arquo 
fecundar. 



Theor. i^.Prof. 38. 

SI fuerint aliquot prim« quantitates harmonice fimi- 
litsr difpofitafyatque aliaetoridem fccundx, vrraeque 
m vna fcrierfucrint autem & alkT rotidcm quantitatcs pri- 
mf, ah>quc totidem fecund^,in alrera ferie: &fuericvna 
eadem quaniltas media proportionalis inrcr primas pri- 
marum, &intcrfccundas primarum , & dcinceps intcr 
arqueordinarasinecnon roedia proportionalis inter pri- 
mas fecundarun); & inrcr fccundias fecundarum , & dein- 
. . . ccps 
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cepsintcraequeordinacas: erunt inalcera ferie^primz 
militer arithmctice difpolic^, acque fecunda: . 

Demonjl. 

def.i6b I Quoniam enim primarum in prima (cnqf 
I ma & fecunda,&fccundarum in prima leric^ 

3^ I ma& fecunda/unt harmonice difpofnxicoA 
I quod & in fecunda feric , primarnm primj Sii 
I cunda, & fecundarum pi iina & fccunda, funta 
I thmetice difpofit^. item oftendetur, quoJp 
j marum in fecunda fcrie fecunda^Sc tcnh,Scfccst 
* ' f darum fecunda & tertia , func arichmetice difpo- 
(\tx . &: fic dcinccps vfquead vlnmas pnmaiatDj 

c/€/.8J;. & fccundarum . Quarc prim^in fecii/jJ^ff^ 
J funt fimiliter arichmcticc difpofir,'^, acquslfnU?. 



The<nr. 3 9. Prop. 3 9. 

INter duasquantitates media proportionalis, eacfai' 
eft ctiam inter fubmulciplicem vnius , & a:qucniiilnp'i' 
ccmalterius. 

.Eftointcrduas mediaproportionales c. S^iro 
ipfius^jfubmultiplex 4(3)5 &ipfius/',3equcmultipta5*' 

Dico <»(3)} c: r, 3^. 

' DcmoTiJlr. 
hyfoth. j ^(3)5 /rj 3^:.- , 

' hypotL • f: fj ; . 

• ^ V [«(^); f: ty 3^ Quod&c. Quare&c. 
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Theor, 40, Prop, 40. 

3N fcrie harmonica naturali, aliquotcni abvno,&aH- 
quoteniab altero, pcrnumeros altcrutrorum multitu- 
dinisterminorum fubmultiplicati 5 ficut primi quotientcs, 
^imilitcrfccundj ,funt harmonic^ difpofiti: ircm tcrtij,& 
<juarti , &ficdeinceps« 

f/ypoth. 

Sintinfericharmonica nacuraliduo termini ab 
ay fumanturternifubquadruplf5& a quatcrnifnbtripli. 

Dico primos ternos fubquadruplos ab & primos 
fijbtriplos a hy fimilitereHbdifpofitos harmonice; atquc 
fecundos fubquadruplos ternos ab & fccundos fubtri- 
plosquaternos a b. 

Prapar. 

Ordinecur (eries arithmetica naTuralis: in qiu fint, c 
sequeordinarus, arquc a-^&t d ^Equeordinatus,atquc^. fu- 
manturquequadrupli tcrnia r, & tripli quarcrni a cL fu- 
niatur ctiam intcr & c mcdius proporcion,aIis c. 

T)emcnjk. 

tonPr. I Quoniam mediuspioportionaliscftintcr 

f; mediusetiam proportionalis clHntcr hy d'^ & 
15. inter^equcordinatosterminosin vnaquc fcriena- 
39' h. turali arirhmetica, & harmonica . item cll medius 
proportionalis intcr mulripliccs tcinr.inori;mari- 
thmctjcre fcriei natiiralis,&intcr a-qucfubmulri- 
7. h. pliccs rerminori:m harmonica^fcd qi:adrup!i ter- 
ni a c, & tripliqu;itcrnia d^ prinjjfi.mfimjijtcr 

Hh ari- 
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arithmetice dilpofiti , atquc fecundi; itcm , atquc 
?7. I tcrtijj atqucquarti, & dcinccps . Ergo etiam flib- 
quadrupliterniab a, &fubtripliqujtcrnia^», pri- 
rai 5 funt fimiliter harmonice djfpofiti , atque fc- 
cundi; itcm,atquc tcrtijVatquc quairtij&deinceps^ 
1 Quod &c* 
Quare &c» 



Theor. 4 1 . Profef 4 r . 

SVmma.fra(flionum communcmi habcntium dcnomi* 
natorem, cft fumma numeratorum, abcodemdcno- 
minatoredenorainata» 

Hypoth^ 

Fradioncs 4 cQ?) coramuncmhabcntdcnomini-" 
torem: numeratorum fumma cft ^-+c. 
Dico a(y)-\-c(J?): a-+c(y). 

Dsmonjlr,. 
10. /;. I c(h)i ay a 
a. p. I ^(^)-*-f (^); c(h)i a-¥Cy c , 

11.5. \a(b)^c{l?y, c(b): a^c(yy, c(lr), 
9.5. \ a{b)H-c (b): a-^c (}) . Quod &c. 
Quarc&c. 



D 



Theor^ 42. Prop, 42* 
Iffercntia fradionum communem habentium dcno» 
minatorera, cftdiffcrentia numcratorum> abco- 

dcm 
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dem (Jcnominatorc denominata . 

Nypoth» 

Fndiooes a(b)y c{h)y communcm habeiit deix)!nf- 
natorem b\ differcnria numcratorum cft a — c, 
Dico a(h)~c{y): a~c(h). 

Dcmonlbr. 
lo. h. a(h)\ c(l?): a^ c. 
a.p. ^(^) — c(l?): q f. 

10. h. a — c(t)] c(h): a — q c. 

11. y. a(b)~c(hy, c(h): a^^c(Ly, c(h). 



9> 5 



\a(hy"c(h): a-^-c^b). Quod&c^ 



Quarc 8«c. 



DVorum incqualium numerorum , vnitas denomina- 
taaminore,& diftercntiadcnominata amaiorc/, 
lunt fra<5liores du^e, quarum fumnia eft maior, quam dif- 
ferentia corumdcm, audlavnitatCjdcnominataamaiore, 

Hypoth. 

Sunto duo initquales numcri , minor a^ maior a-^h. 
Dico I (a)-^h (a-^h): maiorcm efle, quam h-^ i (a-^h). 

T>€monJb\ 

12. h. I (^); I (a^h): a-*^h; a. 

1 (^):maiorquam \(a-^h). 
communitcr addatur h (a -^h). 
4j.h. i(a)-^ h(a-^h): maior eft , quam i-f i (^-fi), 
Quod&c. Quare&c. 



Q 
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Valibct quantirate , a lc iph , & a fuis deinceps per 
ordincm multiplicibus y denominata 5 fic feries har- 
monica naturalis. 

f/ypoth. 

Efto quselibetquantitas 4, eiufque multipliccs 2<i> j^, 
44, & dcinceps. 

Dico a(ia)y a(^a)y a(^a)y &deinceps cflc» 
feriem harmonicam naturalcm. 

Pr^par. 

Efto rationalis «: & a rationali ordinetur feries harroo- 
nicanaturalis «(2), »(5), «(4), &deincep5. 

Dimonfirm 

dcf.x^h 

j?. ^ 
IX. 

9. 5. 

fiip. 

def.ioh 



a; u: ^(^)» 
«: 4(4). 

4(^)5 ^(2<i): 2^; ^i: «(2) dupfa. 
a(2a): 14(1). 

^(4^): «(4). 

4(^)5 ^(irt), 4(54), 4(4<i), eft ferics hanno- 
nica naturalis . Quod&c, 



Quare &c. 



~ Thto)\j^^. Prop.^). 

SI fucrint duo proIogarithmi,ex terminis ab vnitatcj 
alter, cx quotcunque tcrminis ; altcr , ex totidcni , & 
vno amplius: critquiexpluribus, coquiex paucioribus, 
pcrfpcwlc maior, f/y^ 
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Hypoth. 

Sunto duo proIogarithmi,cx terminisab vnitate : alter 

ty cx totterminis,quoiuseftnumerus i: alter C, ex tot, 

juotuseft d. & efto dy vnitate maior, quam 

Dico C, perfpcde maiorcmclTe, quam A. 

Pr^par. 

l m n 

^ • • • > ^ 

/ & h $ 

Sumarurnumcrus ^ torics, quotuseft d: &fintfumpri 
numeri efy fg^ gh, hh tl^ Itcmfumaturnumcrus d to- 
ties, quotus ert ^: & fintfumpri ely /w, mn, nk. 

Demonjlr, 

16. 7. j Quoniam produdus h per d^ cft ^equalis pro- 
dufto d pcr bi fumma numerorum efy ghy 
hij iko cft aequalis /umm^ numcrorum ely 
mny nkj cftquc idcm numcrus ek. Etquoniaai 
cffgyghy hiy /k, funt afquaIesintcrfe:ergo cfegy 
eh» ety eky funt fimplex hy duplcx , triplcx, & 
I reliqui deinccps multipliccs. Itcm quoniam c/, 
j /w, mny nky funt «quales: crgo ely em^ etjy 
\eVy funtfimplex^, duplcx,triplcx,&reliqui dc- 
J inccps multipliccs* 
Dcindc quoniam dy vnitate maior cft, quam hi ergo 
idy binario maioreft,quam zhi &iidy tcrnafiomaiorcH:, 
quam ih: &fic dcinccps, &fimilitcr ely vnitatc maior, 
quam ef & em^ binano maioT^quam eo\ S< eny tcrnar:o 

maior. 
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l m n 



f 



i 



maiorqyam & ficdcinccps. kemfimiliter ^k, vnitjh 
tcmaipr,quam /k;(3i mky binariom3ior,quam hh. & 
//, tcrnariomaior^quam^^'. QMarc fl, ^^, hn, & *de. 
inccps/untvnitas, binarius,tcrnanus,&cleinccps: itcm 
Wy hwy gl, funtvn!tas,binarius,tcrnarius, & deinceps. 
r-ft crgo efy vnitatemaior^quam Ig^ & lo, vnitatemaior, 
quam rr^h-y & tKh^ vnitatc maJor, quam nii & niy eft vfiiras. 

Cum itaque trcs fint quantitarcs in^EqpoIcs ef 
dy igy quarqm ef minima, d media, cg ma- 
xima. {ilgy vnirateauaa,dcnominctur ab 

fiuntdua*fra<aioncs,quarum fummiu, 
maioreft,qqam [g vnitate auAa, dcnominata 
ab f/. Scd Igy vnitarc auvaa,eft & fgy vnita- 
* icau^aa, cft eh crgo 

^fi^fhflOi)' maioreft, quam d{el). 
Similircroftcndetur, 

k i^ih&^ (^^)- '"aior, quam Im {cmy 
Et 7nl (€h)-^h{a): maior^quam n.n{cn), 

Dcindc,cum duo fint inicqualcsnumeri, f/, 
aj quorum mjnor r/, maior ^Z-, differentia/k; fit- 
quevnitas n\\ & difierentia />, vnitaie aui^a^fit 
ergo 

m{ci)--ilC(eK)\ ma;*oreft,quam nK(eK. 
Scd ef{cf)y fl'^lg{eg)y gm'+mh{eh), hn-^ni^ 

(^0> 



43- 



M7 
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(ei)y iK(eK) funt tcrmini componentcs prolo- 
gafirhrtium C. nam ef^ fhl^, gm-^why hn-^ni, 
I iXy funtnnmcratores a^qualcsipfi hy quos dcrio- 
I minanr, ef e^y eh, eiy eK, nempe fimplex du- 
plcx, triplex, & dcinceps multiplices . 

Eadcmrationcconftat,quod el(el)y lm(em)y 
mn (en^fiK (eK) fijnt tcrmini componentcs pro- 
logarithmum A4 

Ergo C, pcfpcdc maior eft,quam Quod 
I &c. Quarc &:c. 



TheoY. 4(5". Prof, 45. 

SI duorumini^qualiumnumerorumdiflrerentia, deno- 
mineturaminore^vnitasvero^a maiore: fiunt dua^ 
fracliones3 quarum fumma, minor eft , quam djfterentia, 
vnitate auLla, denoitiinataa minorc. 

Hypoth. 

Suntoduoinarqualesnunieri 
Dico h(a)-^-i (a-^f?): minoremefle,quain l^i(a), 

T>e7nonJlr, 

12.. h. I I (^i-f^); I (ay. a; a-i-b. 

j i(a-i^b): minor, quarrt i(a). 
! addito communi h(a). 
• \h(a)-+i (a-^t): minor, qudm ^-f i (a). Quod &rc- 
Quarc&c. 



Theo 
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Theor. 47. Prop. 47. 

SI fuerint prologarithmi ex duobiis tcrmfnis a /ecundo, 
cxtnbus atertio,ex quatuora quarto, & fic dein- 
ceps:quicxpluribus,perfpcct^ miQorell, qudm , quiex 
paucioribusvno. 

Hypoth. 

Sintduoprologarithmiialtcr ex taraiinis ab 
&extot terminis, quotus cft alter C, ex tcrminis ab 
I (dyy & extotterminis, quotus eft d: & efto vnitatc^ 
minor, quam d. 

Conftat,quod rotusordineeft, quotus,ert k&c 
I (d)y totusordine,quotus cft d. prcp. zj.h. 

Dico C, perfpe^e minorem elVe,quam A. 

Prapar. 

m n 0 
e — 20 — f ' 

Sumatur produto W, quifit ef: eiqueadfjcianturtot 
i,quoiuseft d^ quifint^, ghy hiy it^, kj: eidemque r/, 
tot ^ adijciantur, quotuseft Z', qui fint fm, muy noy oL 

Demonjir. 

16. 7. Quoniam produdus b per dy & produdlus d 
per/', funta^qualcs: fumma numeroruni ^fc, 
hi^ fkj I4j fummse /w, no, ol, cft^qua-^ 
lis:crtquc idem numcrus//. Et quoniam ^hy 
hiy iKy Kly fu^t icqualcs i ergo fgy fhy fty fKf 
//,funtfimplcx diiplex, triplcx,& rcliquidcin- 

ceps 
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jncepsmultlplices, Iccmquoniam /^, mtty noy ol^ funt 
;equales: ergo fmy fn^ foy fly funt fimplcx dy dupleT, 
triplcxj&reliquideincepsmulcipliccs. Scd efy aJ b to- 
tuplex cft,quotuseft d-^i: & ehy quotus eft d +2; ideo- 
que r/i egy ehy eiy eKy funt totupliccsad quoti funt 
dy d-^iy d-¥2y d-^iy ^-+4. Itcm cum lic efy ad d totu- 
plex, quotus cft k erunt «/5 em^ eny eo, totuplices ad 
dy quotifunt b-^iy l?-+2y If-^s- 

Deinde quoniam dy vnitate maiorcft, quam k crgo 
2dy binariomaiorcft,quam li; ^ s^, ternario maior, 
quam 5^; &ficdeinccps,&rimiliter /w, vniratc maior, 
quam fgy^frjy binariomaior,quam fhy & /5, cerna- 
riomaior, quam /V^ &fic deinceps. item fimilicer oly 
vnicaiemaior, quam A7; &: «/, bmario maior,quum /7; 
& w/; ternariomaior,quam /7/. Quare ^w, /?;;, funt 
vnitas,binarius, ternariusj&deinceps: item i?A^, «/, w/?, 
funt vnitas, binarius, ternariusi& deinceps. Ergo gm» 
auAus vnitate,eft hn-y & /7«, audus vnicate, cft /t?, & /<;, 
auwtus vnitatc, cft iKy vel k 

Itaque funt inxquales, & minores primum^dc- 
inde maiores hoc ordine , ef egy emy ehy en^ 
eiy eoy eK: quorum minimus efl cft produuiLJS 
W:&diffcrentia efj egy cft fg> nempe b: cft 
9« h. J autem bd ad b^y ficut d ad maior : crgo 
minimus ef noncft minoi,quam fccundapotc- 
ftasdjflaentise ef c^. idcoquc ncque eg, mi- 
norcft.quam fccundapoteftasdifrercntix egy eh. 

l i ncquc 
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m n 0 

r-..ao~/* 



l 



46. b. 



nequc ehy minor,quimfecanclapotdh$ diffcrentiat «A, 
ti. neque ei, minor, quam fccunda poteftas diffcrendx 

Quatcfi;^, denoTninctur ab efi 8c vnitas 
denomincturabf^.rummafraAioQUtn, mioorcft, 
qu^fnfi f^, au<aavnitatc,<leoomiocturab ef. cft 
autem /^, aufta vnitate, ^qualis jpfi fm: ergo , 
/<? (^/)"*"<?'^ (^?)' «^ii>oreft,quam frn(ef). 
Itcmfi wfc dcnominernrab au^3a 
vnitatc, idert hn denominetur ab eh: lummaira- 
aionum, minor cft,quaiii fi^fc, auAa vnicatxvdeft 
mn^ dcnominetur ab eh. 

mh (e^^-^hn (eh)i minor cft, qdUn mn (ehy ^ 
Similitcr olkndetur, quod 

ni (S)-fio {ei): mkiox cft, quam no (^n). 
Et quod 

cK(ei)-^Kl(eK): minorcft,quim ol(eo). 
Scd fg(ej)i g^-^^(^£}> 'hn-^m(eh\ to-+oK' 

(ei)y Kl(eK)y funt j(d)y l(d^t)y lid^l)y & dC' 

inccpsrcliquitcrmini,tot,quocuseft d, compo- 
nentrsprologarithmu n C. nam fgj eft h: 8c efi 
ci^produilus Ui&c ^ (f/), cft i (A^)^ ideft, i(d). 
15. K itcm £m-^mh cft h: & e^y cft hd-^k- & gm-^nJfy 
1 (^^g); cft iJ^fti i(</-^i).Scfic deinccps. 

Simi- 
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13. h. \Sm\\iter fm(ef), no(en), ol{eo), funt 

1 n,\ i (i-t I ), & dcinceps reiiqui termini, tot, 
quotuscft^, componentcsprologarithtnum A. 
, nam fm, mn, no, ol, funt d: Hef, em,w, eo, 

fiint W, U^d, W-* zd, 3 d, & ipff fraaiones 
'tj.h. I ianid(hd),d(J>d-^d),d(l>d-*%d),d{.U-*i^)i^>^^^\ 

i(i>), i(h^i). &c. . , • . 
def A7h Ergo C, cft perfpcae tninor, quap /i. <4uod 

&c. CiuarcStc. 



S 



Thear. 48. V^ro/». 48 . 
I i«crintdujcfcriesprologarithmorum,cxterminisab 

vnitate;akera,ex quotcunqueterminiSi altera, ex 
totidcm, & vno amplius : erit fecuadus prologarithmus cx 
pluribus, fccundo ex paucioribus,perfpcae maior: &ter- 
lius, tcrtio:&quartus,quarto;3ific dcinccps fmgulipro- 
logarithmi vniusferici, fuigulis prologarithm)? a-qucor- 
dinatis alterius, pcrfpciae funt qnaiorcs . 

Hypoth, 

Sintdufferiesprologarithmorum ex tcrminis abvni- 
tatc: altera A, ex tot tcrminis , quotus eft numtrus b: a!- 
tcra C, extot, quotuseft d. & cfto d, vnitate maior, 

quam L . r 

Dico fccundum prologariihmtim fcrici C, perJpc^ae 



maiorcm efrc , fccundo knci A. 

li a ^»"*- 
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Pr^par. 

l m n $ u X 

e IL s 

f g ^ i ^ f i ^ 

SuraajurnuTierus h totie$,quotusefl: d: &fintfumpti 
numeri ef fgy gh, hi, iK» item numerus d toties, quo- 
tuseft^: & fint fumpti numeri el, Imy mn> nK. Suma- 
turiterum h toties,quoruseft d: &fint fumpti nuraeri Koy 
op, pcfy (ffy rs. &iterum fumaturtoties,quotusell 
&fintfumptinumeri Kc, tuy ux> xs. 

T)emonflr» 

\6, 7. j Quoniam produdus h per d^ efl: ajqualispro- 
I duLio d pcr b: fummanumerorum' ^/i fi' i^*^ 
hi, rKy fummoenumerorum cl> lm> mn, nK^ eft. 
a!qualis:&fumma numerorum /Ct?, opx pq, (fr> 
. rsy fummse Kty tu, uxy ^Sy ell sequalis. Sunt 
f autcm&finguteparres ^^, finguLs Ks partibus 
' iequales5&onmcs, omnibus: & sf, cl, eg, emy 
ch, en, eir eky jpfis ko» kr> ^p, ^u, k(j, ^x, h.^- 
i\sy fingulinumcri,finguliscquales;& eorumdif- 
tief.s,b. j ferenti^5equales,&fimiles: atque oranes ordina- 
I cim ?.cceptr,vt fupra,vfque ad lirailiter arithme- 
tice funtdiipofiti^atquc omncs reliqui,vfque ad 
45. h. s. Et ficut dcmonllratum e(l, quod 
3. b. j (^f)-^f K^£)- maiofeftjquam el(e[)^ 
3. h. r Ig {^)-^gm (eh): maior, quam bn (em)^ 
l.b, I wh (eh) -fhn (ei): maior , quam mn (en). 



43. h. 
45. 
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»/(^/)-4-ik(^k): maior, quaoi »k(fk). 
itain pr^efenti dcnionftrabitur, eodem prorfus^ 
argumcnto, quod 

ko {eo)-¥ot (ep): maiorcft, quam U(ety 
tp {ep)'+fu {ecji maior , quam tu (eu). 
t*(j\ecj)-^cix (er): maior,quam Hx(ex)^ 
xr(er)-\rrs (es): maior,qu:im xs(es). 
Itcm ficutdemonftratumeft,qu6d 

^fi^f)y f^-^ki^i)^ gm-^mh^eh)^ hn-^ni^ei)^ 
/k (<?!<), funt termini componentes primum pro- 
lo^arithmum fcrici C: & quod f/((?/), lm(em)y 
mn(epi)y nK(eK)^ funtcomponcntcs primum fe- 
riei A. itademonftrabiturinpr^fenti,qu6d 

Ko(eo)* ot-i-tp(ep)y pt4-^uq(eq)^ </x-+vr(fr), rj-* 

(cs)y funt tcrmini componentcs prologarithmum 
fccundum fcriei C: quod Kt (et)y tt4 (eti)y t^x (ex)j 
xs(es)y funt componcntcs fecundum prologa- 
rithmumfcrici A. 

Et omnino ficut oftcnfum eft, quo J primus fe- 
riei C, eft perfpcvae maior, primo ferici A: itiu 
demonftrabitur , quod fecundus feriei C, cft pcr- 
fpcilemaior fccundoferici A. Qiiodc^c. 
Similiter oftendetur, quod & tertiustcrtio , &quartus 
quarto,funtpcrfpCLle maiorcs: &qu6J quifque prolo- 
garithmus feriei C, perfpctle maioreft, a^queordinato 
prologarithmoferici A. 
Quare &c. 
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S\ fuerintferies prologarichnionjin, cxbinis \ ftcun- 
doj cx remisatertio, cxquitcrnis a qjarto, & fic 
deinceps: fccun Jus protogarichinus eius , qu^ cx plurii^ua^ 
perfpe;^^ minorelt , quam fecundus eius, qars ex paudo- 
ribus vno: 6(ccrtius, pcrfpede niinor,quarii tercius: &t 
quartus,quamquarcus:&fic deinccps vnufquifque per^ 
fpcAe clt minor, quam fuus a:qucordinatus proIog>- 
rjthmus . 

Hypoth» 

Sint dua? fcric^ prologarichmorum : altera ex tcrmi- 
nis ab &€xtotenis,quotuseft k altera C, extcr- 
minisab i(d)^ &extotcnis,quotuseft d. & efto vni- 
late minor , quam d. , 

Conftat, quod i (A) totus cft ordine, qnotus b & i (J), 
lotusordinejquoius d. prop.ij.h, 

Dico fecundum proJogarithmum ferici C, pcrfpcct^ 
minoremcfl"e,fccundoferiei 

Prtepar. 

iL n 0 q s u 

e — 20—/; / y 

£ h i K p r t K 

Sumaturprodutftus quifiter/: cique adijciantur tot 
quotus cft dy qui finc ht^ tK^ Kl: ci^einquc 

efj. tot adijciantur,quotuseft qui fint /w, mn, no,olj 
&itcrum jpfi e'/,adjjciantur lot ^,quotuscft </,quif!nc 
p , rf, /y» xj: necnon itcrum eidcm r/, adijciantur tot 
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quotuscfti,quifint /^, (js, sth uy. * 

T)emonJhr. 

I 7- Quoniam produftus ^ per dy cft a^qualis pro- 
dutao^/ pcr hi Aifnma numerorum [^y ^>y hi, tK, 
KL fHWimie/w, mnh o/,^ft2equalis:&fum- 
ma Ipy fTi rf, tx, xy^ fumm:^^ /^, (js, su, «jy, 
xqualis. Sunt aurem o<: fingulce partcs fl, fmgu- 
hs Jy paTt!bus«^uaic$5& omncs, omnibus: & J^, 
fm, fh:, fti, /f, foy jKy ipfis //?, '/f^, /r, ir, /f, 
/w, 6cy finguli mjmcri,fmgulisa^qiuIcs:&coruni 
difFcrentiac a?qualcs,&fimiles:additi(que vtrimq> 
* communibus numcris ef el, etiam compolito- 
ief.'i.h. I rum djflcTcntiacfuntjequales&fimilcs: & f/, 

rw, ffc, tn, ei, €o, tK^ fijnt fiioihtcr arithmeti- 
cedifpofiti, atque el, ep, ecj, er, es, tt, eu, ex. 
£ft autcm ef, non minor^ quam fecunda potcftas 
fg, &eft el, maior, quam ef\ & Ip requalis ipfi 
' ergo r/ fion minor eft, quam lccunda potcftas 
^Jw adcoquefimiliter^tiam ep, non minor,-quam 
fecunda poteftas pr. Sc er^ non minor-, qudm fc- 
cundapotcftas rt: & et, non minor, qudmfccun- 
da potcftas tx, Itaquc ficut dcmouftratum cli, 
qnod 

^ fe)' niinorcft, quam fn(ef). 

mh (ec)^hn (eh): minor,quam mn{eh). 
m {eh)-iio (et): minor, quam no (en), 
I oK{et)-^Kl{eK)x minor, quim ol(eo). 

Sic 



.47. fc. 



47. h. 

4^. h. 
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£r-^2 0— /, , / 



46, /;. 
2. h. 
2. 
2. 

47. /7. 
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I Sicdcmonftrabitur,qu6d 

minoreft, quam /^(^/), 
f (cp)-^rs (er) minor, quaiii qs^eq). 
st (er)-i-tu(et) minor, quam su (es). 
ux^et^-^xy^ex) minor,quam «^(r^^). 
Itcm ficut dcmonrtratum Q[\y quod 

fg(ff)> ^WH-;»fc(f^), hn-i-ni (eh), io-i-ok(G\ 
Kl (elO. 

componuntprimumprologarithmum fcrici C:& 
quod 

frn(ef)y mn(em)^ no(en)y ol(eo\ compOflUiiC 
primumferici c^. fic 

'/'(^O* P^^^f i^p)» rs-i-si^er), tu-^ux(et)y xy(exl 
componunt fccudum prologarithmum (erici C: & 

(^0> f-^^^?)» •^^(^Oj "J' (^^)> componunt fc- 
cundumfcrici -r^. Et omnino licut primusfcrid 
C, pcrfpccleeftminorprimo fcriei A: ita fccun- 
dusprologarithmus,eft pcxfpcLl^ minor fccun- 
I do . Quod &:c. 
Siniiliter oftendctur , quod & tcrtius tcrtio, & q uartus 
quarto, funt perfpefte minorcs: & quod quifque prologa- 
rithmus ferici Cj pe/pe^le minor cft^icqueordinatopro- 
logarithmolerici A 



47. 



Quarc &c. 



H 
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Theor» 50. Prop. 50. 
Ypcrlogarithmi rationum duplf , &fupcrparticuTa- 
rium,qu6 funt^minores intcrtermino$,co funt mi- 
nores. 

Pr^par. 

Efto Ay fcries harmonica naturalis: & ordincnrur 'By C, 
D, fcrics prologarichmorum ; S quidem , ex binis a fecua- 
<1q > C, ex ternis a rertio ; C, ex quaternis a quarto ; &: fic 
dcinccps , d quotoquohbet , ex totcnis . 

Demonjhr. 

Nam in feric arithmetica naturah', ratio fubdu- 
pla,eftinter minimos terminos,primum , &fe- 
cundum; deindc inter maiorcs, ordinatim multi- 
plos niinimorum ; vidclicet inter fecundum , & 
quartum; intcr tcrtium,& fextum; incer quartum, 
odauum. Ergo rcciproc^,in fcric harmonica na- 
turah, ratio dupla » eft inter maximos terminos, 
primum, & fccundum; dcindc intcr minores ordi- 
natim fubmultiplos maximorum; videlicct intcr 
lccundum , & quartum ; inter rcrtium , & fcxtum; 
intcr quartum, & odauum . Ergo rationis duplc, 
intcrmaximos terminosprimum, & fccunduiTLr, 
hyperlogarithmus, cft primustcrminiisfcrici 
nempe vniras. deindcinter minorcs tcrminos fc- 
cundum, & quartum , hyperlogarii hmus , cft pri- 
musprologarithmusfcrici cxduobusafccun- 
do, nempe cx fccundo, & rcrrio . & intcr rcrtiLim, 

Kk &fc- 



jdef.ix,h 

XI. 7. 
19. b. 

def,xoh 



def.ii h 



26. h. 
iz. 7* 

24. 
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&fextum,minorcs aJhuc tcrmfnosjhypcrlo^i- 
rithmus, cll primus prologarichtnus icriei a 
cribus i ccrtio, nempeex tcrcio , qaarto , &cquii- 
co . Ec deinceps intcr minorcs ccrminos quartooi 
& Octauum I byperlogaricbmusi eftprimus pro- 
logarichmus fcriei D, ex quaruor a quarto, nenpc 
47. h, cx quarto, quinto Icxco, & (epcimo. Sed huiufiDih 
diprimorum prologarithmonim,minorcft qaia 
pluribus, quam qui cx paucioribus ccrminis. Er^ 
hypcrlogarichmorum daplx racionis minor d, 
qui minorcs intcrelt tcrminos, quam quiintcr 
maiorcs. QuodvScc. 

Rurfum in fcric arithmccica nacuraK,racf o/ob- 
fcfquialccra , cft inter minimos terminos,/caHi- 
dum, & tcrtium; deindc intcr maiorcs^ ordiDaiiai 
multiplosminimorum; videlicec incer quarcaro,S 
fcxrum; inccr fcxtum , & nonum 5 intcr OiaauanL, 
& duodccimum . Ergo rcciproc^in fcric hanno- 
nica naiurali, ratio felquialtera cft inter maximos 
tcrminos, iccundum, & ccrcium j deinde iorcr m> 
norCs,fubmuItipIos maximorum,quartutn, & fcx- 
cumi&intcrminorcs,fcxtum,&nonum j & ad- 
dcf.zih \ hucin^ermfnorcs,Oclauum,&duodeamum.Er- 
j [^orationislc/quialccrc inrcr maximos ccrminos, 
j fccundum^ & cerciutD^hypcrlogarichmus, eftfc- 
! cundusfcriei A. dcinde inrermmores,quarcum, 
{ vkfcxcum, hypciloganthmus, ett fecundus pro- 

loga- 



fi 



49. h» 
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f logarithmus ferici 2?, duobus a quarro, ncmpc 
ex quarto, & quinro . & inter fextuin, & nonum-;> 
dhuc minorcs , hyperlogarithmas , cft fccundus 
fcriei C, cx tribus d fexto , nempc ex fcxto , fepti* 
mo, & oclauo. &c intcr o^aauum, Si duodecimum, 
adkucminof^s,, hyperlogarithmusj cdfecufldus 
ferieiD, cx quatuor ab 0(ftauo,nempc cx ocSauo, 
nono, dccimo, & vndccimo . Scdin fcriebus hu- 
iufmodi, fecundorum prologarithmorum> minor 
cft,quiexplujnbus,quamqui cxpaucioribus tcr- 
minis. Ergo fcfquialtcrar rationis hyperloga- 
rithmorum minor cft^qui minores intcr termi* 
nos, quam qui cft inter maiores. Quod Sic. 
Simihtcr prorlus dcmonftrationc oftendetur, de fcf. 
quitcrtia ratione, adhibitis tercijs prologarithmis earum- 
dem fericrum ; &de fefqui quarta , adhibitis quartis pro- 
logaritlimis :Scde orani fuperparticulari ratione. 
Quare &c. 



o 



Theor. 5 i.Propof j i. 
Mnis ratio multipla, vcl cft dupla, vel cx dupla & fu- 
pcrparticularibus compofita. 

DcmoftJ}r. ^ 
I Nam tripla 5 ad i , cx (efquialtera, 5 ad 2, & 
j diipla, 2 ad i, componitur :quadrupla,4 ad i, 
. 1 cx fefquitertia,4 ad j, fciquialtera, 3 ad 2, & du- 
I pla, 2 ad I : quintupla, 5 ad i , ex fefquiquarta , ; 

Kk 2 ad4, 
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ad4,fefquitcrtia,4ad 3 > fcfquialtcra, 3 ad 2, & dupla, ^ 
ad I. Et ficdcrcliquis. 

Quarc Scc. 



OMnis ratio numcrofa , cx fupcrparticularibus com- 
ponitur. 

Hypoth. 
Efto ratio numcrofa a ad^. 

Dico ^ ad i rationem cx fupcrporticularibus dfc/ 
compofitam. 

Pr^par. 

AflumantUf numeri 8, 5, eamdcm inter fc rationenL» 
habcntcs a ad k Siintcr 8, & 5. mcdi/ numeri . 7. 

Demonjlr. 

def.s^6. 1 Ratio 8 ad j exrationibus 8 ad 7, 7 ad ^ 
6 ad 5, componitur. ScdSad^, ratio numcn 
ad numerum vnitate rainorcm , clt fuperparticu- 
larisjirem ^add", 5 ad 5, funt rationcs fuper- 
particulares : ergo ratio numerofa, 8 ad 5 , vcl ^ 
' ad b, cx rationibus fupcrparticularibus compo- 
nitur. QuoJ&c. 
Quarc &c. 



Q 



Theor. ^l.Prop. 53, 

Votcunque tcrminorum , e fcrie harmonica natura- 
li,ordinc quanticatis acceptorum, hypcrloga- 

ritbmus 
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rirhmus rationiscoirpofitic interextremos, coniponiiur 
cx bype rlogarithmus raiionum componentium , intcr ex- 
trcmos, & mcdics. & hyfolcganthmus ex hypologa- 
rithmis. /jfypoth. 

In feric harmonicanaturaIi,fint tres termini c.&c 
cfto ay maior,quam ^ & maior,quam c. 

Dico rationis a ad f, intcr lerm.inGS Cy hyperloga- 
riihmum,cx,rationis a ad inter hy &rationisi' ad c, 
inter c, hyperlogarithmiscomponi. 

Et hypologarithmum ,exhypologarithmis. 

PriCpar. 

Sumantur intcr tcrminos 4, hy omncs medij inferio 
harmonica naturali ; necnon inter c & iint intcr a^ c 
termini. 

a (f h i b K l f7P n c 
Demonjhr. 

Hyperlogirlthmusrationis a ad ^jintertcrminosd, 
cfl; a-\-g-*h-^i. Hypcrlogarithmus rationis b ad c, incer 
terminos^, r, e(l ^-+AC-+/-fw-+«. Hyperlogarithmusrc- 
tionis 4 ad f, intertcrminos 4, r, c(l a-^^-^h-\ri-^h-^K^l 
-^m^fj. cx virarumque rationum a h ad r, hy- 

pcrlogarithmis, intereofdcm terminos compofitus. 
Quud &c. 

Itemrationis a ad hy inter hy hypologarithm»is eft, 
^-ffc-.i-f/>-&rationis h ad c, inter c, eft K-^l-^m-^n-^ d 
&rationis 4 ad r, eft g-^h-t-i-^h-^ K-^ l-^m^ n-^c. cx 
vtri(quecorapofitus. Quod&c. Quarc&c. 
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Theor. 5 4. Prop^ 5 4* 

CViufque nuaicrofx rationis hyp^logarithmi, quo 
funt, minores inter tcrminos,e6 funt minores. 

Hypoth. 

Efto niimerafa ratio interferiet hartionicac tcrnwaos 
abvnitate,maiorcs 1(3^), &deinJe inter mmo- 

res 1(4^), x(4^>)» 

Dicointer i{^a)y 1(46), minorena eflc bypcrlogv 

rithmum^quaminter i{ia)y i(i^). 

Pri€par. 

AfTumantur minimi numeri in eadem ratione 
%u 7. ay h: Si dcinccps maiorcs , nempe dupli , triph, 
17. quadruph', doncc inueniatur dcnominatores pro- 
pofitorumterminorum, 3^, 3^, 4<<, 4^. DeinJc 
inter/4, b ordinentur omnes medij , in ferie ari- 
thmetica natura!i,quorum deinceps fupparticula- 
resfuntrationes, <i, r, dy k &eorum «quemulti- 
15.5. pli 34, 3r, idy 3^, eafdemfupparticularcs h> 
j bcntes rationcs deinccpsj nccnon arquemulti- 
( plieafdemhabcntesrationes 4^, 4C, ^d, 4^. Su- 
mantur dcnique in ferie harmonica termini, ab his 
dcnominati 1(3^), i(sO> i(3^;> i(3^/-5c K4^)> 

i(4^)> 1(4^1(4^)- 

DerKonflr. 

14./;. j Terminorum 1(44), 1(40, 1(4^1 i(4^) 
I tionesdeinceps,nccn6 terminorum i(3^J, i(30' 
'I i(3J), 1(3/^), rcciproce funtcgdem ,qu3e tcrmi- 

norum 
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1 norum 4<f, 4f, 4^, 4*> nccnon lajlhldy sk 
To. K ideft, c^dem fupcrparticulares. Quarum rationis 
inreri(4^), i(^c),maovcR: hypcrlogarithmus, 
quirainter i(34),i(s0:&inter i(4^),i(4A™- 
nor,qudm inter i(gf),i(3^):Scinteri(4^,i(4t)> 
J^--*- minor,quiminter 1(3^), i(3^).Etexminonbus 
hyperlogarithmis , minor cft hyperlogarithmus 
; compofitus,rationis compofit;c intcrcxtrcmos 
! 1(44), ^(^/'^^quamexmaioribusjinter cxtrcmos 
i 1(34), 1(3*). Quod&c. 
Quare Sic. 



Theor. ^ i . Prop. i ^ . 

HYperlogarithmi rationum duplx, &fupcrparticula- 
rium, quo funt , minores inter terminos,c6^funt 

maiorcs. 

Pr^pdr. 

Efto >4fericsharmonicanaturaIis:SCordincntur S, C, 
D, fericsprologarithmorumabvnitatcj !5 quidcm,exbi- 
nis; C, externis; D,exquatcrniS3&ficdcinceps. 

iefAzS 1 Nam in fcrie arithmetica naturali,ratio fubJu- 
J pla eft inter minimos tcrminos,primum, & fecun- 
•I. 7. dum;dcinde intcr raaiores, ordinatim multiplos 
29. b. minimorum; videlicct intcr fecudum,&quartum; 
A4. h. inter tcrtium,& fexturo;intcr quai tum,6cociauLi. 
tf <f.xob Ergo rcciproce in ferie harmonica naturali , ratio 

dupla 



48. h. 



%6, h. 
II. 7. 
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dupla eft inter maximos tcrminos , primiim , & ft- 

cunduni; dcindc intcr minorcs ordinatim fubaiul- 
tiplos maximorum 5 videliceti intcr fecundum) &: 
quartum; inter tcrtium, & fextum; inter quartutn, 
& oftauum . Ergo rationisdupl^ , inter maximos 
terminos primu, & fecundum, hypologarithmus, 
eftfecundusterminusferici nempe 1(2). de- 
indeinterminorcs terminos fecundum, &quar- 
tum, hypologarithmusjcft fecundus prologari- 
thmus lcriei cx duobus a tertio, nempe cx tcr- 
tio, & quarto: & intcr tertiiim,6c fextum, minores 
adhucterminos hypologarithmus, eft fecundus 
prologarithmus feriei C, cx tribus a quarto, ncm- 
pe ex quarto, quinto , &fexto. & dcinccpsinter 
minores tcrminos, quartum , & o^aauum , hy po- 
logarithmus, cft fccundus prologarithmus lcriei 
Z),ex quaruoraquinto, ncmpeex quintofexto, 
feptimoj&o^aiauo. Scd huiufmodi fccundorum 
prologarithmornm , maior eft,qui ex pluribus, 
quamquiexpaucionbustcrminis. Ergo hypo- 
logarithmorum duplc rationismaioreft, quimi- 
noresinter eft tcrminos,quam qui intcr maiorcs. 
Quod&c. 

Rurfum in fcric arithmetica naturali,ratio fub- 
ftfqiiialtcra, cft intcrminimos terminos, fecun- 
j dum,&icitium;dcindeinter maiores,ordmatiai 
ip.fe. I mulriplosminimornm; vide!icet,intcr quartum, 

&fcx- 



Q V I N T V M. 155 

& fextumjinter fextum,8cnonumj intcr oSauuixT) 
24. h. & duodecimum . Ergo reciproc^ in ferie harmo- 
nicanaturali^ratiofcfquialtcra edintcr maximqs 
tcrminos, fecundum, & tertium ; dcindc intcr mi- 
norcs, fubmultiplos maximorum, quartum,& 
fcxtum ; & inter minores fextum , & nonum ^ 81 
adhucintcrminores odlauum , &duodecimunrLr, 
4(f.2^h Ergo rationis fcfquialtcrce intcr maximos tcrmi- 
nos, fecundum, & tcrtium , hypoIogarithmus,eft 
tertius feriei A. deinde inter minores, quartum,8c 
fcxtum , hypologarithmus , eft certius prologa- 
riihmus feriei ex duobu5 a quinto , ncmpe ex 
quinto, & fexto. & intcr fextum,& nonum, adhuc 
minores terminos , hypologarithmus cft tertius 
fcrici C, cx tribusafeptimo, nempe ex feptimo, 
oftauo,&nono.&interov3:auum,&duodccimum 
adhucminores,hypoIogarithmus, eft teruiis fc- 
riei D, cx quatuor a nono, nempe ex nono,dc- 
4S. h. cimo, vndecimo, & duodccimo . Sed in fcriebus 
haiufmodi,tcrtiorum prologarithmorum ,n.aior 
cft , qui ex pluribus, quam qui cx pauciorihus ter- 
minis. Ergo fcfquialtcr;^ rationis hypcloga- 
rithmorum ,maioreft,qui minores intertcrmi- 
I nos, quam qui cft inter maiores. Quod &c. 
Simili prorfus dcmonftrationc oficndctur; defcfqui- 
tertia ratione,adhib itis quartis prologarithnis carumdcm 
fcricrum: & de fefquiquarta, adhibitis quintis prologa- 

Ll rithmis: 
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rithmis: & de omni fupcrparciculari rationc • 
Quare 5cc. 



Theor. 5 5. Profof. 5 6. 

CViufquc numerofe rationis hypologarithmi , <ju6 
funt, minorcs inter teiminoS|C61unt maiores • 

Hypoth. 

Efto numerofa ratio inter feriei harmonicar namralfe 
tcrminos ab vnitatcmaiores 1(3^), 1(3^), & dcindeio- 
ter minores i{^a)y 1(4^). 

Dico intcr i (4<f), i (4/^), maiorcm eflTc hypologari- 
lhmum,quaminter i(3<^)> 1(3^). 

Pr<efar» 

AflTumanrurminimi numcri in-codcm ritionc 
4, h\ &intcrminimos, medij omncs f,<^:quoruiii 
tcrminorum r^^,^, rationcsdcincepsiuncrup' 
particulares; aflumantur &eorum muIripIi,do- 
^7* ncc proporitorum tcrminorum dcnoininatores 
»5« 5» inueniantur, 34, ^r, 3^/, 3^, & 44, 4^,4^, 4^, caf- 
dcm fupparricularcs habcres rationcs dcinceps. 
Sumantur deniquc in ieric harmonica, tcrmini ab 
• his dcnominati i(ia\ i(30> ^(3^> i(jO>SJ 
34. K 1 (44), I (^r), I (4^), I (4/»): quorum rarioncs dc- 
inccps,rcciproc^ funt ej dem,& lupcrparticularcs. 

Dtmonjir. 

%%.h. [ Inter 1(4^»), i (4^)> oiaior cft hypologari- 
l thmus, quam intcr 1(3^); i(30* & intcr 1(4^^ 
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1(4^), maior,quam intcr lOO, i(id): & intcr 
il^d), 1(4^), maior,qaamintcr 1(3^). 
53. h. Etcxmaioribushypologarithtnis, maior cfthy- 
pologarithmus compofitus, rationis compofita^, 
mter cxtremos i (4^), i (4^), quam ex minoribuy, 
inter cxtrcmos i (3 i (3 . Quod Scc. 
Quare&c. 



Theor. 5 7. Prop. 5 7. 

Elufdcm rationis,intereo(Ucmrcrminos, hypcrloga- 
rithmushypologarithmo cft maior. 

Hypoth, 

Sintin fericharmonica naturali abvnitate,termini a, 
h: & efto 4 prior, quam L 

Dico rationis a ad intcr a, h tcrminos,hyperloga- 
rithmum hypologarithmo raaioremeflc. 

Prrtpar. 

Intcr 4, fumantur mcdij omnesinfcric harmonica, 
qnorum fumma c. Demonjl. 
hypoth. a: prior , qu^m h. 
zj. h. a: maior,quam h. 

a-^c: maior,quam cH-i. 
def.iih ' hyperlogarithmus. 
def.2 jh c-*^b : hypologarithmus. 

Ergo rationis a ad intcr h terminos,hy- 
j perlogarithmus, eft maior hypologarithmo. 
I Quod&c. Quare&c. 



isi E L E M E N T V M 

Theor. jS.Prop. 58. 

Elufdem rationis inccr quofcunque tcrrainos, hypsr- 
logarichmus hypologarith.no ell maior. 

Hyporh. comm. 
Infcrie harmonica naturali ab vnicate, fuinotermini 
proportionales 4 ad by vt c ad d. 

Dicointcr h hypologanchmum , hypologarichmo 
intcr c, maiorcm cfle . 

Hypoth. p. cdf 
Efto ay maior , quam c, 

T>emonJlr. 

14- 5- I Quoniani maiorcft,quam c; ctiam hy ma- 
54- ioreft,quam d: & intcr a^ by maiorcft hypcrlo- 
58. K garithmus , quam intcr Cy d: fcdinter c, hy- 
perlogarithmus hypologarithmo eft maior; crgo 
inter /t^/^hypcrlogarithmus, hypologarithmo in- 
ter f, dy eftmaior. Quod&c. 

Hypoth. 2. caf. 
Efto minor, quam c. 

Demonjbr, 

14. 5. I Quoniam 4, mmoreft, quam Cy ctiam h mi- 
58. k. norcft,quam d: &mtcr 4 hypcrlogarithmus 
55. b. hypologarithmoeftmaior.-hypologarithmus au- 
tcm inter by hypologarithmo intcr dy cft 
maior. Ergo inter ^ b hyperlogarithmus, hy- 
pologarithmo mtcr r, dy eft maior. Quod &c. 
Quarc &c. 
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FrohL I. Prop, 5 9. 

D" Ata rationc , tcrminos inuenirc cuiufpiam dctcrmi- 
nataf rationisnumcrofe,infcric harmonica natu- 
rali ab vnitatc,quos intcr hypologarithmus ad vltmuim, 
maior cft, quam in data raiionc. 

H;)fctk 

Sit data ratio a ad h: &fitdetcrminata rationumcro- 
fa r ad ^ • 

Op ortct iniicnirc in fcric harmonica naturah ab vnita- 
tc, terminosproportionalcs, vt c ad d: quosinter hypo- 
logarithmus ad vltimum ccrum, maior eft, quam vt a 
ad h. 

Coifr. 

Rationis c ad minimi numcri inueniantur r, d: & 
efto c minor, quam r/; cuius dcfedius r &iniicniatur/ 
mulf iplcx ipfius €y & maior ad vritatcm , quam vi n ad h: 
&quotuplex eft/ ad ^,'totus numerus accipiatur^: pcr 
quem multiplicentur f, dy tcrmini^&fiant gcygd produ- 
d:i:quibusdcnominata'luniantur vnitatesin fcricharmc- 
nicanaturali, i(^f), 

Dicointer i(^f), i(^<^) Iiypologarithmum ad i(^^i), 
maiorem cflc, quam vt a ad L 

'Vernonfir. i ^ 

p. h. I Quoniam f, minorcft, quim d: & ^f, minor 
la. fc. j quam^^: crgorcciprocc i(^f) maiorcft,quam 
rff/.ip.fc ' \{gd)\ &fingulf mcdijharmoniciintcr i(^0> i- 
f. |. I (^^), funt raaiores, qudni i {^dy. &fmulom!ic5 

aJ 
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ad I (^d) maiorcs funt , quam vt corum raulciru- 
p. 3, do ad vnitatem. & componcndo hypologari- 
ihmusinter i(^f), i(^d)y roiior eft ad 
quam vt cius multitudo terminorum ad vnitatera. 
44. //. Tcrmini autcm fcrici harmonicc ab vnitate io- 
clufiuc, vfqne ad i (^d) inclufiue, tot runt,quotu$ 
eft ^^: &vfquead i(^f) incIufiuc,quotuseft, 
&ab 1 (^f) cxclufiue , vfquc ad i(^^/) inclufiuc, 
30. \ tot,quotuscft, ^d — £c. Scd d — c, eft e: & 

— ^Cy ert^(f; & ^ multiplicans e, facit f. Ergo 
tcrminiab i(^c) exclufiue,vfqucad i(£d) inda* 
def.i^h fiue,totfunt, quotus eft f.Scd rcrmini ab i(ff) 
exclufiue, vfque ad i(£d) inclufiue , componunt 
hypologarithmum inter i(^0> ^(^^)' crgomul- 
titudo tcrminorum hypologarithmi intcr i(^), 
cofiflr. I (^^), cft f. Scd / ad vnitatcm maior cft , quain 
vt ad b. Ergo hypologarithmus inter i(^c), 
i(^d)y ad i(£d)y maior eft, quam vt a adi. 
I Quod &c. 
Quarc&c. 



ProhL 2.Prop.6o. 

DAra rationcjterminos inucnirccuiufpiam dctcrroi- 
nata? raticnis numcrofa?, in fcrieharmonica naiu- 
raii ab vnitate,quosinterhyperlogarithmusadprimunu 
maior cft, quam in data ratione . 
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Hypoth» 

Sit data ratio azd iicdercrminaca ratio numero* 
facadd: &cfto f,minor, quam d, 

Opoi tet inucnire, in fcrie harmonica naturali ab vni- 
tatc, terminos proportionales vt c ad d: quos intcr hy- 
pcrfogarithmusadprimumeorum,maioreft, quam vt a 
ad 

Conjhr. 

ff' I Fiat vt d ad f, ira i ad f: & inucniantur ter- 
I miniinfcricharmonica naturaliabvnitatc, pro- 
! portionalcs / ad /,vt^/ ad c; interquos hypolo- 
I garithmus, maior fit ad quam vt a ad e. 
Dicointcr fy g hypcrlogarithmum, ad f maiorcm ct 

fe y quam vt a zd k 

Demonflr. 

€onflr. [ Intcr fy £ hypologarithmus ,ad maior cft, 
conflr. quam vt a ad e:^ adf eft vt e ad /: crgo intcr 
4* 3' fy £ hypologarithmus, ad f maioreft, qudm vc 
57. b. a ad Scdintcr f^ hyperlogarichmus hypo- 
S. 5. logarithmo cftmaior^maioremquchabct ad/ ra- 
ij. j. J lionem :crgo intcr fy g hypcilogarithmus, aJ /i 
j maior cft, quam vt a ad b. tjuod &c. 
Quare &c. 



D 



Probl. 3 . Prop. 6 1 . 

Atisduabus numerofis, &non arqucaltis rationi- 
bus^ vrrilque maioris, velvtnlquc minorisinje- 

quali- 
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qualiratis : iuuenire in ferie harmonica naturali > tcrm inos 
duarum rationum , vt hypologarichmus altioris , maior fit 
hyperlogarichmo deprcfTioris. 

Hypoth. 

Sint duse rationcs numcrof^ , vtrsequc maioris , vd 
vtrseque minoris inxqualitatis , A altior , 3 dcpreffior. 

Oportecinferieharmonica naturali ,terminos inucoi- 
re vtrarumquc , vt hypologarichmus A , fit maior hy- 
pcrlogarithmo 3. 

-f Conjlr. 

Inueniantur c , ^ , minimi uumeri numerofr 
rationis A : quorum c , minor , quam d . Item 
inueniantur e yfy minimi numerof^e rationis 2; 
ief,x%h I quorum minor, quam /. Fiat cx c, r pro- 
j A 3 



5 5« 7- 
35- 1 



I 
I 



c d 




e 


ce 




i 



9. h. 



fc, 



cfi 



f 

de 
def 

l(def) 



10. 5. 



dudus fc: & vt c ad dy ita c ^ ad de: B>c e 
/, ita ce ad cf. Et quoniam altior cft A , quam 
j 3i idcft, c ad d, quam c ad/5 ideft , cf ad <if , 
I quam ce ad r/. & funt minoris ina:qualitatis. 
ergo ce minor eft ad de , quam ad cf. Ergo f/J 
mmor cft, quam dc. Sumatur intcr cf, de me- 
dius quilibet numerus & multiplicenturom- 
def.i%Jh I ncs fc , cfygyde^ communitcr pcr/: & 

pro- 



II. 

eonflr. 
14. 5- 



27. h. 

14. 

14. eJ? 
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1 produai ccfy cfi.J^y def. nccQou multiplicecur 
9. pcrr. &rit produdus^^. Etquonia ccfad cfi^eft 

vt e ad/- itemf^ad /^,eftvt (?ad/crgoc^/adf/z, 
eft vt ad f^. Eft autem r/, minor,quam^: er- 
go c/2, minoreft,quam^: ergo cef minor eft, 
quam eg: er^ofunt quatuornunicri,hocordmc^ 
cef egy fg, def priores minores poftcrioribus ; a 
quibusdcnominata^vnitatcs i(cef)y iQe), 
. i(def)y funtinferieharmonicanaturali ab vaita- 
te, hocordine, priores maiores poftcrioribiis. & 
eft licef) ad lidef), vt ad & i(eg) ad i- 

Dico hypQlogarithmum inter tcrminos i (cep» i (^//), 
maioreeflehyperlogarithmointerterrainos i(^^), i(fg). 

OemoHjh. yi ^ 

c^c/.i3b I Namhypologarithmus interterminos,i(ff/), 
i(def)y cx i^e-^), cx !(/?), & cx omnibus intct;- 
def.iih mcdijsjalijfque terminiscomponitur.hypcrloga- 
rithmus vcro intcr i(cg)y i(fg)y ex i(eg)y ^ cx 
intcrmcdijs terminis, vfque ad i(fg) exclufiuc, 
componitur. Ergo hyperlogarithmus inter i- 
I (c€f)y i(def)y maior cft hyperlogarithmo inrer 
\i(€g)y \(fg). Quod&c. Quare&c. 



D 



ProbL 4. Proj). 6i. 
Ataquahbet ratione inarquahtatis ,inuenirc in lerie 
harmonica namrali abvnitate,terminos dctermi- 

M m riatam 



* »1 
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natatn habcnccs rationcm intcr quos hypcrlogarithmtii 
adhypologarithmum propior eft xqualicati; quainind^ 
ra rationc . 

Sit data ratio inxquahtatis a zd k & fit dcceraimcs. 
qu^edam ratio C. ' 

Oportct inucnircrcrminos in (cnc hannonica naturi 
aL vnitatc, habentcs eamdem C raiionert jintcr quoshy- 
pcrlogarithmusadhypologarithmum cftpropior ceqiu- 
litati, quim vt a ad k 

CoKflr. ' 

•^o. j Efto a maior quam L '&inucniantur inferib 
j harmonica naruraR ab vnitate , termini , prior 
,! podcriortjintcrquoshypcrlogarithmusadpno- 
I rem dy maiordt,quamvt a zda — L 
« Dico fTfrcr c hj^perltDgarkhmum ad hypologaii- 
thmurri, maiorcm dR, quAm vt «1 ^d maiorena , quanb 
vc^ad^.' - ' ^ - ■ 

Intcr dy r, aflumaiur mcdioruoi omnium harmoa- 
corum fumma/ 

Intcr e hypcrlogarithmus cft d-^^fi & 
pologarithmus f^e: &eft d-^f ad maK>r,qiuin 
3- 3' j vt ^ ad 4 — bi &pcrconu^rfionem rationjs,^ 
». 5. ! -+/ ad f minor,quam vt a ad k Sed df 
1^.5- ! -fr, minorcft,quam vi d-^f f: ^.t^6 Oi^fV 



dqf.%2, 
ccnflr. 
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/-^^, minorcft,quim vt 4 ad Ergo inter e 
hypcrlogarithmus ad hypologarithmum , minor 
cft,quamvt d L Quod&c. 

Et eft hypcrlogarithmus hypologarithmo 
maior; k auocm,mmor,q«am Ergo hypcr- 
. logarichmus ad hypologarithmum maior cft, 
i.quam Quo4 



C^uare &c. 



s 



I fueritprimaadfccundam,minor,quam vt tcrtia ad 
quartam^ fuerit autem prima, quam tcrtia^^maior: cric 

fccunda , quam quarta, maior . 

. 7 Demopflu r 
J». y. I • Nam fi effet fccunda a^qualis qHorta: :eit;t pr i- 
ma ad fccundam, maior , quap| vt tcrtia ad ouar- 
tam: contra hypotheftm . Quod fi fccunda cflcc 
5f i mmor, quamquarta;9fl<^t pinfSi ad fccund^i-L, 
I maior,quam vt ad quartam.prtijna auccm ad quar- 
13. 5- j tam,tliaior<5ttquanu't tcrtiaadqqarram: dlgcr- 
go prima ad fccqcKiam , maior , quam vt tcrtia ad 
..q4idrtam'i COni*a liy{¥>thdim.:.£ft crgo fccun- 
da, quam^quarta ipaipr. Quo^&c. Qqarc Sfc, 



8. y. 



SI fucritprimaad fecundam,mi}jar,qiJam vt ccrria a,d 
quartam 5 fucrit autem prirp»,, igiva^t^rpaj mmor: 

M m 2 ' crit 
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crit SifecunJa, qiia n quarta , mindr . 

Demonjlr, 

8. 5. Nam fi effct fecunda xqualis quartae ; eflct pri- 
ma ad fcciindamminorjquam vttertiaad quar- 
tam. contra hypothefim . Quodfi fecunda dfe 
8. 5. maior , quim quarta : eflTet prima ad fecundanb, 
8. j. ^ minor,quim vtad quartam i prima aute ad qua^ 
13. j. tam, minor eft, quim vt tcrtia ad quarcam ; c& 
crgo prima ad fccundam , minor , quam vt terta^ 
ad quartam. contra hypotheGm. Eft crgo fc- 
M I cunda,quimquarta}minor. 

Quare&c. ( 



Theor.6l. Pr<f.6$. 

EArumdem numerofarum rationum vna tantiinL 
quantitas ell logarithmus. 

' Hypoth. 
Suntodua^quantitatesin^qualcs & efto loga- 
rithmus rationis C 

Dico y non cffe logarithmum rationis C. 

Pr^par. 

Sumaturciufdemrationis C, hyperlogarithmus 
<j3. h. & hypologarithmus propiorcs xqualicati) 
quam vt 4 ad h. 



$7. /;. 



Demonjhr. 
^/tmaiorquam e. 
Si ii> maior cft^ quam k 
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conflr. I d'^ e: minor^quini a-^ k 
dtf.x^h d: maior , quam a. 
6$. b. r. maior,quam 

ief.z^h non eftlotjarithmusrationis C. Quod&c. 
Si 4, minoreU,quam b. 
confir. I e-y d: maior, quam a-y h. 
tlef.z^h \ e: minor, quam a. 
64. h. ! d: minor, quam L 
ief.x^h noncftlogarithmusrationis C. Quod&c. 
Quare &c. 



:> 
♦ r 













Theor, 


61. Prop. 66. 











DEterminatcT numeroia? rationis hypologarithmi ad 
vltimum rerminuin, & hypcrlogarithmi ad pri- 



mum > funt rationc^ qua(i infinita? 

T)emonflr. 

Poflunt enim inueniri cuiufejue dcterminatg ra- 
tioni^numerofar termini in (enc harmonica natu<r 
rali ab vnitate, quorum ad vlr irtium, hypologari- 
thmusmaiorcrt,quam indata quacunque ratio- 
I ne sitenfi, quofum ad primum , hyperloganthmus 
maior cft, quim in dara quacunque ratione. Qua- 
rc hypologarithmi ad vltimum terminum,& hy- 
pcrlogarithmi adprimum, ratioquafi eftintinita. 



do. 



ieff. 



Theor 
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Theor. 6 5 . Prafcf 6^^ 

SI trium ina?qualium quanticatumji maxioU) S^niiaiaiah 
fucrint propiorcs ^equalicati, quim data ratio inf qoi- 
litatisictiom maxima^ &mc4]iay mcdi;i|& m^njmd , zi\m 
prcpiorcs arqualitati ^ qulm data cadcm 1 atio . 

HypoiK 

Sintinxqualcs quanritatcs ci maj^ima quidtiD 4 
minima r. iidt dararatioinxqualitatis d ad cuiusm^ 
ior tcrmiiius xjd^t^x e: &rit d adc, propior «J^qualitjo^ 
qunm d ad e. 

Dico Si h propiorcsxqualitati,quam c: 

Dcmofijlr^ 

lyfoth. I a-^ f: proplorxqualitart, qualn d^ e. 

%. 5. 

«.5. 
13. 5» 



a-j L: minor,qua4n dje. & ^3 a: n^aipr^qu^m rjii 
a-y t: propior aiquakati^qu^m dy r. Quod&c 

c minor,.quaa> ^5 fttS^ k maiofjquim qi» 
ksix miOQr,qM^Qa:^i c; h: ^iaior^am c]L 



^5 <4 propk)raqM4i^ati, guam d-^e^ Qijod&c. 

ProkLi.Prap^6H^ 

DAcaquaUbct r^tiopc 4n^<]^alicatiSj mucqire ^UfU^ 
dam dctcrnnn^ta: r^tiejnjs byp«rJqgiM"i^(i|nos,& 
b).p.oIogaruhuiQ5.iid.iauic£m,>.6c ad iagambqgium pior 
piorcs ^equalitati, quam in data ratione . 
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ffypoth, 

Sit data raiio inarqualitatis a ad l?y cuius maior tcr-r 
minus minor &(it(fcterminata quieJai^ ratio C. . 

Oportet inuenirc hyperlogarichmos , & hypologari- 
thmos ad inuicem, & ad logarichmum rationis C, propio-» 
res ajqualirati , quam in ratione a ad L 

Cenjlr, 

6i. ¥. J Inuensantur in fcrie harmonica naturali ab vni- 
' ' ''^'^l^atfe du'6' tehnihi r, habefttes eanfKlcm ratio- 
} nem Cpnterquoshyperlogarirhmus adhypo- 
— J kygariiiimum fit propior aequal^tati-, quim in 
I racionc a ad L Surnantifrque minorescermini 
j quam dy f, eamdem habcntes rationcm Cy inter 
I quos efto hypcrlogarithmus Secllo hypol^ 
! earithmus &£ eiufdem rationis C, efto logari- 
thmus ki 

Dico fy p-hy I, propibrcscflcsequalitati, quamin 
nitrone a zd k 



54- fc. 



f: nnior eft,quam f^. ' ' 



if?ftt4*; 1 h. maior , qudm l^. 
i^* maior , quam V. 
f: toior, quam 

J^^rpropiorecjuatitatf, quam k 
67. ^?. /> ^> ^,?> propioresafqualicati^quam inratio- 
] ne ^ ad Quod &c. 
Quare &c. ■ ■ — 



E 



69, h. 
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Theor. 54. Prop. 69. 
lufdem rationis hyperlogarithmi, hypologarithmi, 
& logarichraus, quafi func ajquales . 

Demonjlr. 

Pofluncenim inucniri eiufJem racionis hyper- 
logarichmi , & hyp jlogarithmi, & ad inuicem , & 
adlogarithmum propiorcs;cqualitati, quam in-# 
dataqualibet ratione inxqualitatis. Qjare ciuf- 
dem rationis hyperlogarithmi, hypologarithmi, 
& logarithmus, quafi funt xquales . 



Theor,6^. Prop. 70.5, 

TTJ Quealtarum numcrofarum rationum , jqualcsfunc 
-^J^ logarithmi. 

T)€WonJh'. 

6$. h. Earumdem enim numerofarum rationum, vna 
tantiim quantitas,eftlogarithmus. Sed afqucal- 
tXy funt e.-edcm inter fe. nam fi non efTcnt Cf dem, 
cum vcl vtraquefic maioris, velvtraque mmoris 
inf qualitatis ; vrrarumque maioris , quc minor 
fet, vel vrrarumque mmoris ineequalicacis, qu^ 
maior c(Tec, propiorelTec ajqualicati : &non cflent 
j inrcr fc a^quealr^; concra hypothefim. Ergo 
! ctiam a^qucaltarum rationum , vna tantum quan- 
j titas cft logarithmus . 
Quare &c. 



N 



Q V I N T V M. 281 

Theor. 66.Prop. 71. 

Vmerofarum rationum, altioris, maior eftlogari- 
thmus, &dcprcfliorjs, minor. 

Hypoth. 

Sunto numerofae rationcs, A altior, jB depreffior: 84 
cfto ipfius logarithmus a-^ & iplius S, logarithmus 
Dico 4, maiorem e(lc,quam I?. 

Pr^epar. 

61. j Inucniatur f, hypologarithmusrationis -^^5 & 
I dy hypcrlogarichmus rationis vt fic maior, 
qu^m <L 

Demofijh. I 
maior, quim c. 
€onfir, j r: maior,quam d. 
def.i^h I (i: maior,quam l?. 



j ^ maior, qudm h. Quod Sic. Quare &c. 



Theor.6j. Prop. 72. 

MVltipIicatarum numcrofarum rationum hyperlogar 
rithmi funt quafi xqucmultipliccs: item hypologa- 
rithmi, quafi aequemultiplices . If 

Hypoth. 

Suntoraiioncsnumerola: ^: & efto Ay trlplicata-» 
ipfius 2. . 

Dico hyperlogarithmos hyperlogarirhmorum 5?, 
quofi triplices cffe. itcm hypologarithmos hypologari- 
thmorum . 

Nn De^ 
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Demonjir. 

55- J ExjBy^B rationibus deinceps, duplicati iapd- 
nis hyperlogarithmus, eft ex hyperloganchrnis 
vtrarumque S compofitus. Etex 'B,^,'BT2f 
tionibus deincep5,tripIicata:rationis Ay hypeilo- 
garithmus> eft ex hypcrlogarithmis trium B 
compofitus. item hypologarirhmus cxhypolo- 
garithmis. Scdrarionum ByB^^B dcinccps, hv- 
pcrlogarithmijfuntquafi xqualcs: iccm hypoio- 
garithmi, quafi a?quales . Ergo componendo,ra- 
tionis ex duabus "By By duplicatx hyperiogari- 
thmus,adhyperlogarithmum vnius 'By quail eft 
duplex: & iterum componendo, rationis Ay ex tri- 
j bus By ByBy t ripljcatx hypcrlogaH th ^us 3^ hy. 
pcrlogarithmum vnius^, quafi efttriplcx. item 
hypologarithmusad hypologanthmum,quafi eft 
tnplcx . Quod 6cc. ~, — 

Quare &c. v 



25- 3 



Theor. 58. Prop, 75, 

MVHtipIicatarum numerofarum rationum, fiint arque- 
niultipliceslogarithmi. 

Hypoth. 

Sunto rationes Ay 2, numcrofce: &efto Ay mulripli- 
^tata ipfius "B. 

I Dk o Icgarithmum Ay logaritfami totuplicem efle, 
quotuplicatacft ^ ad ^* 



h. 



y%. h. 



31. 5. 

h, 

3h^' 
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Hyperlogarithmi, hypologarithini , & logari- 
thmus /1, funtquafi .Tqualcs : item hypcrlogari- 
thmi, hypoIogarithmi,& logarithmus Z^/unt q ja^ 
fia:quales. Scd hyperlogarithmi Ay adhypcrlo- 
garuhiuQS Sc hypoIogaricJimi,ad hypologa- 
rithmos, funt quafi torupIiccs,quotup!icatacfl: 
A ad 2. Ergo hypcrlogarichmi Ay adlogari- 
thmum 2, funt qual 1 totuplices . Sunt autem logo- 
rithmi & quantirares dctcrminatar . Ergo 
] loganthmus Ay ad logarithmum totuplexclt, 
j quotuplicataeft A ad Quod &c, 
Quarc &c . ^ r 



Theor, 6 9. Prcp. 74. 

RAtiones numeroff logarithmicam inter fe rarionem 
habcntcs, logarithmice funt proportionales, vc 
carumlogarithmi. 

Sunto nurnerofa? rationes Ay logarithmicam inui- 
ccmrationem habentcs: &eftoracioni$ iogaridimus 
43 &racionis logarithmus b. 

Dico ad cife Iogarichmice> ficut a ad 

Pr^par. 

Rationis Ay & quancicaiis fumanCLT mulriplicjta-» 
ratio 5^,&a^quemuiciplcx quantitas 54: icem rationis», 
&quantKatis multiplicata ^Z^^&arqucmuItiplcx 4/». 

" Nn 2 - Z^^- 
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Demonflr. 

bypctb. Rationis Ay logarithmus cft a. 
7j. b. Rarionis sAy logarithmuscft 34. 
hypoth. Rationis logarithmus cll h. 
7j. h. Rationis 4», logaiithmus cft 4^. 
71. /^. Si 3-4, cftaltior,quam 4»; ctiam 34, eft raaibr, 
70. it. quara ^b: fi dcprcfliorj minor: fixquealUji 
a^qualis. 

Jeft,4, 1 ad S, cftlogarithmic^,ficut aad L Quod&c 
Quarc &c. 



PrciL 6.Prop. 75, 

DAta ratione , numerofam depreflior inuenire . 
Hypotk. 

Eftodata ratio a ad k cuius maior tcrrainus 4, mi- 
nor L 

Oportct numcrofam inucnire depreffiorcm^ qiuaii 
ad/^. 

Conflr, 

Efto f, cxccftus 4—^; & muIripKcetur r, donec fiat 
maior^quam l\ & fit multiplicationis nuracrus di cuiad- 
dita vmtasfaciat 

Dico e ad 4 dcprcfriorem efle, quam a ad 

'Dcmonflr. 

Quoniara crf, maior eft quam b: ergo f J-fc, maior 
cft,qujm h-^Cy idcft, maior, quam a: & c^-hf ad c, iiw- 
ior eft,quam 4 ad c. crgo per conucrfipnera rationis d 
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ad cdj minorcft,qudm a ad b. Sed cd-^c ad cd^dX 
vt d-+<# ad rf: 61 r cft crgo ^ ad minor eft,quim 
<i ad & cft maior, quam d: ergo r ad ^i, eft deprel- 
fior, quam a ad Quod &c. 
Quare &c. 



Probl.J.Prop.-j^. 

DAtis duabus rationibus non xqucaltis , logarithmi- 
cam rationemhabcntibus: inucniic numerofaiTL» 
rationem,deprefl;orem altiorc datarum, &altioremdc- 
prcifiorc. 

ff^poth. 

a £ e h y 

c f d 

l i k 

Sunto rationcs dat^e maioris insequalitatis, <t ad i al- 

tior, & <• ad ^ depreflior . 

Oporiet rationcm numerofam inuenire , depreiriorcm, 
quam a ad by &aIciorem,quain c d. 

Conflr. 

Sumatur inter a, t, mcdia proportionalis e\ & inter r> 

media /. Et vt f ad f, ita fiat e ad^; & vt / ad d, ita 

c ad hi &erit exxquali g ad /?, vt c ad di critque^, ma- 

ior, quam k & crunt /7, irescontinu^ proportio- 

nales : eritquc g maior,quam & 0 maior,quam h. 

Etquoniamficut a ad by duplicata,ert rationum a ad 

r> & <r ad ^5 fic ^ ad fc, duplicataeft rationum ^ a.1 & 

^ ad h\ 



1 
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a 




i 


€ 


h 








f 


d 




l 




i 





i8. 4. I ^ ad h: permutandocricficut 4ad /», aItior,quani 
g ad h; fic a ad Sc e ad hy alcior,cii!im ^ ad 
^ ^ ad h: funtqucrationesmaiorisinarv^ualicaris: 
crgo a ad e^ maior cft, quam ^ aJ e:&c. 4, maior, 
£|uam item e ad maiorcft,quani ^ ad 
/7, maior, quam L ^ 
Duarum quantiratum h — vcli, fumatur vna noir» 
maior,quamaltera:qua?fit h — t: cuius a^qualiter diui& 
fecundumqucmlibctnumerumparticulafit /. & multipli- 
cetur /, donecfiatprimo maior,quam k & efto multi- 
plicationisnumerus k. Deindcmuicipljcetur /, donecfiat 
prim6maior,quam £: & fitmulciplicationisnumerus /. 

Dico / ad kj dcpreffiorcm cflc,quam a ad ^-altiorcm, 
quam c ad d. 

Vemonflr. 

Maior cft fc— ^,quJm /: fcd Ki—h nonmaior:ergo 
h — maioreft, quam Ki-^-k: &/?, mjior,quam Ki: & 
cft Ki maior,quam k Dcinde'4 ad efl: vt € adt: Sce 
ad cft vr h ad e: crgocx a*quali inpcrturbata, a ad 
eft vt h ad h. &pcrmutando a ad vt ^ ad />: & 4 — g 
ad /7—/» vt 4 ad j^: fcd a maiorcft,quam ^: crgo a — 
maior cftjqiiam /; — /: fcd h — hy maioreft,quam /; cr- 
go 4 — maiorcft,qiwm i. fcd // — non maior eft, 
qtiam /. crgo'4-'^j maiorcft,Quam //— j: crgo a nat- 

ior 
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ior cft , quum /; . Ergo // ad ki> vel / ad k. minor cd:, 
quim aadh: & funt raaioris in^equalitatis : ergo / ad K 
dcpreflTiorcftjquam a ad k Quod&c. Rurfum// maior 
eft, quam & /7 raaioreftquam Kt. Ergo // ad Kiy vel 
/ ad Ky maior cft,quam ^ ad hy vclquam c ad dy&ifmt 
maioris inxqualitatis rationcsicrgo / ad Ky alcior eft,quam 
c ad d. Quod 5cc. 
QuareSic. 

DAta qualibct non numerofa ratione , dataquc altera 
qualibec ratione ing qualjtatis : duas numcrofas ra- 
tioncs inuenire altiorem ^ deprefnorem, quim data nonu 
numerofa, logarithmicc proportionales, vtnumerusad 
numciumj propior^s ^a^qualitati IogarithnQic3B> quam fic 
^aca altera ratio . ' ' 

Hypoth. 

Sit data qudibet ratio non numerofa ; cuiusmaior tcr- 
minus 4, mmor hi & fit data altera ratio iiii?qiialitatiS3 cu- 
iusmaiortenninis r, minor d. 

Oportct imicnireduas rationes numcro&s , alciorcnu^ 
quam^ ad hy &dcpreiIiorcm, quam a ad i; logarithmi- 
ct proportionales, vc numcrus ad numcrum : fed vt aUior 
ad depreiliorcm logarithmice fic minor, quam vt c ad d. 

Cofijhr* ^ 

75- Inueniatur racio numerofa ^ ad dcprcnfior, 

quam c ad^.fumacurquenumerus^> parircrpar, 

ma- 
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I maior quam e: & quocus eft fubcotuplicaci 

racionis a ad hy ratio inueniatur h ad i: 5c irar 
niaturnumeroraracio ad /> depreiTlor > quan 
had i: & rarionis ^ ad /, Tumantur duplicac^^ 
triplicata, & deinceps reLqux mulCiplicatar^doQe: 
fiat ratio My primo alcior , quam 4 ad ^ Sc(t 
mulciplicationis numeris m: qui vnicate mutos, 
relinquacur n: & quocuselt cocuplicata>r3tio- 
nis K ad /, fiac racio 
Dico racionem W dcpreflTiorem cfle , quam a adkii 
/i^ ad 2V logarichmiceminoreraefle,quam vc c ad rf. 

Demonjlr. 

Si enim racio 2sr, non eflcc deprcffior, quam j adi 
cflcc vel «quealca, vel alcior . Sed non eft altior ^lioquin^ 
My non eflcc primoaltior, qudm a ad L neque eft ?qu^ 
alca , alioquin eflec eadem , atque a ad ^ & ellec cuam i 
ad b rationumerofajconcrahypochefim. Ergoratio 
cft dcpreffior, qudm a ad 

j Deindcquoniam K ad /, cft depreflior, quani 
j h ad /: & ad /, cotuplicata quotus eft cft 4 
'ip. 4. 3^ c^^g^ ^ ad /, tocuplicata quotus eft cft 
dcprcffiorjquam a ad fed K ad /, cotuplicaca 
5. j.c^r quocuseft cft altior , quam a ad Ergo nu- 
j merus w, maior eft, quam fed eftraaior, 
j quam r; crgo w, niultocft maior,qudin r. 
, I m ad vnicaccm, maior, quam c ad camdera vm- 
tatem: & per conuerfionem rationis, m ad », mi- 

oor 



fonflr, 
17. 4. 
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nor eft, quam e zdf. Sed vc m ad «, ita logari- 
i thmice eft ratio M ad rationcai ?sr. creo ratio 



I 



. M ad rationem JV^^minoreftlogarithmicejquara 
I vread/:&muIt6minor,quamvtcad ^/.Quod&c. 
Quare &c* 



77 



Thcor. jcProp, 78. 

NOn numerofsBrationisvnarantum quanricas eftlo- 
garithmiis. 

F/ypoth.p. 

— Efto ratio a ^d h non numerofa: fintque duse quanti- 
cates ina^quales , c inaior, d minor : quarum vna f, efto lo- 
garithmus rationis ^ ad /». i A\ 

Dico dy non eflclogarithmum rationis a ad Ir 1 

Pr^fpar. 

j Inuenianrur du.^ raciones numcrofar, alcior, 
j quaiji aad hy dii F deprefTior: vdit £ ad /^,lo- 
garithmic^ licut numerus ad numcrum, & minor, 
quam vt c ad d. &c afTigncntur ipfarum £, F ra-- 
cionum, logarithmi Cyf. 

Dcmonjlr» 

pr^par. E\ Fx logarithmicc minor, quam d^ 
74. h. £3 Fxe-y 
17. 4. e-y f minor , quam (\ d. 
dcf.^^b e: maior, quam c. 
6^.h. f: maior, quam d. 

dcf.^^ ^^noneftlogarichmusrationis a aJ h. QuoJ&c 

O o Hj- 
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Hypoth. 2. 
Efto logarithmus rationis a ad I?. 
r Dico c> none(Ielogarichmunirationis4 

Demonjk. 
fiip. I /: minor, quim r; d. 
X.5. |/5 maior,quam di c. 
def^4h \fi minor> quam d. 
64: h. ! minor, quara f. 

def i^h 1 2*>noncftlogarithmusrationfs a ad Quod&c. 
Quare &c* 



Theor.ji.Prop. 79, 

NOn numcrofarum rationum,aItiorismaiorcftloga- 
rithmus , & depreflioris minor . 

HypotK 

Suntononnumeroferationcs, c^altior, Sdcprcflior: 
&eftoiprius Ay logarithmus 43 &ipfiusS,logarichmus k 
Dico maioremeflb^quam h. 

Pr^par. 

^6. h. Inter S rationes, inucniatur numerofa ra- 
tio C, deprcfllor^quam altior quam jB: cuius 
loqarithmus efto a 

Demonjtrm 
ef.^i^h j 4; maior cft, quam 
defs^h j a maior, quam k 

I a: maior, quam L Quod&c. Quarc&c. 

j^BB^^HB ^■^■MV ^^^^^^ BiftMl^^M iV^BI^^VI^BMm^BBi^^ ^V^^V IWH^^B ■^■^^^K MflMI^WHi^^BK ■■■^Mk OT^^^^^ ^^^*"* ^^"'^* 
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Thcor.jl. Prop. 80. 

MVltiplicatarum rationum , funt xqucmultiplices lo- 
garithmi . 

Hypoth. 

Eftoratio c^rationis jB triplicata: &cfl:o rationis Ay 
logarithmus ^5 & rationis S, logarithmus L 
Dico 4 ad i triplicem cflc. 



• ^HjVotheJis contradiEloria in primo cd[u. 

c d 

E A F G S H 

c a f g ^ 

Eftofifieripotcft a maior , quam triplcx ad h. 

Pr^par. 

Inter rationcm 4 ad /'altiorcmj&rationemtri- 
plicem deprcffiorcm^ratio numcrofa fumatur c ad 
dy deprelTior, quam a ad hy altior , quam triplcx, 
&vt4, fumaior,quam Cy&cdy maior,quam 
Etinucnianturdu^ numcronerationes, £ altior 
quam ^^, & F dcpielTior: vt C\t E ad F logari- 
thmice ficut numcrus ad numerij, & minor , quam 
77. h. I vt 4 ad c. Itcminucnianturdugnumeroferatio- 
I nes, C7 altiorquam & /S/dcprefTior; vtfit G 
I ad //ioganthmiceficutnumcrusad numerum,8< 
1 minorquam vt d ad h. Sint autem rationum E, 
I F^ (7, logarithmi ejfy£y h. 

Oo 2 Dc- 



74f. h. 



77. h. 



2pi 



E 
t 



EXEMENTVM 

A F G 
a f i . l 



H 

h 



Defnonjlr. \^ ' 
prapar. altior,quaoi.F* . ^ :ioiiCTi8 ju*. 
14. 4. Ay logarithmice maior,^uim' Fy 5. 
frxpar. . Gi altior,quam S. 
14.4. 1 55: logarithmice maior,qu-im t7. 
' Ay "B: logarithmice maior, quam F\ G. 
Ay »: triplicata. 

F^ G: depreflior, quim triplicata- 

G: logarithmice /5^. 
fi ^: minor > quam triplex . ...... 

£; F: logarithmicc minor, qu^m ^3 r. 
£5 f : logarithmice / 
f, minor, quam r. 
e: maior, quim a. 

maior, quam c. . ^ ■ 

6*; ^: logarithmice minor, qt^m /5/; 
^5 fc: logarithmice Gy H. 

/?: minor, quam d\ b. 
' maior, quam d. 
h: minor , quam L 
^^: minor, qaam d. 



17. 4. 

17. 4- 
74. /7. 

17. 4- 

74. h. 
17. 4- 

•<53. h. 
prspar. 
74. 
17. 4, 

(J^. /^ X ^ 

^7. /;. I /5 i;.* maior, quam d. 
prspar. \ G d: mnior, quam tnplcx. 
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3. jy^ maior,quuin triplex."! qux funt contradN 
(tip. I y- £: minor, quam triplex. j doria . 
Ergo a ad /», non eftmaior,quam triplex. 

Hyfoth. contrad. m fecttndo cafu. 
c d 
E A F G 'B H 

e a f g h'-'h 

Efto fi ficripoteft a minor,qUw\m triplex ad L 

Prcepar. 

'^' h. Inter rationem ^ ad ^ dcpreffiorcm, &i ratio- 
ncmtripliccm altiorem rario numerofi fumatur 
c ad dy depreflGor,quam triplex; altior, quam a 
ad k&cvi c fit maiorquam a\S<b maior, quam 
7* I d. Et inueniantur du^e numcrofx rationes, E al- 
tiorqudm zA^iitF deprefiiori vtfit E ad /^lo- 
garithmice,ficut numerusad numerum,& minor, 
quam vt c ad a. Iteminuenianturduor numcro- 
rationes; G altior, quam & //, dcprcdior; 
vtfit G ad //, logarithmiceficutnumerusadnu- 
merum,&minor,quam vc ad rf. Sintauteai ra- 
tionum /^, C/, /i/, logarichmi /i h. 

T>emonfir. 

E: altior, quam A. 
14. 4, iE^; A^: logarithmice maior, quam /y. 
r^par. "B: altiof, quam //. 
i^. 4. /i^- logariihmicemaior, quam A-^ B. 
17. 4. 1 £3 logariihmicemaior, quiim A^ "B. 

Ay B: 



7. h. 



rdp(tr 
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c d 

E A F G 3 H 

e a f i k h 



A'y T: triplicata. 
£i ff: maior, quatn triplicata . 
e-y h: logarithmice vt 
Cy h: maior, quam triplex . 
£'y F: mjnor,quam Cy a. 
Ey F: logarithmicc ytCyf. 
e'y fi minor, quam q a. 
fy e: maior , quam 43 c. 
f. minor>quam a. 
e: minor , quam c. 

G-y H: logarithmiceminor,quam h-y d. 
£'y h: logarithmice, vt Gy H. 
£y h: minor, quam d, 
g: maior, quam h. 
h: maior,quam d. 
e-y h: minor, quam r; d. 
Cy d: minor,quam triplcx. 
e-y h: minor,quamtripIcx.7 quae funt contrad 
^ Cy h: maior, quam triplcx.j doria. 
£rgo a ad hy noncftminor,quam triplcx. 
Ergo a z(\ h cft triplex . Quod&c. 
Quare &c. 



h^feth. 
17. 4. 

74. 
17.4. 

prapar. 

74- 
17. 4. 

2.5. 

6^. h. 

frxpar, 
7^. h. 

17. 4. 

dcf.^ih 
6^, h, 

67. /7. 

prspar, 

Jnp. 



Theo^ 
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Theor, y^.Prop. Si. 

OMnifariam rationes,Iogarithmicatn inter fe ratio- 
nem habcntcs,logarithmice funt proportionalcs,vt 
caruralogarithmi. Hypoth. 

Dico A ad eflc logariihmice,ficut4ad^. 
Sunto rationes Ay logarithmicam inuicem ratio- 
ncm habentcs: & cfto rationis A^ logarithmus a-y & ra- 
tionis logarithmus h. 

Pr^par. ^ 

Rationis Ay &quantitatis a, fumaiuur multiplicata ra- 
tio s^i &a:qucmultiplex quantitas 54: item rationis 
Scquantitatis mulriplicata ^"B, & ;equemultiplcx 

Demonjhr. l 
hypotb. I Ration s A, logarithmus efl: a. 
^o.h. Rationis 5 /4, logarithmuseft 5^1. 
bypoth. Ration s logarithmus cft L 
%o. k. Rationis 4^, logarithmus eft 4^. 
dtf,^^) Si 3^, eft altior, quam 4^5 etiam 3^, eftmaior, 
7P. quam ^h: fi deprcffior^ minor;fi ^quealta-r; 
fqualis. 

rff/.8.4. 1 A ad :/5,eftlogaiithmice,ficut4ad/'. Quod&c. 
Quare&c. 



Theor. 74. Prop. 82. 

DVarum quarumlibct numerofarum rationum,hy- 
perlogarichmusvniusad hypologarithmum alte- 

nus^maior eft, quim vt logarithmus ad logarithmiim . 

... ... ... 
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TDcmonjhr, 

defj.^ I Eftcnimhyperlogarithtnus vnius,ciufJeiiiIo- 
garithmo maior; & cft hypologarithnius alterius/ 
8. S« minoreiufdcm logarithmo . Ergo hypcrlogari- 
1 thmus ad logarithmum vnius , maior cft , quam vt 
p. I hypologarithmus ad logarithmum altcrius.Quare 
permutando, vnius hyperlogarithmus adhypo-'' 
logarithmumaIterius,maioreft, quam vt logari- 
j thmus ad logarithmum . 



ProhL 9, Prop. 8 3 . 

DVarumdatarum non a^qucaltarum numcrofaruiru 
rationum , datis termims altioris: inuenirc tcnni- 
nc.sdcpreirioris, inrcrquos ad hypcrlogarithmum, maior 
fit hyperlogarithmus altioris, qiidm vt logarithmus ad lo- 
ijarithmum . 

Njpoth. 

Sint datardua: non ^equealtse numcrofa: rationcs, Adir 
tior, 7y dcprcfliortfintqucrationis /iydatitcrmini r, 

Oporict rationis^ tcrminos inucnirc, intcr quos aJ 
hypcrIogarithmum,maior eft hyperlogarithmus interr, 

quam vtlogarithmus A ad logariihmuni 

Conjir. 

I Sumaturintcr c, hypcrlogarithmus e: & itv 
I tcr alios quosl:bcc eiuldcm rationis A terminos 
f^.h. : minores,quam Cydj fumaturalius minor hyper- 
61 j). I lognrithmus fi ?cinucniancurtcrmini fc, mra- 

tjone 
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cione S, Interquoshyperlogarithmus /, ad hypologari- 
thmum Ky propior fii ^qualitacii quam wt c zdf. 

Dico e acl i maiorcm efle , quam vt logarithmus ra- 
tionis ad logarichmum racionis \ 

Pr^par. 

Efto ay logarichmus rationis A: & logarithmus ra^ 
tionis 3. • ^ 

Demonjlr. 
f: maior eft, quam a. 
e; a: maior,qudm c;/. 
i/fr. I f; f: maiorjquam ii kj 
def2^h. ! maior,quam k* 
8. y. I /i maior,quam /5 

13. 5. j roaior,quam k J 
p. j. I i: maior,quam ai L Quod&c. 
<^^arc&c. 



con 



■ < • -r» »» 



Prohl. jo. /^rop. 84, 

DVai um datarum non gquealtarum numerofarum ra- 
tionum, datis terminis deprcffioris : inuenire rermi- 
nos altioris, incer quos hyperlogarichmus , ad hypcrloga- 
richmumdepreflionsjminorfit, quam vt loganchmusad 



logarichmum . 



Hyfoth. . . — 

Sintdata:duaenon a'queaItapnumcroferationes, A al- 
lior, S deprtrtior: fintquerationiS S dati tcrmini o 
- Oportet rarionis A terminosinucnirc, intcr quoshy- 

Pp per- 



54. h. 
62. h» 
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pcrlogarithmusjadhypcriogarith-nuiii inrcr minoi 
eft,quacnvclogarithnaus A ad logarithoium 

Conjhr, 

Sumaturintcr c, dy hypcrlogarithmus /:&in- 
ter alios quoslibet minores termmos, quain Cy d, 
fumatur eiufdem rationis S alius minor hypcr- 
logarithmus/- rarionisautem -4, inueniancur ter- 
mini,^,fc, interquoshyperiogarithmus /, adhy- 
_ pologarithmum k,y ramorfir,quam vt e 2df. 
Dico / ad Cy minorem eflc,quam vtlogarithmus ^ad 
logarithmum 

Efto logarithmus rationis J: & logarithmus ra- 
tionis 

Demonjlr, 
a: maioreft, quam K. 
a: minor,quam /5 K. 
K: minor,quam e*y f. 
k minor, qudm f. 
e-jf: rainor, quam c-y L 
i', a: minor, quam e-y h. 



8. 5. 

confir. 
ief.z^h 
8. 5. 

fi-5- 

i^. > \M minor,quim 45 h. Quod &c. 
Quare &c. 



D 



Probl. 1 1. Prop. 85. 

Varumdatarum non aquealtarum numcrofarum> 
rationum ; datis tcrminisaltioris: inucnirc teniii- 

nos 
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nosdepreflioris, intcrquos ad hypologarithmuin minor 
fit hypologarithmusaltioris, quam vt logarithmus ad lo- 
garithmum . 

Hypoth. 

Sintdatasduxnon a?qucalt3e rationes numcrofa?, A al- 
tior, 3 dcprcffior :fintquerationis A datitcrmini c, d. 

Oportct rationis 3 terminos inuenire, intcr quos ad 
hypologarithmum minor fithypologarithmusintcr r, 
quam vtlogarithmus A ad logarithmum 2. 

Conflr, 

Sumaturintcr c, hypologarithmus e: &in- 
tcr alios terminos eiufdem rationis A^ minores 
5<j. h. quam r, d^ fumaturaliusmaior hypologarithmus 
(Jx. h. /: & inucnianturinrationc 2, tcrmini /7; intcr 
quos Iiypologarithmus 1 ad hyperiogarithmuni 
i!;^maiprlit,quam vt e adf. 
Dico ^ ad /, minorcmeflc^quamvtlogarithmus/i ad 
logarithmum j5. 

Efto logarithmus rationis A: &C logarithmus ra- 
tionis 

> f Demonjlr, 
con(fr. I minor, quam /j 

j. j /; minor,qudm fi K. 
def.i^) • Af; maior,quam h. 
8. y. /T; minor , quam k 
i^.x^h I a: fliaior, quam / 

Pp a 7^^: 
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8.5. 



13' 5' 



fik minor,quim k 
e-y i: iTiiaor,(]uaiii a-^ k Quod &c. 



Quare &c. 



Probl.ii. Prop,i6. 

DVarum daurum non ^quealtamm numerofarum-r 
rationum, datistcrminisdepreffioris .-inucnire ter- 
rninosaltioris, interquos hypologarithmus ad hypolo- 
garithmumdcprefliorisjraaior fit,quim vtlogarithmus 
adlogariihmum. 

Hypoih. ^ ■ 

Sint dat^edua? nonarqualtic numerofa: ratfdnes , ^ al- 
tior, S dcprcflTior zfinrquc rarionis ^ dati termini r, d. 

Oportct rationis terminos inucnire, intcr quos hy- 
pologarithmus ad hypologarithmum intcr f,^, maior ell, 
quamvtloganthmus A adlogarithmum »• 

Conjh. 

Sumatur intcr r, dy hyploogarithmus e: &In- 
ter alios minoresterminos, eiufdem rationis 
fumaturalius maior hypologarithmus /: &ratio- 
nis^, inucnianturtemiini^,^, quosintcrhypo- 
logarithmus / ad hyperlogarithmum K raaior 
fit,quamvt e ad/ 

Dico / ad f, maiorcm cffc, quam vt logarithmus A ad 
logarithmum 

Pr^par. 

Efto raiionis 4 loganchmus a; & rationis 2 logari- 
thmusi. ^ • 



5^. h. 
62, h. 
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Dcmonjlr. 

tonjlr. i; Kz maior eft, quam ^5 / 

p, /5 e: raaior,quam Ky f. 
def.x^j t: maior , quam f 

s. 5. Kyfi maior , quam Jfi 
def.x^ K: maior, quam a. 

8. 5. ( maior, quam b. 
13. I f'y maior, quam ^ij h. Quod 8<c. 
_ -Quare&c. — — — — — 



T/7f<?r. 75. Pro^. 87.^ 

ARithmetice difpoficorum terminorum ratio , quam 
habent bini mmores ad muicem , alcioreft rationc, 

quam hubenc bini maiores . 

Hypoth. 

Sint arithmctic^ difpofire quantltates /f, c^d: 
,4. h. & fic a mmor, quam c. vnde quoniam permutaa- 
def.^s-h. . do f, /^, funt arithmetic^difpofu^ , etianu 
I b crt minor, quam d. 
Dico rationes terminorum a^ h ad inuicem, altiores 
edc rationibus r, ^ ad inuicem . 

Quoniam <i, h funtinasqualess cfto a minor, quam hi 
6c fitdefcLtus 

Demonjlr. 
fup. 1 minor , quaoi d. 
?. 5. [ i> « minor, quam d^ e. 

a. 
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^ 3. 

hypoth, 
def.p. 4 
1.3. 
hypoth. 



k maior , quam r. 
L' maior, quam 4. & d: maior, quara 

a: altior, quam ^5 c . Quod &c 
^ij minor, quam q 
4: minor,quam L&cr. minor,quam d. 
a-y k altior, quam q Quod 3cc. 



<-iuare &c. 



H 



7W. j 6. Prop, S8. 
Armonicedifpoficum terminorum ratio , quam h- 
_ bent binimaiorcsadinaicem, alcior cllrauont. 
quam habcnt bini minores . ' 

fJypoth. 

I Sint harmonice di/pofita: quantitates cj: 
34. /^. & fit 4 major, quam c. vnde quoniam permurando 
^^f^i^h I tf, dy funtharmonicedi/pofir2r,ctiam 4 cft 

( maiorjqudm d. 

Dicorationesterminorum ^ adinuicem,aIcioresd- 
le rationibus r, ad inuicem . 

. Sumarurvnaquarlibetquanritas « & fiac 
^ ^5 f. 

« X. ; 

^5 



5^S 



3h 

eonflr» 
P' P' 

def.^Jh. 
87. h. 

/up. 

Jup. 
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Dmonjlr. 
^ funtarithmccice ordinate. 
c; e: e\ h. e^ a: fi e. 
Cj a: fl h. , 
c: minor, quaai a. &tf. minor,quam h. 
g: minor, quam /. 

fig: altior , quam /. & /• aitior,quim /5 
/i g: by a. bc g', fi a; b. 
h'yj\ dy (. & /5 h: d. 

a: altior, quam d-^ c. & 4; k altior, quartij 

irj d. Quod 6ic. Quarc &c. 



Theor. jy.Prop. 89. 

SI fuerintquotcunqucmagnitudineSjvScaliceipfis :ipqua- 
les numero j litquc maior proportio primcV priorum, 
ad primam poftcriorum, quam (ecundc, ad fecundam ; & 
hxc maior, quam terti^,ad tertiam: & (lc deinceps: habe- 
bunc omnes prioresfimul,ad omnes poftcriores limul,ma- 
iorcm rationcm, quam omncs priorcs, relifta prima, 
ad omncs pofteriores, rehva:a quoquc prima; multo ma- 
iorem,quam omnes priores,reIi<ais duabusprimis,adom- 
ncs poftcriores, rehcl s duabus primis: si ficdeinccps 
etiam maiorcm,quam vltima, ad vldmam : fed minoicm^ 
quamomncs priorcs, rehvaavItima,adomnes poftcrio- 
res, relicla etiam vltima: & multo mmorcm , quam omncs 
priores, reliclis duabus vltimis, ad omncs polleriores , rc- 
hvflispariterduabusvltimis ; &fic deinceps ecia n mmo- 
rcm, quimprima, ad primam. Hj- 
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Hypoth. 



a; e: maior , quam f. 

f. maior,quam £. 
Cy maior,quam h, 

D/co a-^b-+C'+dy e-^f-+^-i^h: TDalorcni cfle, quami^ 

Ec h-+c-+di f^^-^^' niaiorem, quam c-^^d^ 9-*^. 
. Et c--tdy £-th: maiorem,quam d-^ h. 

Dicoctiam a-^b^^fc-irdy tfH-/H^-f/?: minorcm Qfkyqim 

Et a-i-b-i-c', rn/H-^: minorem,quam ^H^i, rn/. 
Et a-i^t-y c-if minorem,quam a^ e. 

T>emonJ}r. 
c; g: maior,quam dy h. 
r; d: maior,quam h. 
c-^d'^ d: maior ,quam^H-fc; K 
c-¥d: o-^h: maior,qu^m rfj h. Quod &c. 
c-rd'^ c: minor,quam g-+h*^ 
c\ c-ick maior,quani gi^-^h^ 



hyfoth. 



P* 3' j f; ij: maior,quam ch-^j ^n-fe, 
kypcth.'» i'^ /rmaior,qiiam r; 
^5- 5- \k /: niaior,quam r-^^/; ^h.^, 
3. j f; fH^/; maior,quam f^-^h. 



p. J. 

hypoth, 
f. 3. 

hypoth, 
13. 5. 
f. 3. 

P- 3- 

i-i 
p. |. 
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1 /^H-f-f^/; maior, quim f^g-^h g-^f^- 
h-fc^dj /+?-+^* maior,quam c-^dyo-^h. Quod &c. 

e-^f-^g-^hi maior, qudm h-^c-^d; 
f+g-i-h. Quod&c. 
a-y e: maior, qu^m ^5 / 
^i^ fc maior , quim e-y f. ^ 
a-^hy b: maior,quam ^r-i/j f. 
a-hhy a: rainor , quam e'+fi e. 
a-+bl e-^fe minor,quam45 e. Quod&c. 
I a-t-lf'^ h: maior , quam e-\fi f, 

• a-^y-^ e -^f: maior, quam ht^ f 
h-j fi maior , quam g. 

* a-+b'^ e~+f: maior, quam g. 
a-+b'y c: maior, quam e-^fi g. 
a-^h-i-Cy c: maior, quam e-+f-^gy g> 
a-i-b-*c'y a-i-b: minor,quam c-^f^gh ^~^f' 
a-^b-^c^ e-^f-^g: rainor,quam a-^b-^ e-^f 

Qiiod &c. 

a-+h~+c-tdy e-^f ^g-+k minor,quam ^-i-i-^-f; 



Quare &c. 



Theor, jS.Prop. po. 

ESerie harmonica naturali ab vnlcate, terminorurrL. 
harmonice difpofitorum , altioris rationis maior 
rcrminus, ad maiorcm deprcflioris,maioreft, quamvc hy- 
pcrlogarithmus, ad hypcrlogarithmum : & hypcrlogari- 

- Qq thnnis, 
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ihmus, adhypcrlogarithmum,maior,quam vchypologa. 
rithmus, ad hypologarithmum ; &hypoIogarithmus, ad 
hypologarithmum maior, quam vt minor icrminus,ad 
minorem. 

Sint h fcric harmonica naturali ab vniratejter- 
miniharmonic^difpofid c , quorumal- 
tiorlit ratio a ad quam c add. Sirque 4, ma- 
ior,quam k ideoquc & r, maior, quim d. 

Quoniam ^ad^,altiorcft,quam c 26 J: opor- 
tct /f, maioremefle,quim & quam d. alio- 
quinpermutando,difpofitorum harmonicc /i, r, 
cfTct f m3ior,quam a; idcoque& d maior, 
qudm ^5 & r ad altior ratio, quam ^ ad 

f<?wrr^ hypoth^ 

Deindequoniam a, f, funt inferiehar- 
monica naturaliab vnitafe^harmonicedifpofiti; 
27. h. I funtdcnominatia numcris arithmcricc difpofiris: 
' quorum denominator rcciproceminoreftde- 
nominatore necnonrcciproceminor denomi- 
natore r. & quorfuntnumeri omncs mcdij intcr 
denominatorcs 4, totidcmfuntintcr denocm- 
natorcs f, d: totidemque in feric harmonica func 
^ intcr ay rotidcmqueenamintcr r, d^ 
j Sint ergo inter «t, ^ tcrmini ^,/: & intcr f,i/, 
</f/.2 3;7 totidem tcrmini h: critque 4-+<rH-/, hypcrlo- 
dcf.z^.h I garithmusrarionis ri, ad h-^ S4 e-^fr^, hypolo- 

gari- 



34. h. 

dcf.i^J. 
88. i;. 



26, h, 
24. /;» 

17. 



hypoth. 



27, 
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garithmuseiiifdcmrationis,inter cofdcm terminos L 
eritquoque c^g-^hy hypcrlogarithmusrationis c ad d\ii 
^-+h-^dj ciufdcm bypologarithmus intcr cofdcm tcrmi- 
nos Cy d. 

Dico a ad c, maiorcmcflc, quam a-^e-^f ad c-i-o-^h: 
Et a-^e-^f 2Ldc-¥g-\-hy maiorcm , quam e-^f-^h ad 
h-^d. 

Et e-^f-^h ad ^-ih-^d, maiorcm,quam h ad d. 

Demonflr. 

Quoniam a, e,f h, nccnon c,^, h, d, func 
harmoniceordinati , in fcrie harmonica naturali 
ab vnitatc; crgo corum dcnominarores , funt ari- 
thmctice ordinati,in ferie arithmetica naturali ab 
vnitate itotidcmque funt Cy fy k quot c, hy 
d: crgo denominatores a^ /, hy funt fimiliter 
arithmetice difpofiti,atque denominatores c,^, 
/7, di crgoctiam a, e^fy b funtfmiiliter harmoni- 
ce difpofiti , atquc c, fc, d: ergo f, ^ ^unt 
harmonicedifpofitiiergopermurando o 
funt harmonice difpofiti. Similiter oftendetur, 
quod ^,/, h funt harmonice difpofiti: nccnon 

f> ^> ^> 

Rurfum quoniam 4, ^^/i^funtharmoniceor- 
dinati,&c{l ^ maior,quam b: ergo j maior,cft 
quam e-y & 0 maior, quam f. &/, quam /^; itcni 
f,maior cftquam quam h, /?, quam Ec 
quoniam r, ^ funtharmonicedilpofKi,&cfl 

Qq 2 ^,n:.a- 



def.S.b. 

16. h, 

def.i6h 
34. i^. 



dcf,iph 



I 



hypoth. 



3o8 

82. h. 

def.p, 4. 



89. h. 
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maior,qiiam ergo& maiorcft, quam^j 
item fy qu^m h-, & quam & eft^ ad ^ratia 
altior, idcoque maior, qu^m ^ ad ^5 & rad al- 
tior,&maior,quam/'ad S)if ad altior, & 
maior,quam ^ ad ' 

Ergo ^ ad f maioreft, quam vt 4-^^^/ ad 
c-i^£-^h. Quod&c. Eteft 4-f^-f/ad f-+j-H^^ma- 
ior, quam /-f/ ad & f--/ ad £-^h maior, 
quam e-^f-ih ad g-vh-^di ergo a-^e-^f ad c-f^ 
-ffc, eft maior,quam f-f/^^ ad g-^h-^d. Quod 
&c. Etett ad g-^h^d^ maiorjqudm/» 

ad^. Quod&c. 



Quare &c. 



" Z/^ftTT. j^.Prop. pr. 

SI quatuor quantitatum prima ad fccundam maior fue- 
rit, qu^m tertia ad quartam : produ^tus extremarum» 
niaior eft produfto mediarum. 

fJypoth. 
a-j k maior,quam d. 
Dico ad\ maiorem eftc, quam 

Pr^pat. 

Fiac produ(fhis Id. 

Demotijlr. 
p. h, j ady hd: ai b. ^ 
p. h. • hcy bd: Cy d. 
bypoth. M3 h: maior, quim q d. 

ad\ 



13' 5- 
lo. 5. 

Quare &c. 
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ady hdx malor^quam hc] hd. 
ad: maior,quam hc. Quod &c. 



1 Theor. So.Prop.91. 

SI quatuorquantitatumproduduscxtremarum maior 
fuerit produao mcdiarum : erit prima ad fecundam-. 

maior, quam vt tertia ad quartam . 

Hypoth. 

Sunt quatuor quantitates a^b^c^d: &eft^ maior, 

quam hc. 

Dico ^5 h\ maioremeflc,quim d. 

Pr^par. 
Afllimatur produftus bd. 

Demonflr. 
hypoth. ^ad: maior,quam hc. 
2. 5. \ad'^ hd: maior,quam hc^ hd. 
p. h. • ady hd: h. 
9. h. hc^ hd: Cy d. 

ay h: maior,quam q Quod&c. 



13. 5 



Quare &c. 



Theor. 81. Prop. 93. 

SI fuerit prima ad fecundam, maior , quam vt tertia ad 
quartam : fuerit autem&tertia adquartam maior, 
quam vt quintaadfcxtam :itcm quintaad lextam maior 
fucrit,quam vt fcptimaid osSauamrcritcon^poritaprima 

cuin 
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cum tertia, ad compofitam fecundam cum quarta>maioi 
quamvccompofitacjuinucumfeptima, ad compofjca: 
fcxtamcumodaua. 

Hypoth. 

c d 
' f 

hi maior, quam d. 
q d\ maior, quam t\ f. 
e-y f: maior , quam fc. 
Dico a^c^ b-^d: maiorem,quam e-^^^ 

Pr^far. 

Fiantprodu^ai af ah, cf ck he> h^, de, d^. 

Demonjk. 
, r af-i-alo: produdus a pcr f-^h. 
I cf-^ch: produvSus c per f-^h. 
2p.h. ^ ^f-^^^ff-^ch: produAus a-^ c pct f-t-h. 
j he-^h^: producius h, per f-F^, 
' de-+d^. produdus dy per ch-£. 



I 



hypotb, 
hypoth. 



\Je'¥hg-+de-+d^y produClus h-+dy per e-^^. 
' ^5 h: maior,quam q d. 
c\ d: maior,quam ei f 



ij. 5. _ l: maior, quam f 
hypoth, e-y f maior,quam o-^ h. 
13. j. ai />: maior,quam c-^ h. 
ij. j. 1^3 d: maior,qu^m ^3 h. 
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faf: maior , quam he. 
\ ah: maior, quam 
cf: maior,quam de. 
ch: maior , quam d^. 
\ af-^^^cf-+ch: maior,quam he-^h^-^de-^dg. 
P4. h. \ a-i-cy h-^d: maior,quam e-^g^f-^h. Quod&c. 
Quare &c. 



Theor. 82. Prof. P4. 

SI fucrint e ferie harmonicanaturaliabvnitate, qua- 
tuorterminiharmonicedifpofiti^ &aliiquataor eo- 
rum fubmultipli ; inter fimplos terminos altioris rationis 
hyperlogarithmus, ad hyperlogarithmum deprcfTioris, 
maiorem habebit rationem , qudm interfubmultiplos.hy- 
pologarithmus ver6inter fimplos aItioris,ad inter fim- 
plos dcpreffioris, minorcm habebit , quam inter fubmul- 
tiplos. 

Hyfoth. 

1(3) 1(4) 1(5) 1(0 

1(5) 1(7) 1(8)1(9) 1(10)1(11)1(12) 

1(7) 1(8) 1(9) i(^o) 

1(14) 1(15) 1(^0 i(«7) i(t8) i(iP) ^io) 

I Sint e feric harmonica naturali ab vnitatc^^ 
I quatuorterminiharmonicedifpofiti 1(5), i(<^), 

1 K7)» i(i^)- ^^oi\xm i(j), maior,quam 1(5): 

ideo- 



1 
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K3) 1(4) 1(5) 1(<5) 

1(5) 1(7) 1(8) 1(9) i(io) i(ii)iCiz) 



1(7) 1(8) 1(9) 1(10) 

i(i4) i(ij) i(i5) 1(17) i(i8) i(ip) 1(20) 



def.l^h 



defp.^. 
h, 

15. 5. 



dcf.i^ h 



ideoq;& 1(7), maior,quam 1(10). &efloaidar 
ratio i(s) ad i(5), quam 1(7) ad i(io: ideo. 
quectiam maior. llnt autcm & iftorum xqx- 
lubmultipli, 1(5), 1(12), 1(14), 1(20), p*. 
riterharmonicedifpofitij&a^que cum pr^dictb 
proportionales. Sumanturetiam intcr i(j), i- 
(5) mcdij omncs harmonici 1(4), i(5):&ifltcr 
i(7)> 1(10), mcdij omnes 1(8) i(9);qiiorum 
cTquerubmuItipli 1(8), 1(10), 1(1 S), 1(18) 
Conftatquodficut 1(3), 1(4), 1(5), ,(5), a 
fimiliter 1(7), 1(8), i(p), 1(10) harmonici 
funtordinati,fic 1(6), 1(8), 1(10), 1(12), & 
'5.5. I fimilircr 1(14), i(i6), 1(18), 1(20) funthiT- 
j moniceordinati,&a:qu^ cum priedi^aispropor- 
lionalcs. Deindc inter i(5), 1(12), & jntcr 

^(h)> '(20) fumanturomncsreliquimcdijh:!- 
monici 1(7), i(5p), i(ii), & 1(15), 

1(19). 

Dicoprimo i(3)-i(4)-^i(5) ad 1(7)^ i(8)-^i(p) 
maiorcm cfTerquam i(6)-m(7)-+ i(8)-+i(9)h- i(io) 
-^iCrr) ad i(i4)-^i(i j):tj(i^>ti(l7>i(i8)-+I. 
(^^)- ' D,. 



i A 
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^P' I iCs)> i(7> «(<^>> '(h)- 

I i(0> 1(14)- niaior,quam 1(7); 1(15). 

1(14): maior, quam iC^^)-»- 1(7)5 1(14) 
-n(ij). 

1(3); 1(7): maior, quam iC5)-m(7); 1(14) 

-m(i5). 
Similiterdemonftrabitur. 
/f'p- i(4)i 1(8): maior,quain i(8)-i.i(p)5 i(i5) 
H-i(i7). Ec 

Jtip' . i(5)i 1(9): maior,quam i(io)-+ 1(1 1); 1(18) 
-+1(19). 

i(5)-n(7); i(f4)-f 1(15): maior,quam 1(8)5 
1(1 5). 

Ap. I i(B)5 1(^0: 1(4); 1(8). 

i(dr)-+-i(7); i(i4)-^i(i5):maior,quam 1(4)5 

1(8). 

Similiter demonftrabitur . : > ; 

/«p- 1(8) -+1(^)5 i(i5)-^i(i7);maior,quam 1(5); 
1(9). Ec 

I (5) -H- 1(7) -4- 1(8) -^1(9); i(i4)-^i(r5)-^i- 

(i5)-»-i(i7): maior,quam 1(5)5 11^9). 
'(i)-*'^^); K7)^^(^)' maior,qudm 1(5)-*- 1- 
(7)h. 1(8) h- 1(9)5 1(14)^1(15)-+ 1(1 0 

-1(17). 
. Similiter dcmonftrabitur . 

j^i.h. I 1(3)-+ i(4)-f i(5)j 1(7)-+ i(3)-+'(9): maior, 
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i(3) 1(4) 1(5) 

l(^) 1(7) 1(8) 1(9) 1(10) 1(12) 



•r 1(7) 1(8) 1(5?) l(lo) 

J(i4)i(ij) i(x<J) 1(17) 1(1«) i(iP) i(io) 

quam i(<J)-^i(7)h^i(8)-h(p)-h(io)*i(i-i)5 -1(14) 
-+i(i5)h.i(i(J)-h(i7)h.i(,8)-,i(,p). Quod&c. 

, Dicofecundo 1(4)+ 1(5 )-.!(,?); i(8)-*-i(s>)-n(io> 
niaiorcm elTcjqiiam r(7)-+i(8)-*i(9)-^r(io)-n(ii) 

H-i(i2);i(i5)-+i(.i5) : i(r7)+i(i8)H-l(i9)-f,l(io). 

Demonflr. ^ ■ ■ 

f" " (7) I (5^); I ( 1 5 )-n ( I <?): niaior,quam i (4),- 
1(8). 

8 ^ '(4)5 J(8).- maior,quam i(9)-n(io); 1(17) 
■ ' V • -^i(i8).. 

I i(9)-n(io); 1(17)-* 1(1 8): maior,quam 1(5); 
S 1(9). 

I (7) -n (8)-^ « (p)-f I ( 10); I ( 1 5 )-t i( r (J)h. i ( 1 7) 
-+i(i8): maior,qua i(4)->i(5); i(8)-n(p). 
'(4)-* 1(5)5 1(8)-»- i(p): maior,quam 1(11) 

-tr(ia); i(r9)-*r(2o). 
i(ii)-+ i(i2); i(i9)-n(2o): niaior,quanx. 
1(6); l(io). . 

i(7)-^i(8)-+i(9)-+i(io)-n(ti)-f 1(12); r- 

(i5)-+i(i6)-+i(i7)H.r(i8)-v,(ip)-t,(2o): 
maJor,qua 1 ( 4)-^ i (5 ) i (6); 1 (8).^. 1 (9)^. i ( 1 c). 

■» /i Quod 



9^. fc. 
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laod e conucrro cft demonftrandum . 
Quare &c* 

Theor. 83. Prop. 95. 
^ I fuerinteiufJcmrationisduo Iiyperlogariclimi ,alter 
^ ex paucioribus, alcer ex terminis vno pluribus 5 & fub - 
nulciplicati fuerint vtrorumque termini , pcr alterius mul- 
;icudinem tciminorum:fubmultipIi cius, qui cx paucio- 
ibus, & fubmultipli cius, quiexpluribus, primi funtgqua- 
es; & rcliqui dcinceps funt minores, hoc ordine, fecundus 
^ius, qui cx pluribus^ & fecundus eius , qui cx paucioribus} 
&: tcrtius cius , qui ex pluribus ; & tcrtius eius , qui cx pau- 
cioribus3&fic deinceps . Quod fi fuerint hypologarithmi: 
fubmultipli cius,quiex paucioribus, & fubmultipli cius, 
qui ex pluribus, vlrimifunca^quales, & rcliqui dcinceps 
funcmaiores,hoc ordinc^ pcnultimus eius, qui ex plu- 
ribus^ &pcnulcimus eius,qui ex paucioribusi& tritultimus 
eius,qui expluribusj & tritultimus eius,qui cx paucioribus; 
&fic dcinccps. 

ffypotk 

i(a) iQ?) 1(0 

i((t) 1(0 lif) . i(i) 

i(2d) ide) i(if) i(2£) 

Sintearumdem rationum i(a\ ad iCc), & i(^)a8'ifij) 
duo hyperlogaiithmi; vnus cx duobus tcrn>inis -i(^), Kt^i 

Rr 2 aUcr 
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iW lih 1(0 

i(d) i(e) i(f) lig) 

Aid) 1(30 

Kid) i(ie) i(if) 1(20) 

altcr cx tribus i (d)y i (e)y i (/): item duo hypologari- 
thmi,exduobus i(h)y i(c), &extribus i(f), i(f)y i(^). 
& fubtripli accipiantur 1(3^), 1(3^), i(30> nccnon 
fubdupii i(zd)y l(2e)y i(a/), 1(2^). 

Dico i(3<i), i(2d) effe jequalcs: necnon i(3f), 1(2^) 
efTe a?qiiales : & hoc ordine, priores maiorcs effe , & pofte- 
riorcs minorcs 1(3^»), i(2e)y i(j^), 1(2/), i(3r). 

Demonjlr, 

24. fc. i(a)'y i(c)i i(dyy i(i):r, a:^^d 

f' P' £' ^5 d: c— £ — d. 
»7. h. c — a: 2. 0 — d: 5. 

II. y. q ^: a-y d: 2; 3. 

31. fc. ic: 2£. 34: 2^. 

10. fc. i(3f): 1(2^). i(sa): 1(2^), Qux&c. 

6.b. 2£ — ifi 2/— 2^; le — id: 2. 

3^~3^: 3^--3'<s 3- 

34, 2f, sl^y ^f lunt,hocordinc,minorcs,& 
deinceps maiores. 
10.1;. i(ia)y i(ie)y i{ih)y i(if)y ( i } cj funt, hoc or- 

dine,maiorcs,& deinceps minorcs . Quod &c. 
Quare &c. 

Thco' 
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Thcar.S/^.Prop. 96. 
O tfuerint h ferieharmonica naturali ab vnitatc, qua- 
* O tuortermini harmonice difpofiti; &alij quatuoreo- 
rum fubdupli ; alijqiiefubiripli^ & fubquadrupili, & ficde- 
inceps in infinitum : inter fimplos terminos altioris , ratio- 
nis hyperlogarithmus ad hyperlogarithmum depreflioris 
maiorcm habet rationem ,quam intcr fubduplos ;&inter 
fubduplos, maiorcm , quam intcr (ubtriplos 5 & fic dein- 
ceps. hypologarithmus verointer fimplosaltioris, ad in- 
ter fimplos deprcffioris, minorem habct rationem , quaiTL» 
inter fqjjduplos ; & intcr fubduplos, minorem, quam intcr 
fubtriplos y & fic deinccps . 

ffypoth. 

J(3) '(4) ' lOO 

iW 1(7) »(8). 1(9) 1(10) 1(1 0 »(12) 
1(5^; 1(10) 1(11) i(i2)i(ij) 1(14) i(i5)^(^<5)»(*7?»(»^) 

1(7) 1(8; 1(9) iCi-) 

1(14) 1(15) 1(16) 1(17) i(iS) 1(19) »(^o> 
1(1 r) 1(2 2) 1(^3)1(24)1(13) 1(26)1(27) 1(28) 1(29) 1(^0) 

Sint e fcrie harmonica naturali ab vnitatc, quatuor tcr- 
miniharinonicedifpofui 1(5), i(5), -1(7), i(io)j quo- 
rum 1(3) maior,quam i(5); ideoquc,& i(7)maior, 
quam 1(10). Etclloaltioriatio 1(3) ad i(5), quam^ 
1(7) ad i(io).Sintautcmiftorumfubdup!i i(^J),i(i 2), 
1(14), i(.io):&fubtripIi i(p), i(i8), 1(21), i(3o}. 
intcr quos accipiantur medij harmonici , ^ cx his Hypcr- 
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1(3) 1(4) >.iw^(5) 

*(6) ir?) 1(8) i(9) i(io) 2(11) i(ii) 

i($>;»(io) x(ii) 1(12)1(13) 1(14) i(i5)Ki^)i(i7)*(*«) 

1(8; 1^9) l(if) 

1(15) 1(16) 1(17) iri8) 1(19) 1(20) 
3(21)1(22)1(23)1(24)1(25) 1(26) 1(27) i(a8) i(a5» liio) 

logarithmi, & Hypologarithmi. 
94. h. I Conrtat primo, quod intcr fimplos , maior cft 
hyperlogarithmus aItioris,ad hyperlogarithmum 
dcpreflioris, quam intcrfubduplos :& hygologa- 
rithmusminor. 
Dico i(<J)-*^iC7)-+i(8)-u(5>)-+i(io)-i-i(ii)ji(i4) 
-+i(i5)-fi(i5)-f i(i7)^^i(i8)-4-i(ip): maiorem dfe, 
quam i(p)h-i(io)-m(i i)-+i(i2)-»-i(i 3)h-i(i4)-h- 

(l5)-M(l5)-f 1(17)5 l(2l)-H l(22)-n(25)-n(24)-fi- 

(2 5 )-f I (2 6)^ 1 ( 2 7)-f I (2 8) H- 1 (2 5))I 

Sumanturipforum i(5), 1(7), 1(4), i(j) fubrrip/i:& 
1(9), i(io), i(2 2),,i(2 3)fubdupli. 

Demofijlr. 

95* h. j I ( 1 8), I (2 o), I r2 1 ), j (2 2j /unt maiores, & de- 

incepsminorcs. 
9$.h. 1^42), 1(44), j(45), 1(^6) funtmaiorcs,&de- 

incepsminorcs. 

40.^. K18), 1(20^, jr2i;,i(2 2),&ir42),ir44;,i(4j), 

I i(4<^) funtfimiJuerharmoniccdifpofm» 



l 
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ri(i8); 1(41): maior,qLiam 1(20); 
88, h. \)(iof^ ,^44\*'maior,quaiTi 1(21); i(45^- 
' Lirif); 1(45); maior,qua 11 1(22); 1^4^)- 
ri(x8;, ir22), i(^i)y ir45; C™^^'^^^^ propomo. 
j iiales,acquei(<^>i(7)> K^4)> ^^'5)- ' 
\ ,(26), 1(22), i(4i;> »(44)> 1(40 fi^»- 

literproportidnaIcs,atquci(9^)> V(io), 

1(21;, ir22\ K^^j). 

8P, b. .(A2(i4).-maioi-,-qi!5 i(9)-^ifio)5i(ii;-^'(^2,). 
85^. 1(9)-+ i(io)> ira-i^H-K^^;: maiorquam 1(7); 
i(i5). 

• ^.1^7$; ?('5):maior,quim ifijji ir'2i). ^ 

ri(ii)- ,(23): maior,quam 1(8); i(i<^). 

h(8)5 1(15/. maior, quam i('2)-n(i3)> »{^4) 

^ 1(1 2)h 1(13)3 i(2 4)-i-i(2 5); maior,quam 1(9^; 

^hj). . = ... 

lEc fic dcinccps quoad fuerint termmi . 

J i((i^-4|(7).M(8)H.i(9;-fi(to-ri(ii)3 1(14)-^^: 
' -^i 5M^i(i<r)-M(i7;-ri(i8)T+i(«^^>. maior,qua 

i(9)^i(io;-+>^'i'^-^K'2;-^i(i3)'^-Ki4^-+'- 

^ .(rr)-f i (1(5;-* 1(^7^^ i{2i)-+ir22)H.i(23)H.i- 

(c 4.) Vi (t 5 r/i5M K2 7) I C 2 8;-^ > (2 9). 
.-.-vQuod&c. 
Dico ctiam • (7;-*- ' (S) -^ 1 (^^^-^ i r » o)-m r 1 » )-+ ^ ( 1 2)3 i - 
r 1 5 ; -t-i f 15;-*- 1 ^ 7;-+ * ^ ' 8)-+ « r « p)-»- » (a o): minorem cfle, 
quam i(io; -t.i(ii) i(>2) irij) 1^14) -+(15) 

-1(1 5; 
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1(3) 1(4) ; : 4 

'(«5) 1(7) 1(8) -1(9) jirio), i(n) Kii 

i(9)t(loJ iCti) 1(12)1(13) i(i/^)i(i'f)i(i6) 



1(7) 1(8) 1(9) 

1(14) '(15) i('<5} 1(17) »(f8) '(19) 

1(21) 1(13) l(i3) 1(2^ 1(2^) 1(26) l(l-j) l(i8;ifJ9)li«) 

s ( ■ 

^ I (2 1 (i 7)-t I (2 8) -n (2 9) ^ I (5.0) . 

Demonfir. 
ri(ic); r^r^2): maror^quam 1(7); 
1(7;; Krjf;: maior^quain i(ii)-n(i2);»^')) 

-fi(14). : 

/«p S "'*0-*-'C'A i(2j)-n(24;: maior,quaini'! 
I '(itf). 

J(8;; 1(15); maior,qi!am 1(25) 
t.Et (lc dcinccps, quoad fiicrint termini. 
f j. i-. I Vio)-+ i(ii)-^-i(i2;-f iCi5;-n(i4)-'-'^'ir<; 
j (>5;-n(i7;-* i(iS;j i(2 2)-f iCtj^-*''^^; 



i). 



• (io): maior, quam i^Cy/^iCS^-fi^i^h'^'') 
■I H-'i(i 1)-,. r(i 2); -i:(i 5)-n(i<5; ^ i(J7)Ki('8) 

I -f 1(1 p)^ 1(20). Quodcct)hucr/b6i6 
C^iarc&c. 
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Elufdcm rationis numerote intcr maiores terminos, 
maior cft hypcrlogarithmusad hypologarithiniim, 
quam inter minores. 

Demoujlr. 

Nimfunt maiorcs,&deinceps minores, hoc 
(4. ordine , hyperlogarithmus inter maiores termi- 
17 * lu nos, liyperlogarithmus inter minorcs, hypologa- 
h. rithmus inter minorcs, & hypologarithmus intcr 
S. y. Jmaiores. Quare inter maiores, hyperlogari* 
thmus ad hypologarithmum , roaior cft^quinu 
intcr minores. 



E 



, Theor. 86.Prop. 98. 

Seric hamionica naturali ab vnitate, terminoruro/ 
harmonice dirpofitorum , altioris rationis Jogari- 
tbmus ad logarithmum dcpreffioris, minor eft , quam vc 
hyperlogarithmus ad hyperlogarithmum; 8c maior,quam 
vihypologarithmus adhypologarithmum. 

HyfoA). comrrmn. 



D 
O 



H 



K 



Sint h {cric harmonica naturali ab vnitatc, quatuor ter- 
mini 2, C, D, harmonice difpofiti ; quorum ratio A 

S$ ad 
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A » C D 

G H I K 



ad altlor, quSm C ad D. Etfitrationis A ad 
rithmus £: &rationis C ad logarithmus F. Sint*- 
tem intcr A^ C, vel inter arqueproporrionales 
incrofos terminos hyperlogarithmi, & hypologaritin 
rationis quidcm A ad hyperlogarithmus CJ, & ty- 
pologarithmus//:&rationis C ad D, hyperlogarithmus 
X ^ hypologarithmus A". ^ 

Dico £ ad f niinorcmeflc,quam G ad /> maiorem, 
quam // ad A^. 

Efto,fipotcft, £ ad F, maior, quim C7 ad 
H\ & fumatur L ad ratio, qux cum rariooe 
G ad componir rationcm, E ad Ef quo- 



3 



o 

^2. K 



niam minor, qudm eft ad Fy vt G ad H\ L 

ad A/, cft vt E ad minorem,quam ^'rquart L, 

I maiorcft,quam /W. Inucniatur rationis C ad D 

hypcrlogarithmus JV", quifii minor adhypolo- 

garithmum Oy quam vt L ad A/. Qucd fi tcr- 

mini, interquosccnfentur O, nonluntmi- 

nores,quaminrer quos Hy Ky fumantur ali; mi- 

I norcsa^qucproportiondlcsad C, necnon alij 

* ^ ----- - «quc- 
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arqucproportionales ad 'B: intcr qjos rati onis quidem 
C adiD fiathyperlogarith.Tiiis T, & hypologanthdius 
&rationis ^ ad S hyperlogarithmus & hypolo- 
garithmus J. 

Demonjbr. 

ptf. Ir. I P: minorcft, quam (7; H 
5>7. /^; j^minor, quam W; O: & minor,quam Z.; M. 
4. 3. 2(j minor,quam C7j H^-^Ly M. 

Jttppof. E'y F: Gy Hy-^L-y M. , ^ 

15. 5. ^; ^minor>quam £; F. contra 8^. 
Ergo E ad noneft maior,quam G zd 

Efto £ ad f, cadem, quaj G ad Hy fipoteft:&intcr 
tnlnores terminos,quam quosinterfunt hyperlogarichmi 
(7, Hy fumantur abj P^ 

Dtmofjjhr. 
^6. h. j C; /Z- maior, quim A 
fuppof, ' /^: C; H. 

ig. 5. raaior, quam 2{; P. contja demanjirata 

JuperiiiS . 

Ergo E ad noneft,vt G ad /7. 
Ergo E ad f , cft minor, quam vt G ad Quod &c. 

Prxfar, 

Eftodcinde £ ad F, minor,quam / ad K: &i fuma- 
tur L ad /W'ramov*qu3B COm £ ad /*", ratiorient:/idAr 
componit. Et quoniammaior,quam £, ad £, cft vc / 
ad Ki L ad cft vt maior, qudm £) ad £; & Z>, ma- 

Ss 2 ior 



3^4- 
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A 






n 
i/ 








0 


G 




I 





8i. 



S F 
ioreft, quam M. Deindcfiant eadem , qu« fijpra. 

Demonjlr. 
SyPi minoreft, qu^m Ei F. 
P\ i?^minor, quam L\ M 
S\ rainor,quam E\ F^-^L\ M. 
h K: E', Fy^Ly M. 
Sy minor,qu^m /j K. coi^tra 9S. h. 

Pr^epar. 

Ergo E zdF non eft mmor , quam /ad K. 

Pr^ar. 

Efto E ad F, eadem, qux / ad Ki &intcrminofCS 
terminos , quam quos inter lunt hypologarithmi L L /tf- 
mantur aljj Sy ^ 

T>emonJk. 

imoj. I £i F: h K. 
96. h. /3 A^- minoreft^quim S; j^. 
i3«T- Ey F: minor,quam S} ^ contra Ji$perius it. 
n:onJhata . 

Ergo E ad Fy non efteadem, qu»./ ad K. 
Ergo E ad F, eft maior, quam /ad A'- Quod &c 
Quare Sfic, 
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Theer. 87. Proff 99. 

QVatuor rermfncrUm i fcric harmonicanacurali i 
vnitate difpofitorum harmonice,altiorisracioais 
maior terminus sd maidrcm depreBioris, maior 
eft, quim vt Irgarithmus adlogarirhmum; &Iogarithinus 
ad logarithmupi ^ maior, qu^m vt minor ad minorcm • 

hyfoth. 

Sint h fcriehaimcnica naturaliab vnitate,quati:orter- 
mini A^h^Cydy hujn cnKcdiff onti.c^iicitJhi ratio a ad hy 
aldor, qtr;m r sd & rr aiorjqusm h\ ideocue ctiara 
Cy niaiorjqirm d. Et tPo ratirrisrfad logarithmus 
#: & rationis c ad d^ lcgarithmus f. 

Dico 45 c: maiorcm,qu?m f. w ^ • 

Et /: maiorcm , quam 

Rationis a od i', fi mamur hypeilogarithmus & 
hypologarithm6s h & rationis r ad hyperlogari- 
Ihmus /, & hypologarithmus w. 

VcnjofiJIr^ 
ai c: maior , quam ^5 L 
l\ k maior, quam ti f. 

t\ /: maior, quam y^m, uui 
\r\ nA maior, qu^m h'^ d. 



p9. h. 
$18. h. 
^O. h. 

23. y. 
15. 5 



^?; f; maior, qram e^f. Quod&c. 
5/. maior,quam h^ d. Quod 8«r. 



Quare &c 
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ThionSB.Prop. i^o. 

QVatuor numcrorum awtMecH^rdifporitorum^^-a- 
tio primi ad fecunJum, totuplic^ta , quorus eft pi^ 
mus, maiorcft,quanitcrcij adquartum t^ruplica- 
ta, quotuseftquartus:atquc totuplicata ratio primiad fc- 
cundum , quotus cft fecundus, minor eft, quam totuplica- 
ta tcrtij ad quartum, quotus cft tcrtius . 

Hyfotlu 

Sint ^atuor numcri arithmctice difpofiti c, (L 
# Dicorationem <i ad t totuplicatam,quotuseft 4,ma- 
iorcmclfc , rationc c ad dy totuplicata,quotus cft d: & 
rationcm a h totuplicatam, quotus eft ^», rainorcnu 
cfle,ratione c ad ^ totuplicata, quotus eft c. 

Praparatio . 

Sumantur in fcrie harn^pnicji naturali ab vnitatc termi- 
nia:qucordinati,cunp|iuaieris r, infcric arithme- 
ticanaturali; nempe vnitaccsdenominat»ab ipGs; 1(4), 
i(0> '(^- Et cfto rationis c ad logarithmusr: 
&rationis c ad d, logarithmus / 

Demonflr, p. 

Tcrminus 4, vclminqi^eft, velmaior,quam k Sc, rur- 
fum ay vcl minor eft, vclinaior, qtiim /^. Efkf) a^inor; 
quim b: &minor,quam f. 
hypoth, j c, d: arithmctice dilpofiti. ^ . 
14- j i{a), \(h)y i(c),.i(^/); harmonicedifpofiti . 
lup. i{d): maior, quam i(^): &maior,quam i(f). 
BS. b. \ I (a)i \ {fy iileior^-& maior, qudnr 1(^)5 (rf). " 



8. 5- 



VQ/v^I N T V M. szj 
'1(4); i{h): logarithmus e. 

^5- i(0> ^C^)' logarithmus 
II. h. i{a): maior,quam 
drf.ish i(f): maior^quam i(^). 
8. y. I i (a)'y i(</); maior,quam 1(^)5 i(c), 
^ph. I iW; i(f); miaior>quam 

^5 /: maior , quim i^/»); i(d), ' ' * 
1(^)5 maior,<juam i(^); i(r), ' 
i?. 1 rtaior,quim r/f. ' 

ij. 5- maior,quim 1(^^)5 i(f). 

I (^i); 1 (d): dy a. 
i(hy, i(c): qk^ 
dy a: maior, quara r; f. 
€1 f. maior, qudm c; k 
df: maior, quam ae. 
eh: maior, quam fe. 

Et quoniam/, logarithmuscftrationis c^dz 
ergo dfy logarithmus cft rationis c ad dy totu- 
phcatie , quotus eU </. itcm quoniam logari- 
ihmus eft rationis a ad ^; crgo ae^ logarithmus 
cft rationis 4 ad totuplicat^e ,quotuseft e. Et 
vtae ad /^iiacftratio atad b totuplicata,quo- 
lus cft ay ad rationcm c ^dd totuphcaram quo- 
tiiseft d, cftautcm acy minor,quam df. ergora- 
* tio 4 ad totuplicata, quotus eft 4, dcprcffior 
cft a ratione c ad ^ totuplicata, quotuseft^/. cft 
I auiem a mmor ; qu^m h-^ & 0 minor, qudm d: 



IX. h. 

IX. h. 

ij. 5. 

13. 5. 

pi. fc. 
91. 

hypoth. 
73. fe. 
hypoth. 
73. fc. 

74. 
71. i^. 

hypoth. 
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QVatuor numcrorum aHtlimeti^^erdHpofitorarajfV 
tio primi ad fecun Jum, iotupli<;^t? , quotL}s eit^ 
mus, maior cft, quam tcrtij ad quartum tQtujm 
ta, quotus cft quanus: atque totuplicata rat jo primiaJ fc 
cundum , quotus cft fecundus, minor eft, quam totuplica- 
tatcrtij adquartum^quotusefttcrtius . 

Hypoth. 

Sintquatuornumcriarithmeticedirpofiti ^ 
Dicorationem 4 ad t totuplicatam, quotuseft^iflu- 

iorcm elfc , rationc c ad totuplicata,quotus eftitSi 

rationcm a zd l? totuplicatam, quotus cft minorenb 

cfle, ratione c ad d totuplicata, quotus eft c. 

Praparatio . 

Sumantur in /crie haraK)nica naturali ab vnitatetenni- 
ni arqueordinati turanumeris iy r, rf, infcrie ari>^ '"" 
ticanaturali: ncmpe Vnitatcsdeoominat^ ab ip 
I (^)> I (0> I • cfto rationis c ad h, logancaoia^ 
&rationis c ad d, logarirhmus / 

Demmfir. p. 
Tcrminus a^ vclminqreft, vclmaio»- 
ilim 4, vcl minorcft, velflVMOO 
quam &minor,quam r. 
hypoth. J 4, ^rijK 

- ' i(^). 1(0, • 



14. ib 
^9. i^. 



i(^); maior 



if* h. 

11« h. 

drf.ish 

l «• ^ 
;^9'h. 

8. 5. 

, IX. h. 
I IX. h. 
13. 5. 

15. 5- 

91. /7. 

hypoth, 

73 • '^- 



^4. /;. 



*1 
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logarithmus 

l(f)5 i(</); logarithmus/; 

I 1(4): maior,quam i(/'). 

J i(c): mQior^quam i(d). 

i(<f)j i(<i); maior,quam i(/f)5 i(c). 

I ' W> ' (0- niaior) quam e*^ f. - - 

/: maior,quim i(% i(^/). ' c^^ 

i(t)^ i(^/): maior,<juam i(i); i(f). 

1(^)5 i(i/): ma!or,quam --^ 

maior,quam i(t)} i(c). 

i(^); i(^l):rf5'it» ' 
i (i); i(c): q ^^. ^ 

dy a: maior, quara ^ f 

f ; /: maior, quam c; 

^/^: maior, quam <t^. 

eh: maior, quam fi. 

Et quoniam /, logarithmuscftrationis cad^^: 

crgo df logaritbmus cftrationis c ad dy totu- 

plicats, qu( • elt d. itcm quoniam e^ logari- 

rhmiiseft rationis nd erf?o tte, loearithmus 

til. -^^ ^ft^ Ec 

ca,quo- 

quo- 

crgora- 





deprcffior 

sd}/ 
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hypoth. 
4ef.^.h. 
dcf.f.4. 



hypoth, 
dcf.^.h. 



.hypoth. 
hef.^Jj. 



Ergomaioreftratio a ad ^ totuplicata> quotus 
eft 4, quam c d totuplicata, quotus cft <t 
Quod &c. / M . 

Similitcroftendciur, quod^t, logarithmus eft 
rationis a ad by tocuplicacse, quotus eft h: & f( 
logarithmus f ad totuplicat2e,quotusclt c. /cd 
crt ehy maior, quam fc: ergo racio 4 ad ^ totu* 
plicataquocuseft i, altiorcft,quam c ad totu- 
plicata quotus eft c . & eft a- minor , quam hy Si 
c minor,quam ^Z: crgo minpr cft ratio a ad ^ to* 
tuplicata,quotusdl quam ratio c ad totu- 
plicara,quotuseft c. Quod&c. 

Dejnonjir.t. 
Efto minor, quaq),^: & maior, quam c. 
ergo Cy df ay h, fuocquacuor numerianthmetic^ 
di^ofitijquorum c, minor cft, quam d^ & mi- 
nor,quam a. Etratio c ad ^ totuplicata,quo- 
tus eft c, maioreft,quum ^ ad ^ cotuplicata,, 
I quotus cft ^: & c ad ^ totuplicata, quotus ert dj 
mmor, quam a adh totuplicata, quotus eft 4. 
Quod &c. 

Demonjhr.i, 
Efto ay maior, quam hy &1 minor, quani c. 
Ergo hy a, dy c, funtquatuor numeri anchmeti* 
ce difpofici; quorum hy minor, quam & roi- 
, nor,quam d. Etratio h sid a totuplicaca, quo- 
cus cft hy maior, quam d^d c totuphcata , quo' 

tus 



1.3 



def.^Jj. 



%.3 



Q V I N T V M. 
tuseft r. 8d i ad 4 totupIicatn,quotuscft mi- 
nor>quam d ad c totupIicata>quotus cft d. Et 
conuertcndo a ad I? totupIicata,quotuscft/<,ma- 
]or,quam c ad ^>totuplicata,quotuscft d: &ia 
ad b totuplicata ,quotuscfti,minor,quam c ad 
I d totuplicata,quotuseft c. Quod&c. 

Demonjlr, 4. 
Efto a maior vtnfquc hy & c : critquc d mi- 
norvcrifquc c, & k Sunt crgo quatuor numcri 
dy Cy by /I difpofit! arithmcticc : quorum ratio d 
ad c toiuplicata, quotuseft ^/^maiorjquam b ad 
a totuplicata , quotus eft & ad c totuplica- 
ta,quotuseft f, minor,quam b ^d a totuplicata, 
quotuseft b. Et conuertcndo, c ad ^ totuplica- 
ta, quotuseft dy minor,quam a ad b totuplica- 
ta,quotuseft a:&c c zd d totuplicata,quotuseft 
f, maior,quim a ad b totupiicata,quotus cft L 
Qijod&c. Quarc&c, 



Theor. 8p. Prop. loi. 

SI fuerint quatuor numcri arithmetice difpofici , & pri- 
mus maior fecundo, fuerint autem & alij duo numcri, 
qumtus ad fexrum , maior quam vt primus ad quarrum^ : 
erit primi ad fecundum totuplicata ratio, quotus cft quin- 
tu$y maiorjquam tcrtij ad quar tum totuplicata racio,quo- 
lus cft fextus . 



Tc 
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f/ypotk 

j Sint quatuor arithmetice difpofiti numcri ^,^, 
tief.^.h. \h d: &C> fit primus 4, maior fccundo l?; idcoquc/ 
J. eiiam tcitius r, maior quaiio d: & fintali; duo, 
j quintus e ad fcxtum maiorquam a ad 
Dico rationcm a ad ^ tocuplicatamjquotuseft^ma^ 
iorcm cfle ratione c zd d totupIicata,quotuseft/ 

Priepar, 

Rationis a ad lcgaiitlmuis afliimatur^: & rationis 
c ad dy logarithmus h. 

Demonjlr. 

xoo.h. \ Ratio ad i totupHcatajquotuseft^i, maior 
eft rationc r ad ^ totuplicata,quotuseft d: & 
hypoth. I ambae funt maiorisinirqualitatis:crgoratio <t ad 
iefp,^. ' ^ toiuplicatP,quotuseft a^ altioreft,quam c ad 
d totuplicata^ quotus cft d. Eftautemrationis4 
ad b toruplicata:,quotus cft a^ logarithmus 4^: 
Sirationis c ad totupIicatsc,quotus eft ^Joga- 
rithmus W:ergo maioreftjquam hd. Erquo- 
niam e ad y maiorcft,quam vt a ad ^/. pcrnui- 
tando, e ad maior cft, quim vt f d. Scd e 
ad cft vt eg ad : &c f ad dy vt //? ad (/fc. 
Ergo eg ad maior eft, quam vt /7? ad ^ : & 
j permutando, eg adfhy maior, quam vt ag tiddh. 
y^,h. j Etcft egy logarithmus rationis a ad h totuplica- 
! ta:,quotuseft e: &cfhy logarithmusrationis c ad 
7^-^' [ cocuplicatar , quotus cft /. ergo ratio a ad ^ 

totu- 



73- '^- 

Oypoth. 



13.5. 
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I totuplicata,quotuscftr,altior eftratfone c ad d 
hypoth. totuplicata , quocus cft f. Ec vtraque maioris eft 
dff^^. insequalitatis. Ergo ratio 4 ad ^ totuplicata,qiio- 
tus eft <r, maior eft rationc c d totuplicatay, 
quotuscfty; Quod&c 
Quare &c. 



Tbeor» 9 o. Prop. 102. 

SI fuerint quatuor numeri arithraetice difpofiti , & pri- 
mus minor iccundo^ fuerint autcm & alij duo numeri, 
quintus ad fcxtum , minor , quam vt primus ad quartuni-i : 
erit primi ad fecundum totuplicata ratio , quotus eft quin- 
tus, maior, quara tcrtij ad quartum totuplicata racio, quo- 
tus eft fextus. 

Hjpoth. 

Sint quatuor numeri arithmctice difpofiti, bj 
def.$.b. cy d: & fit a, minor,quam h ideoque etiam r, 
minor,quam d: &fic ad fj minor,quam vt a 
\add. 

Dico aad l? totuplicatam rationem , quotus cft ma- 
iorcm efle ratione c add totuplicata, quotus eit f 

Demonjlr. 

hypotb, Sunt cnim d, c, by arithmcticc difpofiti: & cft 
3. s. maior, quam c Scf ad e^ maior,qudm d ada: 
101. ergo ^ ad f totuplicati, quotus cft, / maior cft, 
quam l? ad a toruphcata^quorus eft e: 8cconuer- 
1. 5. I cendo c ad d tocuplicata, quotus cft /, minor, 

T t 2 qup.m 
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quam a 2id h totuplicata, quotuseft e. Quod &c 
Quare &c. 



ProbLll. Prop. lOS. 

DAta quantitatc, dotaquc ratione maequabtatis, inoc- 
nireterminosindata racioae , quorum diS^icadi 
cft quantitas data . 

ff^poth. 

A S E 
1 . — — -1 . — \ 

c d 

Sit data quantitas A dataque ratio c ad & e(b 
r^niaior, quam d. 

Oportctinuenire terminosin rationc c ad<^, qi/onim 
cxccflus A S. 

Conftr. 

, ¥iatc~d;cl: A^By BE. 
Dico AE^y £»: cj 

Demonjlr, 

i.p. £»; c; Quod&C. 

Quare &c. 



Tfc^^^r. p I . Prop. 104. 

SI quatuor quantitatum non numerofas rationes ba- 
bentiumjharmonice dirpofitarum,prima maiorfuerit) 
quam vtrahbct fecunda , 8« teriia : logarithmus ptioas 

' P": 
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primse ad fecunJam ad logarirhmum tertise ad quartam^, 
non erit maior,quam vt prima ad tcrtiam, nec minor, 

quam vt fecunda ad quartam . 

Hypoth. 

p r f s t s u y 

l m n • 



1 ' 

m 




t X 

n 


S i 




9 A 


b 




c 


' e ^ 







^ b c d 

g . h » 

Sunto quatuorquantitates harmonic^ difpofitx, ^> 
d: quarum 4, maior,quam &maior,quim c. & funto 
4 ad & c ad rationcs non numerofa: . & rationis a 
ad hy efto logarithmus r. rationis autem c ad dy logari- 
ibmus 

Dico ^ ad ^ nonmaiorem effc , quam vt a ad nec 
minorem, quam vt c ad d. 

Suppofito falja altematitia . 
Eftojfifieripotelt, velmaior c adfy quim vt <t ad 
rationc ^ ad fc^maiorisinsequalicatis, velminor, quamvt 
c ad ratione £ ad /?, maionsin^equalitatis. 

Priipar. 

Fiat ^5 /: /5 h. Sumacurquantitas K. 

, Fiac a; K: K-, 1. 

hy K: Ky m. 
I K: Ky n. 

f dy K: Ki 0. Da-. 
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f r q S t .\ i J 

K 

d b c d 

7r i ^ f Qt 

g $ h 



77. /a 



88//;. 
^4* h, 

77. /;. 



Dacis non numerons rationibus 4 ad ^> & r ad 
vd w ad /, & ad «: dataque ratione ^ ad /, 
vcl I ad hy maioris in.x*qualitacis, quatuor jnue- 
nianturnumerof^erationes, p ad altior, quatn 
1 2d m;Czr ad s depreflior: propiores aequalica- 
ti loganthmica: , quam vc inrationc £ ad i,vel/ 
ad h. 

Etquoniam a ad ratioeftalcior,quam f ad 
d: 3c lunt /, w, «, (7, reciproce, ficut c, </: 
ctiam / ad m, ratioeftaltior,quam w adt?. Itaq; 
fiforte contingeret r ad j, nonaltior, quam n ad 
inueniatur alcera r ad j, deprelfior quidcnXi, 
quam / ad fcd ei propior^ acque aIcior,quam 
n ad 0. Ecfimilicerinucniacur t ad depreffior, 
quam r ad aicior,quam n ad (?: nccnoninue- 
niarur x ad deprefnor, quam ad o, vc fiant 
r ad & AT ad jy, propiores «qualicaci lo^ari- 
chmica?,quam vcinracione £ ad /, vcl 1 ad fc. 
03. h. I Dacaqucdiftcrcncia /, m: dacisquoque racio- 
.| nibus /7, ad r ad r ad «, x ad j, inuenian- 

tur 
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turearumdem termini py r, x, r, eafdemha- 
bentes rationes, & camdem diffcrentiam 

ATj Cf 
r; K: 0. 
q: K: K; K 
J5 K: Ky *. 
n K: Ky 
xy K: K'y K 

K: K'y 
y\ K: Ky 
Etrationis ^ad «T, logarithmusefto 
rationis ad logarithmus (T. 
rationis ^ ad logarithmus ^f. 
rationis ^ ad logarithmus e*\ [ 

Demonflr» commun, 
kypotb, j c, funt harmonicfedi/pofit^. 
" /, ;w, w, arithmeticc di/pofitje. 

<i, maior, qudm k &maior,qudm c. 
ly minor, quam m: & minor, quam 
py /> r, j; f, w, o; x,j>': bina:,&binse funt 
arithmetice difpofitg,3nteccdcntes minorcscoii- 
fcquentibus. 



hypcth, 
conlir. 



defs^J? 1 ; maiorjquam e. & r; maior^quam 
' : maior,quam f- &:J: maior,quam^>'. 



conflr. 



Et quoniam ad /, maior eft logarithmicc, 
quamvtratio ^ad «^, adrationem /S ad »: rario 
lautem ^ad «^, ad raiioncm /5 ad 1, logarithmice 

maior 



335 ELEMENTVM 



p r q s t X H j 

l m n 0 

K 

a b c d 

7t < 9 4 « 

g i h 



8i. 
13.5. 



conflr, 
/np. 
hypoth, 

7- 5' 



def.i^h 
88. 



maior eft , quam vc ad rationem a adk &C ratio 
^ ad cT, ad ratione a ad byCd logaritmice, vt ^ ad 
e: ergo ^ ad / eftmaior,quamvt yr ad Siroi- 
liter ortendetur ^ ad / , maior,quam f ad f : & 
raaior,quam 4 ad /: & maior,quam f ad of. 

Deinde quoniam p ad vel ^ ad <r ratio eft 
altior,quam / ad w, vel a adhy &funt ^^, c^, 
4, h harmonice difpofit«5& cft maJor,quam 
b: oportet & ^ maiorcs eflb,quam b. lic- 
nim eflcnt a^quales ^ cftetratio 2Lad «T, ccquealta* 
rationi a ad fi vcro cflct minor, quam a^ 
ideoque& minor,quam eflet ratio ^ ad <r, 
dcprciTior, quam a ad ^: contra aflTumptum . Si- 
i militcr oftendetur,qu6d a^ maior eft, quam ^ySi 
\ by quam «: item 0, maior, quam & a< > quum 
I ^: & f, quam ^ ; & f/, quam f . 

Sttppoftio falfa prima. 
Efto r nd fy maior,quam a ad c: fi potcft. 



1 1. J. . 

fup. 
/ttp, 

'4* i- 
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rainor, quiin ^5 i* • ' 
4;- y: minor, quam fci^ 
flj maior,qudm 4; fienim cflTet cadcoL/, 
^ " • \cl minor : eflec e; f. minor, quaili ^ c^-^£i h» 



p\ep4u 



contra aflumptum . 



1 



Suntautcm /S^, i, harmOnici difpofit^ 
quantitates^numcrofafque habentes rationcs; & 
proportionales ficutquidam tcrmini ^ferie har- 
pr^^' monicanaturahabvnitatctquorutti ratioijis /3 ad 
», logarithmuseft j &rationis i9 ^/^ , loga- 
Tithmuscli 4, Ettautemfi(?ut r adi^-raiidalcior, 
quam t ad u: fic ad • , altior, qui^m 9 M : &c 
Jup, eft 0y maior, quam §5 ideoque & 5, maior, 
9p. quam m . Ergo ^ ad 5, maioreft,quam i> ad 
13« y- Ergo /3 ad 6, maioreft,quam ad f. contr^^.^j. 
Ergo f ad /J non maiorcft,quam a ad r. Quod l^<?. 

Suppof falf 2. 
Efto ^ ad^ minor,qna!ii l rf, fi potcft. 

Detnofijlr.t. 

/|-+?) ^> 
^4 minor,qudm 0; i, 

fi ^: minor, qudin /; h. 

/np. I w 5 6;; minor,quam e; /,-*f5 h. 

Vv 



prafar 
fup. 
/up. 
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i^. 5. 

prjepar, 
15. h. 

prspar, 

ft*p. 



; 0! : minor , quam b\ d. 
Sunc autcm ^,cr, harmonicedifpofitie, 
numcrofas r Jtioncs habentes y & proporrionales, 
ficUt quiJari) termini e fcric harmonica narurali 
ab vnitate : quorum rationis cad logarichmus 
eft ^3 & ratiouis > ad logarithmus eft & 
eft ^ ad <ei ratio aItior,qLam a ad ficuzp ad 
altior , quanj / ad m: Scl adm altior, quani> 
n ad Oy vcl c ad d: & c ad akior, quam ^ ad 
£5 ficijc « ad (7, altior,.quam ad ^: ergocad 
altior eft,quam ad £ : & eft c> maior,quani 
m^iior, quam $: Ergo tt ad « maior 
eft, quiai ^'jad f . £rgo ff.^ 5 minor cft, guam 
b ad d* contra 8, 5. 
Ergo <r ad/, non minoreft,quam ^ ad d. Quod &C 
Quare i&c - 



15- 5. 



QVatuor arithmecice dilpofira^m quantitatum , fi 
prima ad vJtimam, fuerit vt numerus ad numerum: 
crit primc-e ad f^candam toruplicata ratio , quotus 
cft homoIogusprim5e,maior,quam tertia? ad quart^ ro- 
tuplicata ratio, quotus cl\ homologus quart^e . quod li fe- 
cunda ad tertiamfueritvtnumerusadnumcrum: critpri- 
mc-eadfccundam totupIicararatio,quotuscft homoJogus 
fccunda:, minor,quam tertigad qu^rtam t0tuplicata,qt2a' 
cuscfthomologustcrtiar. 
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Hypod)» . . . .« j. 

Siinto quatuor arithmcrice difpofitx qtiantitates Ay 
Cy D. &efto,vclakcrutruai, vel vtrumqueillorum, vidc- 
licct: A ad £), vt numcrus 4, ad numerum rf: & 35 ad C, 
vt numerus ad numerum r. 

Dico rationcm -/4 ad 5totupIicatam,quotuseft/i,nia- 
ibrem efle ratione C adD totuph*cata,quotus eft ^: & 
rationem Aad^B totuplicatam,quotuseft rainorcniA 
ratione >C ad D totuplicata, quotus cft c. 

Prapar.cofnmun. 
' 1 Sumatur rationalis ui &perquantitates dcno- 
{ mincturarithmeticedirpofitas, vt fiant fravSiones 
1^.^. I u{A)y «(C), «(D), harmonice difpofit^e, 
I Sitque rationis A B logarithmus e : & ratio- 
I nis C ad D, logarithmusy.' 

Demorjjlr.p» 

Quantitatum Ay C, D,vclduxtantijmcxtrcmx A, 
D, erunt vt nuraeri; vcl du^ tantum medi^ C: vcl bina: 
tantum cxtrcm^inuiccm A, D^ &i med inuicem C: 
vel tres inuicem fiint vt numcri. 
4.8. I • Sunto tres inuiccm Ay !5, C,. vtnumcri : &af- 
I fumantur tresnumeri fc, / proportionalcs, vt 
i^c/.S./;. 1 q^Qj minorcft,quam Si^tiamC» 

^•^ I minor eft,quam O; & minor,quam k &: pcr 
homoIogiam,cft ddcdus fc, ad /, vc dcfcctus 
Ay By ad C. addatur dcfcflus fc, nuinfro /, & 
• 2*P* j fiat numerus /. crit crgo coniponendo vt / ad /, 
cgiti Vv 2 iu 



54© 



-fi 



100. 



15.4. 



11.5. 

z.p. 

1^.4. 

18.4. 



ELEMENTVM 
ita D nd C. Si Yer6 maiorcft,quiai pro- 
fefto C, maior cft, quani C — vcl quam A 
pcr homologiam, ficut C, maior cll,quam 
i4 — 2, ita /, maior cft, quam £ — h. Aufcratur 
itaque £—hy ab / numero; & relinquatur /; & 
eritj diuidendo, C ad D, vt./ ad /. 
I Quare /iy 3, C, D funt proportionales inui- 
j cem , vr numeri, fc, iyl.&^ numeri /, /, 
funt arithmetice difpofiti: quorum ratio ^ ad fc 
totuplicata,quotuscft j^, maioreft,quam rario 1 
ad / totuplicata, quotus eft /: & ratio ^ ad to- 
tupIicata,quotuscft fc, minor, quam ratio / ad / 
toruplicata,quotuseft /. Sed ^ ad totuplicata- 
J rario , quorus cft ad camdem totuplicatam-», 
quotuscft a, eftlogarithmice, vt g ad a: & / ad 
/ toruplicata, quotus eft /, cft logarithmice ad 
eamdcm totuplicatam , quotiis cft vt / ad L 
Etquoniam ^ ad / cft vt ^ ad D:& A ad D, vt 
a ad d\ ergo g> ad /, eft vt a ad ^:&permutatv- 
do g ad vt / ad d. Ergo ratio g zdh toiupli- 
cara, quorus eft g, ad eamdem totuphcatam,quo- 
rus eft a^ eft vt / ad / totuplicata, quorus eft /, 
adcamdem totuplicatam , quotus eft d. Ergofi 
^ ad /7 totuplicata, quotus eft altior eft , quam 
/ ad / totuplicata,quotuseft /, etiam g ad h to- 
I ruplicata,quotus cft 4,aItiorcft,quam / ad / to- 
j tuphcata,quotuseft // : fi deprefsior, deprcfsior. 

ergo 
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dcff. I. 
c2r a.4. 



100. f?. j ergoficut g ad.fc totupIicata,qiiotus eft^, ma- 
ior cl>, qu5m / ad / totuplicata, quotuseft /jfiuc 
fint g ad /?, & i ad / rationes maioris in^equali- 
tatis,fiuefintminorisamba?: crit&^ ad h totu- 
plicata, quotus eft maior,quam / ad / totupli- 
cata, quotus eft d. Et eft g ad fc, eadem , quse A 
ad 3; Se / ad /, eadem,qua^ C ad D. ergo A ad 
S totuplicata ratio^quotus eft maioreft^quam 
Cad I> totuplicara, quotuscfti. QuodiSic. 
Similiprorus dernonftratione oftendetur> quod racio 
^ ad S totuplicata,quotuseft minoreft,quam C ad 
D cotuplicata,quotuseft c. Quod &c. 

Demonflr.i. 

Sunto vcl duotantum extremi A^ D, vt numeri^ vel 
duo tantiim medij C, Dy velbini,&bini A^ D, ^,Cy 
Ti^nautcmtres, autquatuor.profcfto vcleft quantitas A, 
minor, quam 3, vel maior: & rurfum quantitas Ay minor, 
quam C, vclmaior . 

Efto Ay minor,quam 2, & minor,quam C. 
14. h. <*(/i),, m(S), <<(C), /*(D), funt harmpnice diipofiti. 
iiUV •«(^):'maior,'qu.^m'«(»). 
11, h. u(A): maior,quam h(C). 
88. h. H(A)'y w(»): altior, & maior, quira u(C)y h(D). 
78. h. t*(^)) ^C^) logarithmus 
78. h, \ t*(C)y u(T>): logarithmus f. 
icf.i^h I u(C): maior,quam u(D). 
8. s- 1 ^(Py- niaior, quani «(>^)3 «(C). 



Sr. 



104. /;. 
X04. h, 
8. 5. 

12. /;. 
11. h, 

13. 5* 

pl, h. 

91. /7. 

frxpar, 

80. /7. 
I 



ELEMENTVM 



»(-4)5 »(C); non minor , quam f. 
eyf: non minor,quam ul^B); u(D). 
H^T)'^ u(D): maior,quam t*(Q. 
«(^)> maior, quim f. . 
f: maior, quum w(^); «(C). 
»(.4)5 «(D): Z)j c^; dy a. 
w(»)5 w(C): C,- »: q ^^. 
^5 maior, quam f. 

p. maior, quam q 
df. maior, qiiam ac. 
eb: maior, quam fc. 

Etquoniam /, logarithmus cft rationis C ad 
T>: crgo df, logarithmuscft rationis C ad £> to- 
tuplicat2e,quotuseft d. item quoniam o logari- 
rhmuscftrationis A ad ^^crgo ae, logarithraus 
cftrationis ^ ad ^ tocuplicatar, quotuseft a. Si- 
mriiter fc, logarithmus cftrationis C ad Z> totu- 
plicatse, quotuscft c: & cb, logarithmus, ratio- 
nis A jB totuplicata:, quotus cft k Sicuc er- 
go acy minoreft, quam dji fiq depreffior cft cx^ 
ad jB toruplicata,quotusert a, quam C adD to- 
tuplicata,quotuscft i(;ecn ficut eby maioi cft, 
quam /c: fic A ad B totupIicata,quotuscft^,aI- 
1 tioreft,quam C ad D tocuplicata, quotus cft c. 
hypoth. j Suntautcm A ad 2»', &.C ad D, minons ing qua- 
dcfA.cr I liraris rationts,quarum dcprcflior altiore maior 
^'^' ' cft. Ergo /4 ad H totufi{lKata,quotuscft raa- 

ior 
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ioreft> quam C ad X> totuplicata,quotus eft A ad 
55 totuplicara,quotuseft minorjquam C ad X> totu- 

plicata , quoius cft c. Quod &c. 

Demonjir.i* 

Efto ^ minor,quam 3, & maior,quam C.' 
Er^o C, Ay Ty luntquatuor quantitatcs ari- 
^ef. 5.K thmetice difpofit^ 5 quarum C, minor , quam D, 
/«p. & minor, quam A. Etratio C ad D totuplicata, 
quotuseftf, maiorcft>quim ^ ad S totuplicata, 
quotuseft & C ad D totuplicata,quotuseft^i, 
ininor,quam ^ ad S totuplicata,quotus cft a. 
Quod &c. 

Demonjir. 4. 
Efto maior, quam », & minor , quum C 
Ergo ^ X>, C, funtquatuor quantitates ari- 
drf.%.h. thmeiice difpofr^, quarum » minor,quam A^ 
fuf. &minor,quam D. ideoquc A totuplicata 
ratio,quotuseft^, ma:orcft,quam D ad C totu- 
p]icata,quotuseft r: & » ad ^4 totuplicata,quo- 
tuseft a, minor,quam Dad C totuplicata, quo- 
2. |. tus eft d. Ergo conuertendo, cx/ ad S totupli- 
cata, quorus eft minorcH, quum C ad D to- 
tuplicata, quotuscft r: & ^ ad S totuplicatx;, 
quotuseft^i, maior,quam C ad D totuplicara^, 
quotuscft Quod &c. 

Demonjlr, 5 . 

Efto A maior,quam 2, & maior,qium C. Ergo D, 
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C, ^5 Ay fiintquantiraccs arithmctic^ di/pofitie, 
t/cf.5./;. quarum T> minor, qudiii C, &minor,quanfi j5. 
/w/). quarum ratio D ad C totuplicata , quotus cft 
maioreft,quam S A totuplicata , quotus eft 
& D ad C totupIicata,quotuseft f, mmor, 
.a. quam ad A totupIicata,quotuscft b: Ergo 
conucrrendo, C ad D roruplicata,quorus eft 4 
minoreft,quam A SidjB totuplicata , quotus eft 
a: ^CadD toruplicara, quotus eft r,maior, quim 
I cx/ad S totuplicata, quotuseft L Quod&c. 
Quare&c. : . • ^ ' 



Tjoeor,^;. Prop. 106. 

Sl fuerint quatuor qbantitarcs arirhmericc^difpofitac^Si 
primaminor fecundajfucrint aurcm &(duo numeri 
prior ad poftcriorcm,minor, quam vtprima quantitas ad 
quartam: erit prima: ad fecundam totuplicata ratio , quo- 
tus eft prior numcrus, maior,quam tertix ad quartam ro- 
tuplicara, quorus eft pofrerior . 

Hypoth. 

Sintquatuorquantitates arithmctlcc difpofita?, A, 
C, D: &fit A, minor,quam ^: ideoqueeriam C, minor, 
quam D: &fir e numcrus ad numerum minor, quam 
vr A adD. -? 

Dico A zd^ toruplicaram, quorus cft maiorcm ef 
fc,quam C ad D torupIicara,quoruscft f. 



Prt- 
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• Pr^par. 
-Ua o 4o ^Dcnominetur pcr quantitates arithmetice 
ljllP.?] difpofitas A », Cy O, vt fiant fraaioncs har- 



Imonice difpofit^e, «C^), «(Q, «(D.)..Ec 

. , efto rationis u{A) ad «(S), logarithmus^; &ra- 
" tionis «(C) ad <D), logarithmus fc. 

Dcmonjir. 

Vel «(-4), maior eft , quam «(C); vcl minor. 



1 

1 



88. 

I04» 
xa. ir. 
XI* 
IJ. J. 

8. 5* 
13. 5. 

a. 

13. 5:. 

IX. 

80. 

81.^. 



I 



i 



Si u(A), maiorcfr,quam w(C): ctiam «(S), ma- 
ioreft,quam u(D): & *<-r4) ad «(S), ratiocltal- 
tior, Scmaior,quim w(C) ad«(P).Ergo ^ ad ^ 
nonmaioreff,quam vt u(A) ad «(C). 
«(.4)^ «(C): C5 A. 
C: roaior, quam -^. 

hi non maior,quam C^/4. 
D; -^4: maior , quam A. 
ffi h! minor: quam D\ A. 
f\ e: maior, quam "D; A. 
g\ h: minor, quam fy c. 
gr. minor,quam fh. 

Eft autcm g logarithmus rationis u{A) ad 
tt(S), vcl X A: idcoque ^ logarithmus cft 
rationis 3 aJ ^ totuplicatae jquotus cft c. itcm 
//7, logarithmuscft rationis D ad C torupiicatje, 
quotuseft f. Ergoficut ge^ minor cft,quam fh: 
fictotuplicataratio S ad yf,quotuscft f,deprel- 
fioreft,quam totuplicata D ad C, quotus cft f. 

X X &eft 



1. S' 
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bypoth, I &eft maior,quam Ay &c D maior, quam C: 
ergo totuplicata ratio 3 ad quotus cik r, mi- 
nor eft^quam totuplicata X) ad C, quorus jefi f. 
&conuertendo , totuplicata 14'ad 2, quotus eft 
Cy maior, quara totuplicata C ad D,quotuseft/ 
Quod&c, 

Si «(-4), minoreft,quam«(C):eti3m «(S),mi- 
norcft,quam u(D): &eftratio w(C) ad »(Z>),al- 
tior,quam ad «(?):& cft /<(C), maior vtra- 
libet u(D)y & u(A). 
hj^: nonminor,quam «(C); <#(id). 
u(C)i u(A): A\ C. 

^: non minor, quam Ay C. 
Qy^; C: maior, quam Aj D. 
A\ T>: maior^ quam e\ f, 
hy^: maior,quam f. 
hf: maior, quam e^. 

Totuplicata A ad quotuseft r, maior^quam 
totuplicata C ad D, quotus ell / Quod &c. 
Quare &c. 



104.^. 

IX. h. 
13. 5. 
8.5. 

bypoth. 

ih 5- 
pi. 

fup. 



SI fuerinc quatuor quantitates arithmetice difpofif^, 
& prima, maior, quam fecunda : fuerint autcm & duo 
numcrijprior ad pofterioremmaior,quam vtprima quan- 
litas adquartam:eritprim^ad fecundam totuplicata ra- 
tio,quotuscftprior numerus,maior, quam tertif ad quar- 

tam 
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tm tbtuplidta, quotus eft pollerior . 

Hypoih. 

" Sint quatuor quantitatcs ^,»,C, D, arithmetice di- 
fpofitx: & fit A, maior, quam ideoque etiam C, ina- 
ior,quim Di &fit ^numerusadnumcrumy; maior,quam 
vt A ad D. 

Dico i4 ad S tofup!icatam,quotuscft r,maiorenL, 
c(re,qu2im C ad Z) tptupIicata,quoruseft / 

■ Sunt cnim quatuor quantltates arithmcticc 
hyf6tb. difpofitx Dy C, -4: & cft Z> rainor,quam C: 
1. 3. & /ad ^r, minor eft , quam vt D ad c^. ergo Z> 
lo^. fo. ad C totupHcata ratio , quotus eft / maior eft, 
a. 3. quam S ad ^ totuplicata,quotuseft <r. Etcon- 
uertendo, C ad /) totuplicata , quotus eft mJ- 
j nor, quam Aad^B totuplicata, quotus eft 
I Quod &c. 
Quarc &c. 
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e 



Perilluft. &: Exccllenrifs. D. lo. Dominico Caflino 
Aftronomo D.S. PctrusMcngoliis S. D. 



Finftam mihtfatU credo, Vir Excellencijs.ctm 
pubbcandaconjcrthoydeocjue meritj nec omntno 
fcholanhus credeudnm futo : ijuqrum licet op 
mefateorpltmmtim profecifp; mntamen au- 
Eloritate oportuit confrmari , Tu ^z^erjy qmfcky 
^potes > ttiisinmemukis hucufquepofitis ,hoc addas oj^ium 
^elim : praua , ji quit fmt, emendesprimitm : in ijs > qti^ w4- 
le pofita Ju?7t , confilio adiuf^cs ^ m caeteris» ?mhi dupifces intcUe' 
clum • ^luod njt prdfles facilius , retexam bretiiter htiiufce 
cperis narrationem : cjuam cum legeris , pr^fationemcjuc ad le- 
clorem percurreris 5 plurima quidem curfim prdetereundo tntelli* 
gcre'y paticisnjero dijficiliorthus le^ts attentiiis , demonjlratisp 
•pofsis de toto uolumine fcntehtiam fcrre • 

Ante annos duodectm , occafione ctttufdam prohlematis mthi 
propofiti d T>, /0. Antonio T^cca ^e^ienfi, de f^ura ^^iilinea de- 
Jcrihenda, (ju^ JecaretellipfJm in diwhttspuncltsinnumerahtles 
iiufmodi fouras exco^itaui, quas tunc per Geometriam indtui* 



fhiltumquadraham , adhihttar.^men prtiishoc lemmaie . 



Lem- 
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Lcmma. 

Data rectalinca^ diuiraprimum bifariam , deinde non^ 
bifariam in duobus pundtis, vtrimque a medio punfto 
scqualitcr diftantibus : afTignatifque vnius ciufdem gradus 
poteftatibus abfciflarumjnecnonai^us eiufdem gradus po- 
tcftatibus rcfiduarum; inuenirc cui fit a^qualc aggregatum 
ex duobus produclis lynonymis,fub potcftatibus abfcifla- 
rii aflignatis , per fuariim affignatas poteftates rcfiduarum . 

Eit autem hoc lemma affinc illi, quod recitat Bonaucn- 
tura Cauallerius b. m. pra:ceptor meus cx lo. Beugrand: 
quod idcirco in expofitionc placec imitari . 

^j— 1 — 1 — 1— — — i'^ 

Sit rcfta AJ^y diuifa bifariara in 7, &non bifariamin 
punciis C,», arqualiterhincindea T diftantibus. Opor- 
tecmucnirc,cuilita:qualeaggrcgatum produAjrum fy- 
nonymorum fub pqtcftatibus partiura inacqualium AB^ 
'BI{. & AC, C/{j Vt aurcm brcuiori via id obtincamus, 
proccdemuspcr Algcbram Spe(:iofam , partcs Ar^ 
vocantcs t: & partcs^r, TC^ vocantes Erunt ergo 
A'By C2{y t — ax & crunt AC^ "BjX , t-i-a. Aifignatisitaquc 
primisporcltjc.busabfciffirum AS, ACy nccnon pnmis 
refiduarum C7{^i volensinueni/c cui ^equctur fuin- 
ma produ llorum fub primis potellatibus ABJ{y ACI{j 

ftuiim ducendo t-.^-a per t-i-a produco vnum : 6i ducci>- 

. - - 
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-1- 



T C 
-1 — 1- 



do t-^a pcr f — ^,produco altcrum, quorum fumma, t.: 
Excmpltim primum m Vfiipnmis . 



9R: t-^a 



AC^ (2 — 42 
t2 — 42 



A^Bl^-^ACT^i 2(2—242 

Vnde fcquitur aggregatum produdorum fub piWB 
poteftatibus ylS^, ^C^, cqualec(rc,dupla! fecundxpo- 
reftari AT^ demptadupla fccunda TC. 

Quod fi affignatis fecundis poteftatibus abfciflanwL 
A^ByACy &pnmisrcfiduarum CT^ velim fc/rcoii 
aequetur fumma produdorum fub poteftatibus fecunc 
^», & prima Z?^, &fub fccunda AC & prima C^: C: 
fingofecundjm poteftatema radicc r -4, quam ducott- 
primam t-+a^ vthat vnusproduAus: item elfingo lcca" 
damf -+4, quamduco inpnmam ( -43 vt fiac alcerprO' 
' ducljs: quorumfummam inucnio 2(3 — 2(42. 
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Sxemplum 2. in %frtmis . 

-t' tia — itai-^ai 



A^B^i ti'-tia"'tai-^as 



AC: ti'^2ta-+az 
C2^; t^-a 



-i-itia-^tai 
— tia"ita2 — ai 



AC1{: fi -+f24- W2—^3 
tj-^tia-^tai -+ai 

A^BI^ AC2{: ity^-itai. 

Vnde manifcftum eft nggregatum produaorum fub 
poreftatibus, fccunJa AB & prima Sl lub le- 

cunda ^C & prima CT{, xqualc effe duplx pote. 
ftati tcrti^e ATy dempto duplo proJu.to fub pnmju 

AT, & fecunda TC. 

Similircr in cuiuslibct appellationis proportionalibus 
progrediendo,confequemur opwtum; vc cxemplis lu- 
bie^Sis liquido jpparet . 



» T C , 




4- 




i4— 5f54-*3f2^2 — c«3 



U^-^yid^ltzaz-^tA^ 



!^C2^: f4-i-2f34— 2r43--/i4 
14 — 2f3J-r2r43*— ^4 



^J^^Ci^: 2f4 — 244* 

Exemflum 4. m "BiJicundiS. 
AB\ tz — ita-^az 

S2^: f2-i-2f4-+^2 

f4 — 2f34H-f242 

-^itsa — 4f242-+2f43 

-ff242 — 2f43'+^4* 
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Similitcr ACl{i t^—inai^a^ 



Exemplum 5. in Quddriprimis . 
A^i f4--4t3<i-Kff2^2— 4f^3-t-44 



f j — 4f44-*-5f342-— 4f243-fM4 

-ff44— 4f3<f2-*-5f243 — ^ta^-^af 



A^Bl^: f5~5f4^-f2f3^i2-4-2f243— 3f44-f^5 



^C; t^^^ia-^6tiai-^^ai-^a/{. 



/5 -«-4f 4<i-+ 5f3^2-+4f2<<3-4-M4 
- -/4^-4^342 — 6tiai--'/^ta^ — 45 



iiC^: f5-4-3f4<i-+2f3^2— 2f243~3f^4~^S 
f5- 'it^a-^itiai-^itiai — 3f^4"^^5 



A32<^AC2{f' 2f 5 H-4f 3 aZ'--6ta^. 



Yv 
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•^l^— — 1 — 1 — 1 — — -lA. 
£xemplt4m 6* in Trijecundis . 

-+2f44-^5f342-*-df243 — ita^ 

-^tsaz—^tiai 3f44 — 45 



A^l{l f5— f44— 2f342-+2f243-ff44— 



AC: £3-+3f24-f 342-^43 

Ci?: f2 — 2f4H-42 



/5 3^44-^3^3 42 -tr24S 

^ltqa — (5f342 — df243 — 2f44 

-+£342-4-3^243 ->3f44-f45» 



AC1{: t^^+t^a — 2f342— 2f243-i-f44-fr45 

£5— .^44 — 2f342-r2f243-+f44 — 4j 



ATK^AC:]^. 2f5 — 4f342-+2f44. 

Similiter in ^intiprimis. 
A!B!^yrAC^: 2f^H- J Of442— ji0f244— -246". 
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In ^uadrijecmdis . 
A^BI^^CR: lt6 — zt^a% — 2^244 2^5. 

In Tritertijs. 
d^BR-^ACR: It6'''6t^a2-^6tza^~2a6. 

In Sextiprimis, 
d3R-+AC:K: 2.f7-+ 1 8^5 ^2—1 ors a^iotaS. 

In ^uinttftcundis. 
iiBR-^ACR. ^tj-^it^ai—iotia^-^Stai^. 

ht ^adritertijs. 
d^BR-^ACR: 2tj'"'6t<iax-^6tia^--zta6. 

hi Septimipnmis . 
A^BR^ACR: 2f8"f2 8f(f42 — %itia6 — 2^8. 

In Sextifecundis. 

ABR-^ACI^ 2f 8 -+ 8f5^2— 3 0^444-+ 8f 2^5-f 2^t8. 

In ^uintitertijs. 

dSl^ACR: itS — 4f5^2H.4f2^5 — 2^8. 

In ^tadriquanis. 
ABR-^ACR: 2f8 — 8f542-+ 12^4^4 — 8f2ti^>-+2^8. 

In OElauiprimis. 
A^BR-^ACR: 2f 9^-40^7^2-+ 2 8f 5 ^4 — 5 6tsa6'-- 1 ^ta 

In Septimifecundts. 
A^BR-^ACl^: 2^9-+ 1 ^tyai-^iSfia^-^ 1 otaS. 

In Sextitertijs. 
A^BR-^ACR: 2f9— I zt^a^~+i6tia6--6taS. 

In ^umtiquartis. 
AliR-fACR: 2 f 9— 8 f 7^ 2 2 f 5 ^4— Stsa^-^itaS. 

Yy 2 In 
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1b ^ IflUSm 

ABR-^ACJ^. ario-+ 54/842 84/^^^4—841445— 

54/248 2JIO. 

ii 03mififmJif . 
jaBr^ACBi 2/io-^a5/842-~i8l6ii4 aS/^Jd^ 

2^/248-^241 0. 

-^if-^^^^J^: 2f 10-^5/841 — 2 8/^44 -4^ <8f 445 — 

5r248 — 24 lo. 

Jm Stxtifums^ 
ABRri^ACB:. 2/1 o — 5rSj2 -•'^«$44-^414^1^^ — 6o4 

c/^J^;K>^C3^- 2fio — ior842H- 20/^^4 — 30/44^ 

-+ 10/248 241 0. 

iQparailelcgrammoduda diametro, regtilabafi: fxst 
ncs fcxcuptar VDipiimx fiib thangulis>funt aKjoalesooy 
nibus iecuodis poreftadbus paraDelogrammi . 

Et omncs duodocopia: biprim^e, omoibiis tciti js poce- 
fiaribusparanelogmMni . 

Etomncsaopla^tnprims: nccnonomnes jopL^ bi- 
fccun J^i omoibus quortis pocclbtibu5 . 

£t 
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Etomncs jopla? quadriprimg. nccnonomncs ^'oplx 
trifecunda?; oranibus quintis poteftatibus . 

Et omnes 42pl9 quintiprimf : itcm omnes i o 5 plc qii> 
drifccundx: & omnes i^oplac tritcrtiaj 3 omnibas fextis 
poteltatibus . 

Etomnes 5(Jpl5efcxtiprim^e:itemomnes i^SpIf quin- 
tifecund^: itcm omncs 2 8opla: quadritcrtix^ omnibusfe- 
ptimispotcdat bus. 

Et omncs iiplx /cptimiprim^ : itcm omnes 2 5 2plx 
(extifecund««:nccnon omnes 5 o^plas quintirertije:5i om- 
nes <^ 3 opte quadriquart^; omnibus odauis poteftatibuj. 

Etomnes 9opl90vflauipnm<e:&omnes 35oplxfcp- 
timi/ecundc: & omncs S^opla? fextitertise ; & omnes 
i25opla? qumtiquarta?; omnibusnonispoteftatibus. 

Et omnes 1 1 oplaenoniprim.^;&O Tines4P5p!a:o(3:a- 
uifecundaj ; 3i omncs i3 2op!jc feptimitcrtia?: &omnes 
23 I opla: fextiquarta': &omnes ^yy^plaf quintiquintx; 
omnibus dccim;s potcftatibus. 

Ec fic dcinccps in infinitum iuxta numcros tabul? qua- 
dratricum, vd quadrarurarum^cotinuatf qjacum oportcr. 

/VJeth. T>emonflr. 

Aflinis cft h^c propofitio,cribus propofitionibus, quas 
lococitatorcfcrtCauallcriuscx eodcm Beugrand Exerc, 
^,prop. 25, 26, 27: Eadcmque illarum mcthodo 
dcmonftrabitur, cx Lcmmate prxcedcnti. Porro (a- 
tis puto ad oltcnlioncm ciuldcm mcrhodi > ex dcccm pro- 
politis , tna tantum dcmonftrarc . 
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Efto parallelogrammum A^y cuius diamctcr CTh di- 
uidaturque CZ> bifariam in E\ ducanturquc per £, xQdat 
FGy IHy parallclogrammi A"B lateribusparallelf :ducaa- 
turque hincinde ab E diftantes quantumlibet/ed a^qua- 
liter,&intraquadratum,du^e LMJi^ & 0 P 

Dico fub triangulis ACD, 3CD, omncs fextuplas 
vniprimas, 2qnalescfle,omnibus fecundis poceftacibus 
parallelogrammi A^. 

Demonflr. p. 

Quoniam aggregatum ex vniprimis KMN, OPT^ eft 
(sequaleduplzlecundf poceftati AX, dcmptaduplafecun- 
dapoteftacc LA/; & A'2V dudaeftvccunque . Ergocx 
omnibus vniprimis, fub crapezio AF EC^ & fub trian- 
gulo CEGy &CCX omnibus,fubcriangulo EFDy &fub- 
irapciio ED^G, aggrcgatum^quodeft omncs vnipri- 

ms 
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macfubtriangulis ACDy 'BCD: eft xqualeomnibusdu- 
plis fecundis poteftatibus parallelogrammi AEy demptis 
omnibus duplis fecundis potcftatibus trianguli, lEC-y ideft 
omnibus fimplis fecundis poteftatibus parallelogrammi 
A H, dcmptis omnibus fecundis potcftatibus , vtrorumq; 
trianc^ulorum I EC, D EH. 

Sed qualium trianguli /£Comnesfccund?poteftates, 
funtvnitas:taIiumparal!eIogrammi AE^ funr 3. Idcoq; 
qualium omnes fccund;^ poteftates iriangulorum /£C, 
DEH, funt 2: taliumonincs fccundic poteftates parallc- 
logrammi AHy funt 6. Et omncsvniprimxrubtriangu- 
\\% ACT>y ^CDy funtvtrorumquedifferentia,nempc4: 
&cmncsfcxcupl:Evniprima:,fubtriangu!is ACDy 'BCDy 
funt 24. Item qualium omnes fccundx poteftatcs AHy 
funt 6: taliumomnes fccundse poteftates ^4 funt 24. 
ErgoomncsfextupliEvniprimfjfubtriangulis ACDyBCD, 
func jqualcs, omnibus fecundis poteftatibus Ai\ 
Quod&c. 

Dico fub triangulis ACDy BCDy omnes duodecuplas 
bipnmas, arquales elfcpomnibus tcrtijs poteftatibusparal- 
lelogrammi A^B. 

Demonjlr.i. 

Quoniam aggregatumexbiprimis KMN, 0^2^, eft 

arqualeduptetertiae poteftaci AX, dcmpta dup!a vnife- 

cunda KlM (idcft,dcmptodup!o produdo fubpotcfta- 

tibus, prima AX, &fccunda LM). Oftendctur fimilitcr 

\ t fupra, quod omnes biprima^ fub triangulis ACDy BCD, 

funt 
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funt ^equales omnibus tertijs poteftatibus parallclogram* 
mi AH^ dcmptis omnibus vnifccundis fub poteftatibus 
primis ciufdem AH^ & fub fecundis vtrorumque trian- 
gulorum lEC^ DEH. 

Qualium autcm omncs fccundx poteftates trianguli 
lECy funtvnitas:talium omnes fecund^ poteftates pa« 
rallclogrammi funt 5: idcoqucqualiumomnes vnifccun- 
dsefubparallelogrammo AE^ &fub triangulo lEC^ ftint 
funt vnitas; talium omncs terti^epoteftatcs parallelogram 
mi AE^ funt 3. &qualiuni omnes vnifccundac fub pa- 
rallclogrammo c^//, & fub vtrifque triangulis lEC^ 
DEHy funti: talium omnestcrria?potcftatcs z^H^ funt 
5: & omncs biprim^e fub triangulis ACDy "BCDy funt vtro- 
rumque difrercnria, ncmpe 4: & omnes duodccupl? bipri- 
ma? fub rriangulis c^CZ), ^CT>y funt^S. irem qualiuni^ 
omnesrerriarpoicftatcs o^//, funt (^:ralium omnes ter- 

ti^e 
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liac potcftatcs ^S, funt 48. Ergo omncs duodecuplx bi- 

primx,fubiriangulis ACD, ^BCDy (unt^qualcs omnibus 

tertijs potcftatibus A^B. Quod &c. 
i Dicofub triangulis ACD, BCD, omnes c^oplas trife- 
^ cundas,iequaleseire,omnibus quintis poteftatibus paral- 

lclogrammi AB. 

Demon[ir. 3. 

' Quoniam aggrcgatum ex trifecundfs K M^, OPl{j^ 
eft cequalc dupl^e quintar potcftari KLj dempta quadru- 
pla trilccunda AX/Wjaddicaduplavniquarta/CL^kr.often- 
detur fimiliter vt fupra, quod omnes trifccundar fub trian- 
oulis ACT>^ jBCP, funtasqualcsomnibusquintis potcfta- 
' ribusparallelogrammi ^/73 demptisomnibusduplistrife- 
' f undisjfub poteftatibus tertijs &lubfecundis vtro- 
' lumquetriangulorum /£C, D£iHy additis oranibus vni- 
quartis fubpotcftatibus primis AH, &fub quartis vtro- 
rumque triangulorum lBCyT>EH. 

Qjalium autcm omncs fecundce poteftatcs trianguli 
/£C, funt 5: taliumomnesfecundaepoteftatesparallelo- 
grammi AE^ funt 1 5 Jdeoquequalium omnes tr fecun- 
dazfubtcrtijspotcftatibusparallclogrammi AEy &fubfe- 
cundistrianguli lEC, lunt 5: taliumomnesquinta:pote- 
ftatcsparallclogrammi AE^ funt 15: atquetaliumomncs 
duplcetrifecund^fub AE, & fub /£C, lunt 10: atquc. 
difterentia vtrarumque, eft 5 . 

Rurfum,qualium omncs quarta: poteftatcs trianguli 
/£C, funr 3; talium omnes quartse potcftaiCs AE^ func 
, ' Z.Z 15- 
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f 5 • idcoquc qualium omnes vniquartae , fub pritnis , AEi 

&qiiintis lEC poteftatibus , funt S: talium omncsquinta: 
poteftatcs A£y funt 15. fcd talium oftenfa? funt omacs 
quintx AEy demptis omnibus duplistrifccundis, /ub/^> 
&fub /£C, efle 5: ergoadditisomnibusyaiquaros> hi) 
jiEy & fub lECy funt 8. 

Scdqualiumomncsquinta: AEyCunt r 5: talium omncs 
quintae funt 30; & oranesquintic AHy dcmpcisorn- 
nibus duplis trifccundis, fub ^/y, & fub vtrifque /EC^ 
DEHy additifque omnibus vniquartis,fub jiHj & fub 
vtrifquc lECy DEHy funt i5;ncmpe omncs trifccundj, 
fubtriangulis ACDj XCDy funt 16: & omncs d^opte iri- 
ibcundcefubijfdemjfunt p5o. ^qualium bmncs quintj? 
poicftatcs AHy funt 30: talium omnes quinta? potcfta- 
icsA^By funtp^o. Ergo omncs 5opl^e trifccund^ , fub 
triangulis ACDy 7^CT>y funt :^quales, omnibus cjumtis 
^..^^'^^potcttatibusparallclogrammi ^[ Qtiod&c. QaareSfc» 
^ His 

t 

I 
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His (Umonjlratis ,co^itahamfipolpm ali4(]Uitdratm'4€ inue- 
fiiri ex imentis confpojiu , in quas infynis aliqwt refblnasur; 
4p$€madmo(ium in trtanguUy paraholam Archimedes refoluit, Et 
ijUtefHi prtmum dc omnihus figtffis» m quthus ordtnat^ ad bafm» 
Jfunt omnes poteflates ahfif[arum,prim^,fecttnde> terti^ , (^eU^ 
inceps in tnfniium : cptas ex demonjhratis d Cauallerio loco ct^ 
tatOfdeprehendeham ejje inferieharmonica naturali ah ^nitate: 
earumque fumm^ni demonflraui excrefcere tn infinitum, in pr.c- 
fattoneadmeum Ithellum, cuititidus , ^0Ui€ Quadratur^ Ari' 
thmetic£> feu de ^dditione FraElorum . 

Detnde tentaut , f poffent in Tmamcolligifummamf^ur^e, in 
(juibus ordinave ad bafmy Junt ahfcifftt prim^ , producli fJ? 
prtmis ahfetfeis, refduartm potejlatthus omnijariam > idefty 
ahftjpe prtm<€, uniprtm^ , ^nifecund^, ^nitertt^, ^niquart^, 
deinceps tn injinJtumujuas colltgere mthifuccefsitj^lictter,^ 
ictjuales inuemre parallelo£rammoyCt»ftsad eamdem bafm ordi-- 
nat^yfetnt omnes tot^-^ ut poteft factle collt^t ex feipra demon- 
ftratis ,^ex ij.p, ^ou. ^adr, r^S^*- 

Item f pojpnt colltgi fi^ur^y in quihus ordinat^ ad hafm Junt 
ahftfft fecund^ , produfii fuh ahfetfeis fectmdis , gT* refdua- 
rum poteftatthus omntfariam , ideft > ahfctjfa fecuruU , htprim^» 
hifecundit,hiterti^>hi(juart^y!^ detnceps tn tnfinitum: cjuas ettam 
colltgere mthtftccefett , (gT* ccquales inttenire trtojigido , cmus o)-- 
dinat^e fent omnes chfetjfe , patet ex Jhpra demonjhatts , ^ 
ex S.i.T^ou, ^adr. 

Etgeruraluer tnuenifiguramJn tjua ordinat^ fitnt omnes po^ 
teftates ahfetjfarum , (g^ deinceps omnes figtiras, in ftthtis ordi* 

Z 1 2 natx 
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nat^ fmt produci^filf ijfdon poteflatibus abjctjjarum , fuh rC" 
Jldnartimpotejiatibus ommfariam ,Jimula££re£arafy*ei]tiales ef" 
fe JigHr^, in qua ordinat^yjitnt omnes potefiates ahfctffarum or^ 
dtnis proxime infcrims. l^erhi ffratia yomftes ahfctjfastertiasp 
mdditis omnibus triprimis, omnihus trifecundis , omnihtis triier^ 
tijs , ahjjcjue omnihus tricjuotisy ejje ccquales , omnihus ahjctfsis Je- 
cundis. Itemomncs ahjcijfas qtMTtas yodditis ommhtis qiMdri' 
primis,omnihuscjuadriJecundis , omnihus quadritertijs y omni" 
tus tfuadricjuartisyalifjquc omnihus cjuadriquotisi^ejp itquales om^ 
^jihus ahjcipis tertijs , cjuod itagencralttei' ^t enurtciatum eji, ^ 
exjtipra demofjjlratts, (^ex y. 3. ^ou.^uadr. potejl manU 
fejlari. , ^^ym\W 

Ipfam interim accefstoncm, quam (jeometri^ IndiitifAilium 
feceram,pr*€teriut : njeritus eorum autho)'itatem, qni faljltm pu^ 
tant [iippojitum , omnes reElas pgttrtc plan^ infuntas , ipjam cjje 
Jigttram planam: non cptafi hanc Jecjue^is partem ; fid iltam epsafi 
Tion prorfis induhtam deuitatis : tentandi animo , fi poffan de- 
7mmeamdemindiuifthilium methodum , auc altam xcjHit^aleti" 
tem nouis , ^ tnduhijs pi'orfus conjlittiere ftmdamentis r 

Adechantcts dcindc ac Aduftcis hucttfcjtie imperfeclis occupa- 
tus lucuhraticnihuSy in eascjuandocjue ueni demonjhandaru con- 
clufonum angttftaSi^ut per ojnnijariam hec nofhra clementa,no- 
uorum ifuJtoerem argttmentm$m • qutc prittatis tradita fcriptis 
delitefcchantynon inculta foliim, fed^ita perperam pofita, ut 
{juaf ffccialta Lemmataqtiortimdam madoemattim , non uale' 
rent ad aliud • Animaduerteham etiam mc non pojfe mtiltum in 
Mechanias profccre , tjuas Ithraliter profteor 5 ntji ex a/herfvre 
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Teometriay cjuam quahucujqne ab Eucltde , ' Apollonio , alijfjtie 
ojleriorihtis traditaejfet . 

^tiperrimc hoc ami0yAdm.2{.P.Fr.Stcphams de An^elis k" 
uattus ,met*s c$ndtJiipulus,deindtutfhtltumPr^ceptorts nojhri 
Geo772ctria cmnium optimc meritus >cuius intelleElus copiam,^ 
^licitatem, nuncjuam fattsdme cpmendari^pojje njerhts exifli* 
mo,mittchat ad me Ithellum Jittm D.e Jfifnitis Paraholis (^c. le- 
^endnm : cutus ex erudttione mirahtli , melior , r^egctior /i- 
£lus Geometrai ma%imumhocemolumentumpercepi:a/tpr^ete' 
ritafludia reuertcrentur tn mentem; ordinemcjuey inter plura de^* 
inceps inuenta ,poJiularent, ^ tllttdtandemmthi,opinor , Juc^ 
cefsijfc f<cliciter , qtiod dttodecim ante annos defderaueram : ijs 
ftiam, quihtts detiincior , Afechantcortim pttdtorum ohligatto- 
nihus oporfumtm .Juper qtia mca opinione, P^ir Eiccellentifsimey 
htfce IttcuhrationthtispcrleFlisi (ptatenus oportuerit adcor- 
YeEHonemnotatts : ttiamfm€erarnet4xGr<>garis»poflulof ^ rx- 
PClIo fententiam . Vale. 
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FOm. 
FO.a. FOj. 
FO.a%. FO.ar. F0.rz» 
FO.ai, FO,air, FO.arx. FOjri. 
FO.a^ FO.air. FO,air%. FO.ar$. FOjt/^. 

Taln^la SHhfiAdratnrarum. 

FO.U. 
FO.a. FO.r. 
FO,ai. FO.zar. FO.rx. 
FO.as. FO.jair. FO.iari. FO.ri. 
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Tahula ^adraturarum . 

FO.U. 
FO.za. FO.ir. 
F0.$a2. FO.Car. FO.in] 
FO.^ai. FO.iiair. FO.iiarx. FO.^r}. ( 
fO.544. FO.zoajr. FO.ioairi. FO.ioar^. FO.y^ 
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Sfumatiirintcr Iineas,vnn qua^libet quami- 
titas 5 qua?, Rationalis, dicetur. 
Et exponatur quitdam reda linea > rationalt 
a qualis, qUcT dicctur, Tota : 

3. Sitquedatapofitionejqua^diceturjBaris. 

4. Eiufqne alterum extremorum punciorum , dicetur, 
Finis abfcjflarum . 

5. Alterum,Finisrefiduarnm. 

6. Et ab vnoquoque pundo in bafi fumpto, vfque ad 
finem abfcifTaru m , quatenus ipfa bafis extcndicur , quanti- 
tasdicetur Abfcifla. 

7. Ideoque tota dicetur etiam, Mnxima abfciflarum. 

8. Itcm ab vncqucquepunCto inbafilumptOjvfque 
adfinem refiduarum, quatenusbafis extendirur^ quantiras 
diceturRefidua. 

9. Ideo- 
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9. Ideoquc cora dicecur cciam^ Maxima refiduarum. 
I o. Super bafi defcnbarur quadrarum: & ab vno quo- 
liber puntflo in bali fumpro, re^aa ducarur, vfque ad oppo 
fitum larus, rcliquislareribus quadrari parallela : qiwe dia- 
tur,Ordinarainquadraro . 

1 1. Qu.TcumfirarqualisrarionaisSirotf^diccrurJRj. 
tionalis , & Tora, & Maxima abfcilfai um , & Maxima rc- 
fiduarum • 

1 2. Et quadrarum , pcr fuas ordinaras exrcnfum , di- 
cerur, Forma omncsraricnaIes,& Forma omnes totx. Sc 
fignificabirurcharactcribus FO.uy & fO.t. 

1 3. Immo quoniam roraeft a:qualis rarionali , & rcli- 
quar omncs poreftares ror^ , funr inrcr fc,oC rarionali sequa- 
les: ordinara in quadraro dicerur eriam , Tora fccunda^, 
Tora tcrria, Tota quarta , &deinceps. 4^ 

1 4. Er quadrarum, diccrur,Forma omnes rorar fccun- 
da:, Formaomnes rora rcrti<r, Formaomncstorx quarrc. 
sprifque fignificabirur characl:eribus, FO.ti^ FO.tjy 
FOj^. &licdcinccps. 

15. AfineabfciflarumduvJadiamerer quadrari, facic 
fcroiquadrarum rriangulum :cuius ab vnoquolibcr pun- 
0:0 in bafi fump ro rccla ducarur, vfquc ad pra^diclam dia- 
mcrrum , alreri larcri parallela ,qu.tdiccrur, Ordinacain-» 
trian^ulo. 

1 5. Qua: cum fir a:qualis abfcifTa:, dicerur, Abfcifla. 

17. Ipfumquc rnangulum pcr fuas ordinaras cxrcn- 
fum, dicerur, Forma omncs ablcilfa:. & fignificabirur cha- 
t^aaCyF0.a. ' "18. Si- 
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i8. Similitcr a fine refiduarum duda diameter qua^ 

drati, facit feraiquadratum triangulum; cuius vnaquclibec 

ordinata^ cum fit ^qualis refidus , dicetur Rcfidua • 
19« Etperordinatas redduasextenfum triangulunv> 

dicetur,Forma omnes refidu^. & fignificabitur chara- 

iaerc, FO.r. 

ao. Si fuper bafi conclpiatur figura extcnfa nonnifi 
per ordinatasin quadrato:fcdinqua, vnaquorlibet ordi- 
nata, eftabfciffafecunda, dicctur, Forma orancs abfciflaj 
fccundar. &fignificabicur charaderc FO.ai. 

1 1 . Iccm, in qua,vnaquxlibct ordinata , eft vniprima^, 
dicetur, Forma omnes vniprim^. 8c fignificabicur cha- 
raiSerc, FO,ar. 

^2. Etin qua,vnaqua:libetordinata,cft refiduafecun- 
da,dicetur Forma omnesrefidu^fecund^« & fignifica- 
bitur charadlere , F0.r2. 

23. Et gcneralitcr, fi fuper bafi concipiatur figura, ex- 
tenfa non nifi pcr ordinatas in quadrato: & in qua,vnaquc- 
libetordinata^eftaffumpraqurtdam in tabula proportio- 
naliura:dicetur,Formaomnes cales proporcionalcs. apco- 
que fignificabicur charadere. vcForma omnes abfcifl.^ 
tcrcia?, FO.ay. Formaomnesbiprimf, FO.ain Formio 
omnesvnifi^cundae, FO.ari: Forma omnes refiduic ter- 
tiXy FOji. &ficdeinceps. 

24. Icaqueadinftar cabulx proportionalium, &fpc- 
cierum,aliacabula ordinabicur formarum, qua: dicecur, 
Formofa. 

Aaa 25. QuoJ 
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25. Quodfi vna qii^Iibct ordinara iaforfiii> cft aC- 
fumpta qusedam in rabula nominum : dicecur, Forma om- 
nes rotuplae tales proportionales , aptoque fignificabitur 
charadere. vt, Forma omnesduplar vniprimr, FO,im\ 
Fomia omnes triptebiprim^se, FO.jair: Formaomncs 
triplarvnifecund^e, FO.iari. &ficdcinccps. 

z6. Idcoqueadinftartabulcenominum,&fubquaJra« 
tricum, alia rabula ordinabitur,qU5edicetur> Tabula (ub- 
quadraturarum • 

i 7. In qua digcftcX formi^,dicontur,SubqLiadrarurar. 

28. Item adinftar tabuteqiiadratricum , aha labuk 
■ordinabitur,qu^edicetur, TabuIaQuadrarurarum . 

2 p. I" digcftce formar, dicenrur, Quadrarura^ 

3 o, Denique fi vnaqua^Iibr ordinara, in forma , eft af- 
fumprc^proporrionalis mulripla, vel fubmulripla , vel mul- 
tiplar fubmulripla : dicerur, Forma omnes toruplxj tales 
proportionafcsjvel fubtotupte, vcl totuplarum fubtotu- 
pKt . aptifquc fignificabitur characlcribus . vt Forma ooi- 
lies quinruplx bircrtia?, FO.^airy, &Forma omncsbi- 
primefubtripl^e, FO.air(^): &Formaomnes quadrupU 
triquarrc^fubfeprular, FO.^a^r^(j). &ficdeinceps. 

5 I. Sibafis diuifa fuerir inparrcs a?quales;<JuAjequc 
fuerinrperextrema&media diuifionum punsfia parallcU 
or Jmarx in forma; & fuper partibusbafis ajqualibus, mtcr 
parallclascomplctafucrint parallclogramma maxima in- 
tjra formam iacentia : figura cx parallelogramfnis compo- 
lita, dicccur, Infcripta form.^ . 

j2.Quod 
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3 2. Quodfi complctafuerinc parallcl ogramma mmi- 
ma formam mcludcntia: figura ex parallel ogrammis com-i 
pofita,dicctur,Circumfcripta forma?. f 

3j . Figuravero ex toc parallelogrammis , (juotfunc 
Qrdinata'perpunc):adiuifionum,& ad ipfas ordinatasia^ 
centibus compofita, dicetur, Adfcriptaformg. 

5 4. Speciofa, & Formofa tabuiis congruentibus,Mat 
fie, &Form^e, quarum in vtrilque funt e^dem appellatio- 
nes , & ijdem charadleres, dicentur inuicem Homonymg, 

5 5 . Item Homonymarum a^qucmultiplices , diccntur 
Homonymx, 

3 6. Ideoquc etiam in duabus fubquadratricum,& fub- 
quadraturarum, aut quadratricum , & quadraturarum ta« 
bulis, MalTa:, & Form;r,dicentur Homonymf. 
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Thtor. I . ?r(?/?. I . 

TAbuIx foTmofx primi laieris, in rertia, quarra , & rc- 
liquis deinccps formis, in fingulisordinatje, pro 
maioribus abfciflis, funt ma!ores;& promaxima abfcifla- 
f um, eft maxima, & ipfi bafi arqualis : item vltimi lateris /n 
formisjpromaioribusrefiduisjfuntmaiores; &pro ma* 
xima reCduarunii eft maxima, & ipfi bafi ajqualis* 

^L. 1 1 _ 

* 

Efto bafis Al{: in qua finis abfciflarum, finis refiJua- 
lum, R. &fintabfcifli> A3 tninoTyAC maior^ .4^ma- 
xima; & refidux> minor> A^B maior> maxima: & 
efto in primo latere tabulas formof^e, tcrtia FOm-^ & \ru 
vltimo, tcrtia F0j2. 

Dico in f 0.42>ordinatampcr C, maiorem efleordi- 
tiata per & per maximam efle ordinatarum> & gquar 
lem ipfi c^2{. ' 

Item in FO.riy ordinatamper y, maioremefle ordi- 
nata per C: &per A^ maximamefle x>rdinatarum ^ & 
^ualem ipfi 

TDemenJlr^ 

I Bafis ^> ad ordinatam per "By dupIjcatanLr 
def.toh I habet rationcm eius> quam habct ad A3: & ad or- 
i dinacam pcr C; dup hcatam eius ^ quam habec ad 
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I AC: & ad ordinatam per duplicatam sequali- 
I tatis,quamhabctad JR. Sed RA ad ^S, ma- 
ior cft,quam vt ad -r4C: & ad ACy maior , quam 
4. !• vt arqualis ad AI^ Ergo ad ordinatam pcr S,raa.» 
iorcft,quamvtad ordinatamper C; & ad ordi- 
natampcfr C, maior,quam vtad ordinatam per 
R. Ergo ordinam per minoreft,quam qure 
per C: &vtralfbet per &!pcr C, minor,quini 
quae per ^ & ordinata per Ry cft maxima; ad 
qudm /J^ duplicatam habct rationem a*qualita- 
tis, nempeeamdcm habeta^qualicatis rationenij: 
crgo pcr R ordinata,eft ipfi >42^aequalis. Qyse &c. 
Simih" prorfus dcmonftratione ^endetur, quod in-r 
FO.ri, ordinata pcr maior cft,quamqu.^ per C: & 
vtralibctpcr 2?, & per C, minor, quam qua^ per Ai Sc 
pcr A ordinatacft maxima^&ipfi AR squalis. Qug&c. 
Quarc &c. 



IN ringuIisrormofctabuIc,nonprimi,nec vltimi late- 
r;s fonnis, ordinat jru n maxima , minor eft, quim to- 
ta:&facitabfciflaifi, Sc rcfiduam , proportionalcs, vt nu- 
mcri , a quibus ipfa forma denominatur : rcliquarum vcr6 
cx Yiralibct partc, propior maximg rcmociore maior eft. 



Dici 
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Hyfoth. 

C D 3 B F 

Ai — — 1 — 1 — 1 — ■■ .1 — 1— * — ^ — iR 



Eftobafis c^i?, mqiia,finisabfcinarum, -4; finis refi- 
duarum R: &cftoin tabula formofa,non in pritno^ncc in 
vlcirao latere, forma omnes bitcrtix, quam denominant 
numeri 2,3, cuius chara^cr, FO.azri. &diuidatur aR 
in vcabfcjfla ABy adrcflduam S^fit proportiona//s, 
ficut 2 ad j: fumanturqueaIiacabfcifliminores,quam-» 
"BAy nempc DA^ CA: & aliae refidu^E romorcs, qiiam Si?, 
nempe FR, 

Dico in FO.airiy ordinatam per S minoremelfo, 
quam AR^ &ordinatarum efleraaximam: &ordinacanL» 
per Dy maioreraefle,quamqucEper C: &ordinatamper 
Ey maiorcm,quamqu.Tper 

TDemonjir, 

6. f. \ Rationalis «, ad airiy rationem habet compo- 
dcf.z.p. fitam ex rationibus, « ad <i2, & w ad rj: ideft 
compofitam cx duplicata ad & ex triplicata 
u ad r. Eftautem AR ad ABy vt w ad a\ & 
f ad S^, vt w ad r: & ad ordinatam per S, eft vt 
J w ad airi. Ergo ^i? ad ordinatam per By ha- 
j bet rationem compofitam cx rationibus , duplica- 
! ra AR ad ABy atque triplicata AR ad ivS. Sed 
I AR ad ^», 8c /^i? ad ii^, funtmaiorisincqua- 

licatis 
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tatis rationes, quae tufn multiplicatae, tum conipofic^, fi- 
:iunc maiorisinxqualitatisrationcm. Qjare maior 
:ft , quam ordinata per Quod&c. 



I 
I 



I 

I 

/ 1^5- 5 
I 5- P- 



Simili prorfus Jcmonftratione oftcndetur,quod 
I ordinara per D ad c.^^^, habec rationem com- 
pofitamexduplicata AD ad AKy &cx rriplicata 
Dii ad AR. Ergocx xquali,ordinataper P ad 
ordinatam per rationem habcc compolicairL. 
exduplicata DA ad ^», & ex triphcata Oii ad 
RB. Suntautem DAy A^By^BT^, RD, quacuor 
arithmeticedifpofitar, quarum fccunda AB aJ 
tertiam Si?eftvc 2 ad j. Ergo duplicata ratio 
.DA ad AB minor eft, quaQ> triplicara Sii ad 
I T^. Habctautemfccundapotcftas D^ad fccun- 
jdam s^B dupl^catamrationem eius ,quam ha- 
" bet D^ad AB\ &tertiapoteftas BR ad certiam 
2(D triplicatam BR ad . Ergo fecunda po- 
tdlas T>A ad fccundam AB minoreft, quamvc 
tertia porcftas BR ad tertiam i?D: ergoprodu- 
dusfubfccundapoteftatc .4D, &fub tertia D2^ 
I minorcftproduito/ubfccunda .rf», &fubtertia 
8.5. \ b1{. Sedproduausfubfccundapotcftate cx/Z>, 
I &fubtertia D7^,ad produiiumfub fccunda ABj 
j & fub tertia compofitam hobet ex rationi- 
' busfccundJtpoteftatis AD ad fecundam ABy &l 
terti^ D^ adterriam Si?: nempc compofiram^ 
cx duphcara c^D ad AB, 6C triphcata DT^ad 
^ RB: 
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1 1 .. 
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Ai — — — 1 — 1 — 1—1. 1 — 1— ^ — ti^ii? 

nempeeamdemquamordmaraper Z>ad ordinatam 
perS . Ergo,ordmata per D, minoreftquam ordinata^ 
pcr Similitervoftendetur, quod & ordinat^e per Ey per 
C, per fingulx funt minorcs,quamordinata per 
Ergo ordinata per » cft maxima. Quod &c. 

Simili prorfus demonftratione oftendetur, quod 
ordinataper C adordinatamper cft vtpro- 
duiflusfub fecunda poteftatc AC^ & fub terticu 
C^, ad produdlum fubfecunda ADy &fub terria 
j DRi & quod rationem habet compofitam exra- 
tionibus,duplicata CA ad AVy & triplicata C2^ 
adiJX>. Suntautem ACy C^, :^,quatuor 
ariihmetice difpofit^ quarum T>A maior eft, 
quam ACi &funtduonumeri 2 ad 3, vt ad 
2^^, maiorcm fcilicet rarioncm habcntes , quam 
ad DK Ergo maior cft DA ad -/4C dupli- 
cataratio,quam CR ad i?© triplicata : & e con- 
uerfo minor eft CA ad o^D duplicata, quain-» 
D2^ad ^C tripIicata:&minor eft fecundapotc- 
ftas C^ ad fecundam ADy quam vtpotcftas tcr- 
tia Z)^ad tcrtiam I^: &miiioreftproduvausfub 
fecunda poteftate ACy & fub tertia CRy quanu 
fubfecuadapotcftate v^P, & fubtertia D:F^ & 

minor 



I 

T 
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Kiinor eft ordinata per C, quam ordinata per D. Smii- 
liter oftendctur, quod ordmata pcr Fy minor eft,quam or-. 
dinatapcr£. Quod&c- Y 
Quare &c. I 



ProhL I. Prof^l... 

FOrma: propofitaf,indata bafi, perdatum punciuraj 
ordinatam inuenire. 

ffypotk 

C 



A 2 

Efto propofita FO.ioairSi fuper data bafi AMy iru 
,quadatumpun<5tum 3. 

Oportetpcr 2? ordinataminucnire. 

Conflr, 

Data AK^ datifque A*By »2^, inucniatur rcAa ^C, ad 
quam ARy rationcm hnbct compofitam ex datis rationi- 
bus, A'J{jid A"B duplicata, AR ad ^i^triplicata,&cxra- 
tioncfubdccupIa:&:colJocetur SC perpcndicularirer ad 
AK. 

Dico 2C, cffcordinacamper in FO.ioair^. 

Bbb De- 
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1 

1 























Dem$nflr. 

Ratio ad SC, componicur cx rarfonlbus AK acf 
duplicata, ad tnplicata , & cx fubdccuph: 
fcd eft ui AB, cft 4; eft r: Ergo 2d 2?C 
ratio,componiturexrarionibus « ad ^ duplicaca, w ad r 
triplicata,&cx (ubdecupla: fed ex ijfdem componitur u 
ad lo^irj.crgo^i? ad ;5Ceftvti# «d lo^zrj: Scd 
eft «: crgo »C, cft lo^irj: crgo »C eft ordinara pcr 
in/^aio^irj. Quod&c. 
Quare&c. 



s 



Vper data bafi propofit» formar primi" vel vltimi late- 
ns, pcr datum numcrum diuifiiin p(artes «qualcs,tres 
figurasex parallclogrammis defcribene, infcnptam , cir- 
cumfcriptam, &adfcriptam:& ollendere , qudd infcripta 
&adlcriptalunt.-EquaIcs; &qu6d circumfcnpra ixccdit 
infcnptam quaniitateredanguli fub maxima ordinata , & 
liib vna a:qu:;!ium bafispartium. 

Hy. 



»1 
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) Efto propofits forcns data baGs ^> diuiTam datas 
partcs arqualcs AC^ CDj 

' Oporcctd€icribere4flrcriptam|drcucnrcriptacQ>5<ad-^ 
{cripiam. • r . j* 4 

AfrumaturaltcrtimextreiDonim ^^9» nempe 
pcrquodordinatacft maxima: &inucniantur 
ordmata! per data puncla C, D, tc&x CE^ 
DFy "BG: &complcantur parallclogramma £Z>, 

I F^y AEy CFy DG . 

Dico inrcriptam cllc cx D£, 3F: circumfcriptam,cx 
AEj CFy T>G\ adfcriptam, ex AEy CF, vcl ex DEy HFi 
&adfcriptam infcripta: arqualem eflc:& circumfciiptam 
cxccdere infcriptam quantitate re^aanguh DG. 



Bbb 



f . h. 



b. 



A 



1 


F 


y 

/ 











C D-, 



'Demonflf. 

Ordinatarumperomnia pun^Sa, majrima 
eft pcr mimmaper Z>: ergo parallclogram- 
' morum inter ordinatos pcr.D, & 2, intra pro» 
porit3mfarmamiaccntium, maximuracft S/^; 88 
incIudcntiumformam,minimum cft DG: cxce^ 
dit autcm DGy ipfum /'S, fpatio FG. Similiter 
dftendctur , parallelogrammum iftter ordinatas 
perC,55 Z>, infrapropofitam formam iacentiun?, 
ma;K imum eCfc DEi &i includcntium formam, mi- 
nimum eflc CF: excedit autem CF, ipfum DE^ 
fpacio EF. itcmquoniara CE, maxima eft or- 
dinatarumperomnia ^^C punfta; per A ver6nul- 
la eft ordinata : ergo parallelogaramorum , intcr 
ordinatamper C, &eiusparallclamper Ay inclu- 
dcntium formam,minimumeft AE'^ nullum vero 
ert,inrraformara iacentiura. Ergo infcripta eft, 

ex 
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^ef.f^h I D£y^F compofirar&circumrcriptajex A/iy 
i ^f.x^P^ compofjta: & cxcedit clrcumfcripta in- 
fcripfam fpatio cx AE^ EF, FG parallclogram- 
nns compofito . Scd ex AE^ EFy FG compo- 
fitum fpatium parallclogiammo T>G ell asrciualc. 
ergo excedit circumfcripta infcriptam quantita- 
tc DG. Etquoniam CEy DFy funtordinatf per 
diuifionumpuntSa C^ D.quibustotiJcm aJiaccnt 
parallelogramma/vel AEy CFy vcJ DE^ "BF. 
Ergo adfcriptacft cx D£, »/^,,veI ex AEy CF. 
funtautem yfZ:, C/', ipfis 2equalia,cx 
j quibuscomponiturmfcripta. Ergoadlcriptaeft 
( ^equalisinfcriptse. Qua?&c. 
.Quare &c. 



ProbL 3. Prop^ |, 

SVperdatabafipropofira: form^tnon primi DCqiicv!- 
, timi lateris^per datum numerum diuifa in partcs gqua- 
>ks; tres figuras cx parallelogrammis defcribcre, infcri- 
I ptam, circumfcriptam, & adfcriptani: & ollcndcre , quod 
rcircumfcripta exccdit adfcriptam, quantitatc rcaaii^ul: 
iTtaxima ordrnatarurn, & fub vna ctqualium balis par- 
-lium:&quod adfcnpra exceJic infcripran, nonmaiori 
quantitatc. 

Hypotl\ 

Efto propofir^e forma.*dara bafis .-ffl, diuifi in datas 
parres xquales ACy CD, DEy EFyFB: &cfto y^^Hnisab- 
faHarum3& finis reliduarum, Opor- 



ELEMEMTVM 












M 





Oporcet defcribcrc infcrlptam , circumTcrrpcatn , 8l 
adfcripram. j » 

Affumantur numeri dcnominantcs formamj 
propoflram, fccundum quos diuidatur ^3 inpar- 
tes proportionales in vc abfcilfa AGf ad refi- 
duam (7», fic fe habeat,ficut denominantium-» 
a. . numerof um prior ad pofteriorem . ConUat pcr 
h. G pundlum , cflc maximam ordinatam . Inue- 
j niantur per C, D, £, (7, ordmat^ Cf/, 7)/, 
j £Ky GLy FMy & efto MFy minor,quam £K: 
! &compleantur parallclogramma AH, CI, DK^ 
I £LF, AfB, HDy /£, EM, KF. 
Dico inlcriptam QitccxHDy/Ey £M: circumfcriptara 
cx AHy C/yDKy ELFy M^B: adfcriptam cx AH, ClyDKy 
EMy velex HT>y /£, KFy M^B: & circumfcripram ex- 
cedereaJfcriptam, quancicate rcvflanguli ELF: & adfcri- 
ptam cxcedere infcripcam non maiori, quam rcdlanguli 
.£Z.rquantitate. 



d<f.}ih 
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TDemonJhr. 

j , Ordinatarum per omnia SF pun^a, maxima 
eftper nullaper S: ergointcrordinatam per 
F, & parallelam per S,minimum parallelograni- 
morum includentium formam cft MS, ideoque 
ad circumfcripram pcrtincns figuram: nullum ve- 
ro ^ft intra formam iacencium. Item ordinataruai 
j peromnia £F punSta maximacft per (7; &p£r 
Fy minor,quamquarpcr £, eft minima: &intcr 
ordinatas EKy FM minimum parallelograinmo- 
runa incluJentium formam , ell ELF^ & incra.» 
formam iacentium maximum EM^ ideoquc ad 
circumfcripram pertinet ELF-^ ad mfcnpram vz- 
rp EM. SimiIiteroftcndetur,qLK)d DKy ClyAH 
pcrtinentadcircumfcripcam; & HDy lE ad in- 
fcriptam. Quareinfcnptacft cx HDy lEy EMz 
&circumfcripra AH^ CI, DKy ELFy MB. Ec 
quoniam CHy D/, EK, FM func orJina ar , qui- 
busadiacent parallelogramma AHy ClyDKyEMy 
. vd FJDy /£, KFy AIB: manifelhim eftadlcr:- 
pcamex AHy^CI, DKy EMy vcl ex HDy /£, KFy 
M^B compoiiram eftc. Excedit autem circum- 
lcriptaadfcrrpram fpatijs, AHy Hly /a, & cxcel- 
fu ELFy fupra KF-y velfpatijs KLMy MB\ qua? 
I vtralibet funtarqualiuvni redangulo ELF^Q^CZ" 
dit ergo circumfcripra adfcriptam, quantitacc rc- 
(ttanguIi£L/^. Adfcriptavcro exceJicinfcripciai 

fpa- 
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rpatijs AH^ HI^ 1K\ vel fparijs AT/^'^»: qux vtralibet non 
^naiora luiu rectangulo ELF\ exceJit crgo adfcripta in* 
fcripiam,non maioriquantitate, quam fit Quf 8ic 
Quare&c. 









PyoX). 6. 







INuenire numcrum,pcr quem propofit^e formjcdata^ 
bafis diuidatur, vt circumfcripta , & infcripta (int pro- 
pioresa^qualitati, quam in data ratione in^equalitatis . 

Hypoth. 

Eftodatabafis dataqueratio maioris incTqualiiatis 
c ad d. 

Opoicetnumcrum inuenire,perqucm cum diuifa fuc- 
rit & figur^ecircumfcripta&infcripta defcripta^ fue- 
rint, circumfcripta ad infcriptam^minor fir>quam vt c ad d. 

Conflr* 

I Alfumatur quilibet numcrus,per quem diui- 
5. h, j datur & infcripta defcribatur figura £: &in- 
^if. 1 ueniatur quantiias F, sd quam maioreft, 
2. 1 quam vt c ad c—d. AfTigneturetiam, in ipfaS, 
/^3./;. pun^ftum. pcrqaod maxima oidinatarum inue- 
niacur G: &ad G appIiceturquantitasF, vtfiat 
latitudo H: &fumaturipfius // multiplex L, ma- 
iorquamdupla 2': &quocuplex eft L ad Hyt^ 
tusnumeruscfto M. 
Dico A/, cflenumerum ,perquem, cumdiuifa fucrii 
"B-y &figurcecircumfcripta,&infcripta,fuerint defcriptr 

cir- 



5* h. 
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circumfcriptaadinfcriptamminoreft,quam vt (T ad 

Pr^par. 

Qiiotus cft My tora parsipfius S nccfpiatur 
& diuifabafi pernuracrum A/, fit infcript.L» 
figura ^ circumfcripta 2^, adfcripta S. 

TDemonflr. 

2. p. Quoniam S ad cft vt M advniratem, vcl 
vt L ad H: permuiando 55 ad L, cft vc ad 
f' H\ & 2:5 ad L, vt iSsT ad H. Sed 25?^ minor 
cft,quam L: ergo 2?sr, minor eft,quam H\ er- 
goiG^SST re*5tangulum,minuseft revftanguio C7//. 
fed reaangulum GMeft^^cqualcipfi fpatio F: cr- 
goaCJSST, minuseft,quam Z'. Eteft ^ ad ^GSST, 
ratiomaior,quam £ ad Z'. Sed -£ ad ratio, 
maiorcft,quam c ad r~^/: ergo E ad aCJ^T 
ratio,maiorcft,quamcadf — rf.Ertauccm ma- 
ior,quam £: ergo ^ad iGJsT ratio, maior eft, 
quam c ad c — i. Eft autem i? — 5, gqualis ipfi 
(75^: & 5— ^> nonmaioreft,quam 2C75sr: er- 
go K ad -^— ^> maior eft,quam c ad c— ^/: 
ergo,per conucrfionemrationis, i? ad .^, mi- 
' norcft,quam vt c ad Ergo /V/ eft numcrus 
per quem &c. Quod &c. 
Quarc&c. 



5. 



3- i- 



A 



Dfcripta; & forma, funt quafi aquolcs. 

C c c Df- 



6. h. 

5. h, 

67. y. 
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Demonflr. 

Nam daca qualibec inisqualicacis racione, pof- 
func inueniri , circumfcripca formwe , Se in(cripra-r> 
propiores equalicaciieft aucem vcralibec adfcripta, 
j &forma, minor,quamcircumfcripca, &maior, 
I quam infcripca: ergo poceft inueniri adfcripcaad 
formani propior gqualicaci, quam in daca qualibet 
inaequalicacis racione . Quare adfcripca, & forma, 
I funcquafisequales. 



Thtor, 4. Prof. 8. 

ADfcripca cuiufque form^e,ad formam in verticefor- 
mofiB cabul^,eft vc ;i radice numero partium bafis, 
mafla homonyma, ad totam vnicace plus ordmaca, quam 
fic bafis cabuI^K fpcciofa?, ad quam percinec mafla . 

Hypoih. 

Sunco du2B formx, vna m verticc formofar 
icfAih, F0.t4y qux cl\ quadracum ABj alcera FOAoairj, 
fupcreadembafi A2{: inquafinisabfciflirum A^ 
finis refiduarum R, Ecefto AR diuifa in parces 
iequales,mcdiacibus pudis DyEjFyGyHj/: per quar 
ordinacajfinCjin alcera formajteft^ DKyELyFMy 
HO, IPy & in quadraco, finc T>^ Ev^y FS, 
j GT, HXy JT. &fint c^, DL, EM.FN^GO^ 
' HP paralIeIogramma,exquibus componitur ad- 
! fcripca,quievocecur Si A^y D^y ESy FT^ 
I GXf HTyI3 paralIeIogramma«quaIia,inqii?di- 

uiditur 
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A 




D E F G H I 



• • ♦ . r 

uiditurquadratum A^B. Aflumaturctiatnnumerusr^paV- 
tium ^qualum ipfius /l^ &aradice t, mafla O.ioairj, 
au^ad quintam bafim percinet fpeciofe tabul.3e:fumatur- 
que ab eaucm radice r, tota lexta t6. 

Dico ad Sy efle ytt€ ad O.ioairi^ aradice /• 

Demonjlr. 

Quoniam s^^B, ad DKy ratjonem habet compofitam, 
cx duplicata ad ADy & ex triplicata AR ad i?D, & 
cxfubdccupla ; vidclicecproabfcilia vmrate compofi- 
tamcx n ad ax^ &ex ad rj, & cx fubdecupla : ideft, 

Ccc 2 camdcm, 
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camclcm,quam f5 ad 10^2^3, proabfciflTavnirate. fed 
^^ad AKy eftvc ad OA:; ergo ad .4/:, cft vt 
f5 ad io/f2r5,proabfciiravnitatc.Similiter Dl^ad DLy 
eft vt f 5 ad I o42r3 pro abfciftb binario : necnon firailitcr 
pro reliquis abfcilfis numeris. Sunt autemtot parallelo- 
gramma componentia afcriptam J, quot ordinata? per 
pun<5a Dy £y Fy Gy Hy ly totidemque , quoc ipfa punda^: 
& vnitatepauciores, quamnumerus pariium ipfius AB^ 
ncmpetotidem,quotfunt eiufdcm numeri f abfciffiones, 
& aWciJfac. Ergo per homologiam , a?quemuItiplicafo 
vtrimqueantecedentcper f, colledifqueconfequentibus, 
quadratiim c/^S, ad adfcriptam eft vt r, ad 0.1042^3. 
Quod &c. 

Quarc &c. 

Theor,^.Prop,^. 

FOrma omnes multiplx, ad formam omnes fimplas 
eafdcm proportionalcs, fuper cadcm bafi iacentcm, 
cftsquemultipla . 

fjypoth. 

Efto yiforma omnesdupla:: &efto 2 forma omncs 
fimpte eaedcm proportionalcs , fupcr communi bafi la- 
ccntcs. 

Dico A adS duplam cflc. 

Demonflr, 

I Diuifaenimcommunibafij perqucmlibetntj^ 
ief.iob I mcrum,inparicsaquales,ordioateperpunL^adi- 

uifio- 



j'. h, 
31. ^ 
• h. 

33' 3' 
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uifionum im^, dupla? funt ordinatarum per ea- 
dcm pun^ain finguliefingularumr&adiacen- 
;; tia parallclogramma, qux adfcriptas componunt, 
I duplafunr fingula fmgulorum; & fimul omniafi- 
muIomnium:&adfcripta Ay adfcript^ Seftdu- 
pla ; fed adfcripra !5 quafi eft f qualis ad fuam for- 
mam ergo adfcripta /ly quafi eftdupla for- 
ma^ "B: fedfornia A quafi eft arqualis adfcript^e 
A: &funt forma: A^ 2*, quantirates dcterminatc. 
Ergo cy^ ad ^ cft dupla, Quod &c. Quare &c. 
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Theor. 6. Prop. 1 o. 
Mnes quadratura? fupcr cadem bafi conftitutie,funt 
intcr fc xquales . 

TDemonflr, 

Nam adfcripta cciiuslibei quldratur^ , ad for- 
mamin verticcformof^e tabulcC iacentem,eft vc 
1 quadratrixhomonym3,adtotam vnitate plusor- 
I duiatam,quam in quabafi eft quadratrix in fua ta- 
I bula:fed quadratrix ad hiiiufmodi totam, quaG 
eft*^qualis: ergo adfcripta quadraturse, adfor- 
mam in vertice formofe iaccntem,q lafi eft cqua- 
lis : fcd & ad fuam qundraturam quaii cft «qualis: 
crgo quadratura adformam in vcrtJceformof<e 
iaccniem, eft ^qualis. Quareomnes quadratu- 
ra?,cumcidemdctcrrainat.^ formw^fint ccqualcs, 
intcrfefuntoiquales. 



V 



1*^ 

i 
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Theor,j, Prop. 1 1. 

IN vna quafquebafi tabula^ fubquadraturarum , fubqua^ 
draturse funt aequales: & fimul omncs, componum 
quancitacem forma?> in vercice formofk tobula; iacentis. 

Demonflr. 

Nam m vnaquaque bafi tabula? fubquadratu- 
rarum^uadracura^ funt sequemul tiplac. Sed ajqua- 
les , ipfe funt inter fe quadraturse : ergo sequalcs 
eciam funt mter fc fubquadracur^e . 

Deinde in vnaquaqucbafi cabute fubqiiadra- 
I curarum > quocupla d\ quadracura vna vnius , cot 
j funcfubquadracurar:acquetotupIa eftfummaom- 
nium fubquadracurarum, ad vnam tantum . quarc 
fummaomnium fubquadraturarum, vni quadr^ 
tura? eft a»qualis;fed vnaqudibct quadracura^ 
I iequalis cft form^ein vcrcicc formofx cabuheia- 
j cenci . Quarc in vnaquaque bafi tabula? fubqua- 
! draturarum,fummaomnium,iequaIis cft vnifor- 



ic. /;. 
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Forro in TahuU Forwofa, in ipfius formis , pr^ter ea , (jtu in 
efljlola ad ExcellentifsimumCdfsinuyn comm^moratU ex meo 
Ithello ^omrum ^adrdturarum alidtnuem dtio ,<fu^y$c pro 
coromde rccenjcho : altas pnhlicanda cum demonjirattone , fi De* 
us oiium, 'Xflteriorcm forttmam concejferit • 

Vntim de mittilincis an^ulis , (g^ de cornihus formarum ^ 
dc at^ulorum cj^uantitatihus ? ^ideltcet . 

. Sc- 
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Sccunda? bafis fecim Ja 82 peaulcima forma , cft binaii- 
gula, cuiusangulorum finus re^asduplus verfi . tcrcije vc- 
ro, & quartfjac rcliquarum deincepsomnium bafium for- 
mXy prima & vlrima , fccunda & penulcima , func vnicor- 
ncs, &vnant^uljc; quarum finus redus anguIorum,aJ ver- 
fum cocuplus cft, quocus elJ ordo bafis : in tcrcia , criplus; 
in quarca,quadruplus; in quinca quintuplus, &ficdein' 
ccps . reliqua* demum form^e omncs, func bicornes • <^ 
Mterti decentrisgraiiiutumbipartitumiCuitis primapars efi, 
Cuiufquc form'^ in cabula formofa, rcfta linca pcr 
cencrumgrauitacis ordinata, facicparccs bafis reciproce 
proporcionalcs,:ibfci(iam ad refiduam, ficuceius ordinum 
numeri in fua bafi a prima , 6c ab vlnma . Exempli gracia. 
Formaf inquarcabafi ,fc<.unda' criculcima: pcr cenCiUirL» 
ordinaca,facit p^tcsbafis, abfciffam ad refiduam propor- 
tionales , vt 3 ad 2, ordo tnfulcimse ad ordinem fecundwV. 

Secunda pars ejl. In vnaquaque forma, Imca ex ccn- 
tro grauitacis dudla ordmatirti ad bafim , a bafi , & ccncro 
finita,dicecur , Altitudo centralis. lcaque formarum ia 
tabulaformofa, ccncialcs alcicudineshabentreciprocarrLi 
rationcm compofitam ex racionibus numerorum,qui qua- 
dracurasexformisproducunt \ exdire^ilaiacenciuminijf- 
dem bafibus, 6L laceribus cabula: quadracurarum, & ex con- 
uerfa iacentiumin bafibus duplordinacis, & inlaceribus 
vnicacc nunus, quam duplordinacis . Exemplj gracia. Cen- 
tralis alcicudo FO.a^ri. form^ in fcxca bafi ccrci^ quincul* 
timse, ad ccntralem alcicudmcm FO,a 5 r5, forma^ in nona 

bafi 
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bafi /eptimx quartulcirase , rationeni habec compoficam 
exrationibus numcrorum quadraturas produccntiu n ex 
formis; ex rationc, inquam, 105, ccrcij quinculcimi in rcxca 
bafijad 84o,(eptimumquartuItimum innonabafi;&cx ra- 
tione 552715, tredecimi rcptimLiIcirai in decima OvSauii 
bafi>ad ^4S5y quintum nonultimum in duodeciraa bafi. 

Fel aliter. Altitudines ccntralcs formarum in tabuli» 
^ormofaiacentium> rationcm habcnt compo(itam,cua] cx 
rationc earumdcm formarum conuerfa,tum etiam exdire- 
(%a aliarum in cadem tabula in baiibus duplordinatis y &i in 
bteribus vxiitate minus quam duplordinatis. Excmpli 
. gratia. Ccntralis alticudo FO.a^riy ad ccncralem 
F0.air6y rationcm habet compolitam, ex 
rationibus, f0.^3r5, ad FO.a^rz-^Si 
FO.aHr/\.y ad FO a6rii. 

4^ ^ ^ 



DEO GRATIAS. 



